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Abstract: High-sensitivity interferometers are one of the basic tools for precision measurement, and

their sensitivity is limited by their shot noise limit (SNL), which is determined by vacuum fluctua-

tions of the probe field. The quantum interferometer with novel structures can break the SNL and

measure the weak signals, such as the direct observation of gravity wave signal. Combining classical

interferometers and the optical parametric amplifier (OPA) can enhance the signal; meanwhile, the

quantum noise is kept at the vacuum level, so that the sensitivity of the nonlinear interferometer

beyond the SNL can be achieved. By analyzing in detail the influence of system parameters on the

precision of quantum metrology, including the intensity of optical fields for phase sensing, the gain

factor of OPA, and the losses inside and outside the interferometers, the application conditions of

high-sensitivity nonlinear quantum interferometers are obtained. Quantum interferometer-based

OPAs provide the direct references for the practical development of quantum precise measurement.

Keywords: quantum metrology; interferometer; optical parametric amplifier; shot noise limit

1. Introduction

Metrology underpins quantitative science, and the improvement of measurement
precision leads not only to extensive detailed knowledge, but also to a new fundamental
understanding of nature. The optical interferometer is one of the most powerful metrology
tools, and the phase change of light in the interferometer is quite sensitive to a variety
of variances of physical quantities influencing the optical path, such as biological sam-
ples [1] continuous force, and displacement [2]. Interferometers play a key role in precision
measurements for gravitational waves [3–5], gravity fields [6,7], imaging [8], and so on.
The measurement precision for a classical optical device is limited by the shot noise limit
(SNL): δSNL = 1/

√
N [9] (where N is the photon number of the phase-sensitive field),

because of the vacuum fluctuation of quantized electromagnetic field. The ultimate limit
of sensitivity is named as the Heisenberg limit (HL): δHL = 1/N [10], which is given by
Heisenberg uncertainty in quantum mechanics. Quantum resources can be employed to
improve the measurement precision to break through the classical limit SNL [11,12] and
approach the quantum limit HL [13–15].

Since a quantum state is proposed to break the limit of shot noise in 1981 [16], many
optical systems [17–23] have proved that quantum states, such as squeezed state and entan-
gled states, can greatly improve the measurement precision at a given photon number [24].
On the other hand, interferometers with novel structures can provide an alternative way to
achieve high-precision phase estimation [25]. The optical parametric amplifier (OPA) is a
stable solid quantum device to be applied for realizing metrology, because of both favorable
features of shot noise squeezing and signal amplification [26–30]. Parametric processing
has been widely adopted in the construction of quantum interferometers [31–35] and sev-
eral groups have also demonstrated the quantum-enhanced measurement of microscopic
cantilever displacement based on utilizing truncated SU(1,1) interferometers [36]. Very
recently, significant progress has been made with quantum interferometers [37–40].
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In this study, we investigate two kinds of quantum-interferometer-based parametric
amplification. On one hand, a quantum Michelson interferometer (QMI) consisting of
OPA, which is a nonlinear element to split and recombine the signal field, can enhance
the signal, and the quantum noise is kept at the vacuum level, so that the sensitivity
beyond the SNL is achieved. On the other hand, a quantum Mach–Zehnder interferometer
(QMZI) can be constructed by placing two OPAs placed in two arms of the interferometer,
respectively. The squeezed state generated by the OPAs within the QMZI was directly
used as a phase-sensitive quantum state. In realistic situations, the measurement system
is rarely isolated and is inevitably affected by the environment. The losses are one of
the main obstacles to the realization of quantum measurement [30]. We compare and
analyze the relationship between measurement sensitivity and system parameters of the
two kinds of quantum interferometers, including the intensity of optical fields for phase
sensing, the gain factor of OPA, and the losses inside and outside the interferometers.
The quantum interferometer not only squeezes shot noise but also amplifies the phase-
sensing intensity to realize the sensitivity beyond the SNL. Through analyzing in detail the
influence of system parameters on the precision of quantum metrology, the experimental
parameters for the further optimization of the performance of high-sensitivity nonlinear
quantum interferometers are obtained. Our result provides direct reference for the practical
development of high precision quantum metrology.

2. Quantum Interferometers

An optical field can be represented by the annihilation operator â in quantum me-
chanics. The orthogonal amplitude and phase operators can be represented in terms of the
creation and annihilation operators, as x̂ =

(

â + â†
)

and p̂ = i
(

â† − â
)

, x̂ and p̂ satisfy the
commutation relations [x̂, p̂] = i. Usually, a coherent state or a vacuum state is a minimum
uncertainty state, and the variances of the two quadrature components are equal:

〈

∆
2 x̂
〉

=
〈

∆
2 p̂

〉

= 1. The linear Michelson interferometer (LMI) and QMI based on OPA are shown
in Figure 1a,b. A 50:50 beam splitter (BS) is used for wave splitting and wave recombination,
and the two arms of the interferometer are equal in optical path and perpendicular to each
other in LMI. The two polarization beam splitters (PBS1 and PBS2) and the nondegenerate
optical parametric amplifier (OPA) are equivalent to the 50:50 BS of LMI to realize the
splitting and combining of optical fields, as shown in Figure 1b. The coherent state âin and
the vacuum state b̂in are injected into the interferometer and split into two modes: Â and B̂;
the two modes Â and B̂ return through the high-reflection mirrors in the two arms to be
Ĉ and D̂, respectively. A phase shift φ is introduced on mode D̂, and the amplified phase
signal can be obtained by detecting the output optical field b̂out of the interferometer.
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Figure 1. (a,b) Schematic diagrams of linear Michelson interferometer and quantum Michelson

interferometer based on OPA, respectively. The coherent state âin and the vacuum state b̂in are

injected into the interferometer and the phase signal can be obtained by detecting the output optical

field b̂out. OPA, optical parametric amplifier; BHD, balanced homodyne detection; BS, 50:50 beam

splitter; HR, high-reflection mirror; PBS1,2, polarization beam splitter; φ , phase shift; l1, internal loss

of single arm; l2, total external loss.
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The input fields are amplified by OPA in interferometer [41]:

Â = Gâin + gb̂†
in,

B̂ = Gb̂in + gâ†
in, (1)

where the amplifiers are assumed to be identical with G as the amplitude gain and |G|2−
|g|2 = 1. The optical fields Ĉ and D̂ are described as follows:

Ĉ =
√

1 − l1(
√

1 − l1 Â +
√

l1 Â0) +
√

l1Ĉ0,

D̂ =
√

1 − l1(
√

1 − l1B̂eiφ +
√

l1B̂0) +
√

l1D̂0, (2)

where l1 is the single-arm transmission loss inside the interferometer; Â0, B̂0, Ĉ0, D̂0 are
the vacuum noises introduced by losses of the interferometer. The output field b̂out of the
quantum interferometer is

b̂out =
√

1 − l2(GD̂ + gĈ†) +
√

l2Ê0, (3)

where l2 is the total loss outside the interferometer, which includes transmission loss,
the interference efficiency of the quantum interferometer, and detection efficiency; Ê0 is
the vacuum noise introduced by loss l2. The relative phase between the two arms of
the interferometer is kept as φ = π+δ (δ ≪ 1), where δ is the phase change, and it can
be obtained by measuring the quadrature phase p̂ of the output field b̂out via balanced
homodyne detection (BHD). The noise of the interferometric output field is

〈

p̂2
bout

〉

= 1 + 2g2l1(2 − l1)(1 − l2) + 4G2(1 − l1)
2(1 − l2)IM

psδ2, (4)

where the phase-sensing intensity is IM
ps =

〈

D̂†D̂
〉

= g2(1/2α2
in + 1), α2

in is the input
intensity of the interferometer. Then, the sensitivity of QMI can be obtained:

δQMI =

√

1 + 2g2l1(2 − l1)(1 − l2)

4G2(1 − l1)2(1 − l2)IM
ps

, (5)

Sensitivity of QMI is enhanced by a factor of
√

2G2, comparing the sensitivity of LMI
(δLMI =

√

1/2Ips, which is the corresponding SNL) in the lossless case.
The schematic diagrams of the linear Mach–Zehnder interferometer (LMZI) and QMZI

based on OPAs are shown in Figure 2a,b. Two input fields (a coherent field âin and a vacuum
state b̂in) and two 50:50 BSs are constructed a typical LMZI. Two OPAs are employed in
two arms of QMZI to reduce the noise of the interferometer and amplify the phase-sensing
intensity. The coherent state âin and the vacuum state b̂in are injected into the interferometer
and split into two optical fields, Â and B̂, by BS1. The beams Â and B̂ are amplified by two
OPAs to be Ĉ and D̂, respectively. The mode D̂ undergoes a phase shift φ, and successively,
the two beams are recombined by BS2 to produce the output field b̂out. The resultant output
interference signal b̂out is sensitive to the phase change.

The input–output relations for the first linear 50:50 BS in interferometer are given by

Â = (âin − b̂in)/
√

2,

B̂ = (âin + b̂in)/
√

2, (6)

When the OPAs operate on the parametric amplification condition, the optical fields Ĉ
and D̂ can be described as follows:

Ĉ = GÂ + gÂ†,

D̂ = GB̂ + gB̂†, (7)
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The relative phase between the two arms of the interferometer is kept to be φ = π+δ

(δ ≪ 1), and then, we find that the noise of interferometric output field is

〈

p̂2
bout

〉

= 1 + (1 − l1)(1 − l2)[(G − g)2 − 1] + 2(1 − l1)(1 − l2)(IMZ
ps − g2)δ2, (8)

where the phase-sensing intensity is IMZ
ps = 1

2 (G + g)2α2
in + g2. Then the sensitivity of

QMZI is

δQMZI =

√

1 + (1 − l1)(1 − l2)[(G − g)2 − 1]

2(1 − l1)(1 − l2)(IMZ
ps − g2)

, (9)

Sensitivity of QMZI can be enhanced by a factor of 2G in comparison with the SNL
(
√

1/2Ips) when the phase-sensing intensity is larger than the square of the gain fac-
tor g2 and G ≫ 1 in the lossless case. To describe the experimental performance of
the quantum interferometer, the signal-to-noise ratio improvement (SNRI) is given by
SNRI = −20Log10(δ/δSNL), which is related to its sensitivity.
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Figure 2. (a,b) Schematic diagrams of linear Mach–Zehnder interferometer and quantum Mach–

Zehnder interferometer based on OPAs, respectively. The coherent state âin and the vacuum state

b̂in are injected into the interferometer, and the phase signal can be obtained by detecting the output

optical field b̂out. OPA, optical parametric amplifier; BHD, balanced homodyne detection; BS1,2,

50:50 beam splitter; HR, high-reflection mirror; φ, phase shift; l1, internal loss of single arm; l2, total

external loss.

3. Results and Discussion

By comparing and analyzing the relationship between measurement sensitivity and
system parameters of the two kinds of quantum interferometers, such as the intensity of
optical fields for phase sensing, the gain factor of OPA, and the losses inside and outside
the interferometers, the application conditions of high-sensitivity nonlinear quantum inter-
ferometers can be obtained. Figure 3 shows the effect of the OPA gain GP on the sensitivity
of the quantum interferometer. As the sensitivity of the interferometer increases with the in-
crease in the intensity of the phase-sensitive light field, in order to more accurately compare
the sensitivity, we choose the same phase-sensitive light field intensity Ips = 1/2GPα2

in as
the standard [35]. The input α2

in of the interferometer is 4.5 × 1013 s−1 (the corresponding
input laser power is 10.0 µW) and 10 s−1 in Figure 3a and Figure 3b, respectively. The black
trace, red trace, and blue trace correspond to the SNL, δQMI, and δQMZI, respectively; the
green dashed trace expresses the HL. It can be seen that the sensitivity of both kinds of
quantum interferometers can exceed the SNL and be improved with the increase in the
OPA gain. When the OPA gain is small (GP < 3), QMI performs better than QMZI. With the
further increase in OPA gain, the advantage of QMZI in effectively exploiting shot noise
squeezing shows, and the sensitivity is higher. Moreover, the sensitivity of QMZI can
approach the HL with the low phase-sensitive light field intensity.



Photonics 2023, 10, 749 5 of 8

Figure 3. (a,b) Dependence of the sensitivity on OPA gain with the input α2
in = 4.5 × 1013 s−1 and

α2
in = 10 s−1, respectively. The black trace, red trace, blue trace, and green dashed trace correspond to

the SNL, δQMI, δQMZI, and HL, respectively.

The effect of losses on the sensitivity of the two quantum interferometers is analyzed
in detail by calculating the relationship between losses and SNRI. The dependence of SNRIs
of the two quantum interferometers on internal loss l1 and total external loss l2 is shown in
Figure 4a,b. The OPA gain is 15 and the input α2

in of interferometer is 4.5 × 1013 s−1. The
sensitivity of the two quantum interferometers decreases with the increase in internal and
external losses, and the measurement sensitivity can be significantly improved by reducing
the loss of the system. Specially, the SNRI of QMZI is extremely sensitive to both kinds of
loss, and decreases sharply as the losses increases. Meanwhile the SNRI of QMI is only
sensitive to internal loss; the external loss has little influence on its sensitivity. Therefore,
QMI is more suitable for the case of high external loss.

Figure 4. (a,b): Dependence of SNRIs of QMI and QMZI on internal loss l1 and total external loss l2,

respectively.

The sensitivities of quantum interferometers versus the phase-sensing intensity of the
phase-sensing fields are illustrated in Figure 5. The dash traces and solid traces correspond
to the realistic situation (l1 = 0.005, l2 = 0.15) and the lossless case, respectively. The black
trace, red traces, and blue traces correspond to the SNL, δQMI, and δQMZI when the OPA
gain is 15, respectively. When the input α2

in of the interferometer is 4.5 × 1013 s−1, the
corresponding value of δSNL is 3.8 × 10−8 [15]. The calculated value of δQMI and δQMZI

can be improved to 7.0 × 10−9 and 6.3 × 10−9 in the lossless case, which is a 5.5-fold and
6.1-fold enhancement beyond the above SNL.
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Figure 5. Dependence of the sensitivities on phase-sensing intensity when the OPA gain is 15.

The dash traces and solid traces correspond to realistic situation (l1 = 0.005, l2 = 0.15) and the

lossless case, respectively. The black trace, red traces, and blue traces correspond to the SNL, δQMI,

and δQMZI, respectively.

4. Conclusions

Through analyzing in detail the influence of system parameters on the precision of
quantum metrology, the application conditions of high-sensitivity nonlinear quantum
interferometers are obtained. The two quantum interferometers not only squeeze shot
noise, but also amplify the phase-sensing intensity to realize the sensitivity beyond the SNL.
When the OPA gain is small (GP < 3), QMI performs better than QMZI. With the further
increase in OPA gain, the advantage of QMZI in effectively exploiting shot noise squeezing
shows; the sensitivity is higher, and the sensitivity of QMZI can approach the HL with low
phase-sensitive light field intensity. The SNRI of QMI is only sensitive to the internal loss
of the interferometer; the external loss has little influence on its sensitivity when the OPA
gain is 15. Meanwhile, QMI is more suitable for the case of the high external loss of the
interferometer. Our result provides a direct reference of the experimental implementation
of high-performance interferometers for high-precision quantum metrology.
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