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Abstract In this work we study possible connections
between B-meson anomalies and Kaon physics observables
in the context of combined solutions with the singlet and
triplet scalar leptoquarks S1 and S3. By assuming a flavor
structure for the leptoquark couplings dictated by a mini-
mally broken U (2)5 flavor symmetry we can make a sharp
connection between these two classes of observables. We
find that the bound on B(K+ → π+νν) from NA62 puts
already some tension in the model, while the present limits on
B(KL → μ+μ−) and μ → e conversion in nuclei can be sat-
urated. Relaxing instead the flavor assumption we study what
values for B(K+ → π+νν), as well as for B(KL → π0νν)

and B(KL ,S → μ+μ−), are viable compatibly with all other
phenomenological constraints.
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1 Introduction

The observed deviations from Standard Model (SM) pre-
dictions in semileptonic B-meson decays persist as some
of the most significant experimental hints for the presence
of possible New Physics (NP) beyond the SM at the TeV
scale. One set of deviations regards Lepton Flavor Univer-
sality (LFU) ratios of charged-current semileptonic B decays
between the third and lighter lepton families, R(D(∗)) =
B(B → D(∗)τν)/B(B → D(∗)�ν) [1–11], with a com-
bined significance of approximately 3σ [12]. Another set of
deviations from the SM are observed in LFU ratios between
second and first lepton families in neutral-current B decays,
RK (∗) = B(B → K (∗)μ+μ−)/B(B → K (∗)e+e−) [13–
17], as well as in Bs → μ+μ−, in angular observables of
the B → K ∗μ+μ− process as well as in branching ratios
of other decay processes which involve the b → sμ+μ−
transition [18–23]. The global significance of these devi-
ations, obtained with very conservative estimates of SM
uncertainties, is 3.9σ [24]. On the other hand, global fits
show that along the preferred directions in effective field
theory (EFT) space the pulls from the SM can be even up to
5 − 7σ [25–31].

When attempting to address at the same time both sets
of anomalies, leptoquark (LQ) mediators are by far the pre-
ferred candidates. This is mainly due to the fact that, while
semileptonic operators required for the B-anomalies can be
induced at the tree-level, four-quark and four-lepton opera-
tors, that are strongly constrained by meson mixing or LFV,
are induced only at one loop and thus automatically sup-
pressed.

An interesting scenario for a combined explanation of the
anomalies involves the two scalar LQs S1 = (3̄, 1, 1/3)

and S3 = (3̄, 3, 1/3) [32–42]. Interestingly enough, the
S1 couplings to right-handed fermions allow also an expla-
nation of the observed deviation in the muon anomalous
magnetic moment (g − 2)μ [43–45]. As a possible ultra-
violet (UV) completion for this model, the two scalars
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could arise, together with the Higgs boson, as pseudo-
Nambu-Goldstone bosons from a new strongly coupled sec-
tor at the multi-TeV scale, which would also address the
hierarchy problem of the electroweak scale in a compos-
ite Higgs framework [34,41] (see also [46–48] for related
works).

The solution to B-anomalies involves NP couplings to
second and third generations of quarks and leptons, while
the couplings to first generation could in principle be very
small, which is also required by strong experimental con-
straints [49–53]. Nevertheless, the natural expectation is that
NP should couple to all generations, possibly with some fla-
vor structure dictated by a dynamical mechanism or a sym-
metry. In light of this, a question one can pose is: what are
the expected effects in Kaon physics and electron observ-
ables for models that address the B-anomalies? This is the
main question we aim at addressing with this paper, in the
context of S1 +S3 solutions. Analyses in the same spirit were
performed in Refs. [54,55], in an EFT context, and in Ref.
[56] for single leptoquarks and in connection with R(K (∗))

only. Specifically, the golden channels of rare Kaon decays,
K+ → π+νν and KL → π0νν, are now actively being
investigated by the NA62 [57] and KOTO [58] experiments,
respectively, and substantial improvements are expected in
the future. Furthermore, an improvement by a few orders
of magnitude in sensitivity is expected for μ → e conver-
sion experiments COMET and Mu2e [59–62] as well as in
μ → 3e from the Mu3e experiment at PSI [63]. Can these
experiments expect to observe a signal, possible related to
the B-anomalies?

Our starting point is the analysis of how this setup can
address the B-anomalies (as well as the (g−2)μ) performed
in Ref. [40]. In that work several scenarios were considered
and, for each of them, a global analysis was performed includ-
ing all the relevant observables computed at one-loop accu-
racy using the complete one-loop matching between the two
mediators and the SMEFT obtained in Ref. [64]. In particu-
lar, two scenarios able to address both sets of B-anomalies
were found:

• LH couplings. If the S1 couplings to right-handed
fermions are zero, then both charged and neutral-current
B-anomalies can be addressed, while the muon magnetic
moment deviation cannot. It was also observed that the
preferred values of the couplings to second generation
was compatible with the structure hinted to by an approx-
imate U (2)5 flavor symmetry [40] (see also [33,34]).

• All couplings. If, instead, all couplings are allowed,
then both the B-anomalies and the (g − 2)μ can be
addressed, but the coupling structure is not compatible
with the U (2)5 flavor symmetry since a large coupling to
cRτR is required, with a small coupling to tRτR instead
[40].

We extend our previous work by considering also Kaon and
D decays, as well as all processes sensitive to the μ → e
lepton flavor violating (LFV) transition.

To find possible connections between B-anomalies and
Kaon physics we take two different approaches for the two
scenarios listed above. For the first scenario we impose from
the beginning a concrete assumption on the flavor structure,
in particular theU (2)5 flavor symmetry [65–67] and perform
the first complete study of B-anomalies and Kaon physics
with S1 and S3 within this context. The main feature of this
approximate symmetry is that strict relations between the
LQ coupling to first and second generations are predicted,
implying that Kaon decays become strictly connected with
B decays.

Our choice of the flavor symmetry is motivated by the
observation that the approximateU (2)q ×U (2)� flavor sym-
metry, that acts on the light-generations of SM quarks and
leptons and is a subset of U (2)5, appears to provide a con-
sistent picture of all low-energy data. In fact, it was shown
in the general EFT context [33,68–71], as well as also in
concrete UV realizations [34,40,72–77], that not only it can
reproduce the observed hierarchies in the SM Yukawa sec-
tor, but also successfully control the strength of NP couplings
allowing for sufficiently large effects in processes involving
third-generation fermions. We mention that the flavor sym-
metry does not need to be a fundamental property of the UV
theory, but it could arise as an accidental low-energy sym-
metry.

For the second scenario, since no evident flavor structure
emerges from the B-anomalies fit when also right-handed
couplings are included, we let vary the couplings relevant
for K → πνν, while keeping the other couplings fixed to
the best-fit values required by the B-anomalies and muon
magnetic moment. In this way we can find the allowed values
for K → πνν that are compatible with the B-anomalies, in
this general setup.

The paper is structured as follows. In Sect. 2 we briefly
introduce the model, the setup, and the statistical tool used
for the analysis. In Sect. 3 we discuss the structure of the
LQ couplings predicted by the minimally broken U (2)5 fla-
vor symmetry and study the results of the global fit in this
framework. Section 4 is instead devoted to the study of rare
Kaon decays and electron LFV processes in the general case
where the flavor assumption is lifted. We conclude in Sect. 5.
Details on the observables not discussed in [40] are collected
in Appendix A.

2 Setup

We consider in this work the two scalar LQs S1 = (3̄, 1, 1/3)

and S3 = (3̄, 3, 1/3), where the quantum numbers under the
SM gauge group SU (3)c × SU (2)L ×U (1)Y are indicated.
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The Lagrangian to be added to the SM one, assuming baryon
and lepton number conservation, is

LLQ = |DμS1|2 + |DμS3|2 − M2
1 |S1|2

−M2
3 |S3|2 − VLQ(S1, S3, H) +

+
(
(λ1L)iα qci ε �α + (λ1R)iα uci eα

)
S1

+(λ3L)iα qci ε σ I �αS
I
3 + h.c. , (2.1)

where ε = iσ2, (λ1L)iα, (λ1R)iα, (λ3L)iα ∈ C, and VLQ

includes LQ self-couplings and interactions with the Higgs
boson, which are omitted since they are not relevant for the
phenomenology studied here. We denote SM quark and lep-
ton fields by qi , ui , di , �α , and eα , while the Higgs dou-
blet is H . We adopt latin letters (i, j, k, . . . ) for quark fla-
vor indices and greek letters (α, β, γ, . . . ) for lepton flavor
indices. We work in the down-quark and charged-lepton mass
eigenstate basis, where

qi =
(
V ∗
j i u

j
L

diL

)
, �α =

(
να
L
eα
L

)
, (2.2)

and V is the CKM matrix. We use the same conventions as
Refs. [40,64], to which we refer for further details.

Our goal is to study the phenomenology of the S1 + S3

model extending the list of observables already accounted
for in Ref. [40] to all the other relevant Kaon, D-meson,
and electron LFV ones. We do this by employing the same
multistep procedure: the LQ model is matched at one-loop
level into the SMEFT [64], which is then matched into the
Low Energy EFT (LEFT) [78,79]; within any EFT the renor-
malization group evolution (RGE) is taken into account, as
well as the one-loop rational contributions within the LEFT,
in terms of whose coefficients the observables and pseudo-
observables are expressed (barring the case of observables
that are measured at the electroweak scale).

In our global analysis for the two LQs we add the fol-
lowing observables to those observables already studied in
Ref. [40]: rare and LFV Kaon decays, ε′

K /εK , rare D-meson
decays, b → d�� decays, μ → e conversion in nuclei, and
the neutron EDM. In Tables 1, 2, 3, and 4, we show the com-
plete list of observables that we analyze, together with their
SM predictions and experimental bounds. In Appendix A we
collect details on the low-energy observables that were not
considered in Ref. [40], together with others which turn out
to set relevant constraints in the fit, such as limits from Z
couplings measurements and K → πνν, that we repeat for
sake of completeness. For all the observables, the full set of
one-loop corrections is considered in the numerical analysis.

We perform a χ2 fit, thus defining the likelihood as

− 2 logL≡χ2(λx , Mx )=
∑
i

(Oi (λx , Mx )−μi )
2

σ 2
i

, (2.3)

where Oi (λx , Mx ) is the expression of the observable as
function of the model parameters, μi its central measured
value, and σi the associated standard deviation. The corre-
lations between 
Csbμμ

9 and Cuniv
9 , as well as between RD

and RD∗ are taken into account (see gray lines in the plots
of Fig. 1). In the analysis presented in this paper, 73 observ-
ables are taken into account, for which, within the SM, the
χ2 is χ2

SM = 104.0. In each scenario we first find the best-fit
point by minimizing the χ2. We then perform a numerical
scan over the parameter space using a Markov Chain Monte
Carlo algorithm (Hastings-Metropolis), to select points that
are within the 68 or 95% CL from the best-fit point, with
final samples of size O(104). These scans are used to obtain
preferred regions in parameter space or for selected pairs
of interesting observables by projecting the obtained points
onto the corresponding plane, which corresponds to profiling
over the parameters not plotted.

3 Scalar leptoquarks and U(2)5 flavor symmetry

In the limit where only third generaton fermions are massive,
the SM enjoys the global flavor symmetry [65–67]

GF = U (2)q ×U (2)� ×U (2)u ×U (2)d ×U (2)e . (3.1)

Masses of the first two generations of fermions and their
mixing break this symmetry. In the quark sector the largest
breaking is of size ε ≈ yt |Vts | ≈ 0.04 [71]. Formally, the
symmetry breaking terms in the Yukawa matrices can be
described in terms of spurions transforming under represen-
tations ofGF . The minimal set of spurions that can reproduce
the observed masses and mixing angles is 1

Vq ∼ (2, 1, 1, 1, 1) , V� ∼ (1, 2, 1, 1, 1) ,

�u ∼ (2, 1, 2̄, 1, 1) , �d ∼ (2, 1, 1, 2̄, 1) ,

�e ∼ (1, 2, 1, 1, 2̄) .

(3.2)

In terms of these spurions the SM Yukawa matrices can be
written as

Yu(d) = yt (b)

(
�u(d) xt (b)Vq

0 1

)
,

Ye = yτ

(
�e xτV�

0 1

)
, (3.3)

with xt,b,τ areO(1) complex numbers, �’s are 2×2 matrices,
and Vq,� are 2-component vectors.

1 Strictly speaking V� is not required in the SM, since in absence of neu-
trino masses lepton mixing is unphysical. It is however usually added for
symmetry with the quark sector and, in our case, because it is needed in
order to address the R(K (∗)) anomalies, which requires |V�| ∼ O(0.1)

[33,68].
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In the context of the B-anomalies, this flavor symmetry
was introduced as a possible explanation for the LFU break-
ing hints, that point to largest effects for τ leptons, smaller for
muons, and even smaller for electrons. Furthermore, it was
observed in Refs. [33,34,40,68–71] that the LQ couplings to
second and third generations, required to fit the anomalies,
were consistent with the expectations given by this symme-
try. In this Section we study if, indeed, a complete imple-
mentation of U (2)5 flavor symmetry for the S1 and S3 scalar
LQs, including the couplings to first generation fermions, is
consistent with the observed anomalies.

In the same flavor basis used to write the Yukawa cou-
plings of Eq. (3.3), the S1 and S3 LQ couplings have the
following structure:

λ1(3)L = λ1(3)

⎛
⎝ x̃1(3)L

q� V∗
q × V†

� x̃1(3)L
q V∗

q

x̃1(3)L
� V†

� x̃1(3)L
bτ

⎞
⎠ , (3.4)

λ1R = λ1
R

(O(�uVq�eV�) x̃1R
u �†

uV
∗
q

x̃1R
e V†

��
∗
e x̃1R

tτ

)

≈ λ1
R

(
0 0

0 x̃1R
tτ

)
, (3.5)

where λ1(3) and λ1
R are overall couplings, all x̃ are O(1)

parameters, and in the last step in λ1R we neglected all the
terms that give too small couplings to have a significant influ-
ence to our observables. In the following we can thus neglect
the presence of the λ1R couplings in theU (2)5 scenario since
the tRτR coupling does not affect in a relevant way the phe-
nomenology.

By diagonalizing the SM lepton and down-quark Yukawa
matrices one can put in relation some of the parameters in
Eq. (3.3) with observed masses and CKM elements, we refer
to Ref. [71] for a detailed discussion on this procedure. For
our purposes, the main result is that in this basis the quark
doublet spurion is fixed by the CKM up to an overall O(1)

factor, Vq = κq(V ∗
td , V

∗
ts)

T , while the size of the leptonic
doublet spurion V� ≡ |V�| as well as the angle that rotates
left-handed electrons and muons, se ≡ sin θe, are free. The
same rotations that diagonalize the (lepton and down quark)
Yukawas also apply to the LQ couplings. The final result of
this procedure is the following structure for the LQ couplings
in the mass basis:

λ1(3)L = λ1(3)

⎛
⎜⎜⎜⎝

x1(3)
q� seV�Vtd x1(3)

q� V�Vtd x1(3)
q Vtd

x1(3)
q� seV�Vts x1(3)

q� V�Vts x1(3)
q Vts

x1(3)
� seV� x1(3)

� V� 1

⎞
⎟⎟⎟⎠ .

(3.6)

All x1(3) parameters are expected to be O(1) complex num-
bers and we absorbed the O(1) coefficient in the 3-3 com-
ponent inside the definition of λ1(3). It directly follows from

Eq. (3.6) that the flavor symmetry imposes some strict rela-
tions between families:

λ
1(3)L
1α = λ

1(3)L
2α

Vtd
Vts

, λ
1(3)L
i1 = λ

1(3)L
i2 se . (3.7)

For the two LQs we thus remain with the two overall cou-
plings λ1(3), that we can always take to be positive, six O(1)

complex parameters (x1(3)
q� , x1(3)

q , x1(3)
� ), one small angle se

that regulates the couplings to electrons compared to the
muon ones, and finally V� that sets the size of muon cou-
plings compared to tau ones. With the coupling structure of
Eq. (3.6) the two leptoquarks decay dominantly to third gen-
eration fermions, since couplings to lighter generations are
suppressed by the spurion factors.

Since S1 does not mediate di → d j �̄α�β at tree level, its
contributions proportional to x1

� and x1
q� are only very weakly

constrained. For this reason, to simplify the numerical scan
we fix them to be equal to 1.2

We provide here some simplified expressions for the most
relevant NP effects in this setup, deferring for details to
Appendix A:


R(D(∗))

R(D(∗))SM
≈ v2

(
1.09

|λ1|2(1 − x1∗
q V ∗

tb)

2M2
1

−1.02
|λ3|2(1 − x3∗

q V ∗
tb)

2M2
3

)
, (3.8)


Csbμμ
9 = −
Csbμμ

10 ≈ π√
2GFαVtb

|λ3|2|V�|2x3
�
x3∗
q�

M2
3

, (3.9)


Csdμμ
9 = −
Csdμμ

10 ≈ πV ∗
tsVtd√

2GFα

|λ3|2|V�|2|x3
q�

|2
M2

3

, (3.10)

[
LV LL

νd

]
ντ ντ sb

≈ V ∗
ts

( |λ1|2x1∗
q

2M2
1

+ |λ3|2x3∗
q

2M2
3

)
, (3.11)

[
LV LL

νd

]
ντ ντ ds

≈ V ∗
td Vts

( |λ1|2|x1
q |2

2M2
1

+ |λ3|2|x3
q |2

2M2
3

)
, (3.12)

103δgZτL ≈ 0.59
|λ1|2

M2
1 / TeV2

+ 0.80
|λ1|2

M2
1 / TeV2

, (3.13)

C1
K ≈ V ∗

tsVtd
128π2

( |λ1|4|x1
q |4

M2
3

+ 5
|λ3|4|x3

q |4
M2

3

+|λ1|2|λ3|2|x1
q |2|x3

q |2 log M2
3 /M2

1

M2
3 − M2

1

)
, (3.14)

where
[
LV LL

νd

]
ντ ντ di d j

are the Wilson coefficients (WCs) of

the low-energy operators (ν̄τ γμντ )(d̄iLγ μd j
L), δgZτL

describes the deviation in the Z couplings to τL , and C1
K

is the coefficient of the (s̄γμPLd)2 operator. The leading
contribution to s → dμμ transitions has a phase fixed to be

2 We checked that, as expected, if left free these parameters have an
almost uniform distribution in the whole interval of interest [−5, 5].
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equal to the SM one, so no large effect in KS → μμ can
be expected. Analogously, also in s → dνν the NP coeffi-
cients have the same phase as in the SM, since the x coef-
ficients enter with the absolute value squared. This implies
that no cancellation between the two LQs can take place in
this channel and that we expect a tight correlation between
KL → π0νν and K+ → π+νν, independently on the phases
of the couplings. Similar considerations apply for all s → d
transitions. On the other hand, non-trivial phases can appear
in b → s transitions and a mild cancellation can alleviate the
B → K (∗)νν bound [33]. Since real couplings are favored
by the B-anomalies and since in any case the phases in Kaon
physics observables are fixed by the U (2)5 flavor structure,
in our numerical analysis we only consider real values for all
parameters.

3.1 Analysis and discussion

Using the global likelihood we find the best-fit point in
parameter space, allowing the x’s to vary in the range |x | < 5,
while λ1(3), V� > 0. Fixing M1 = M3 = 1.1 TeV we get
χ2

SM − χ2
best−fit = 47.6, for:3

best-fit U (2)5 : λ1 ≈ 0.79 , λ3 ≈ 0.72 , V� ≈ 0.071 , se ≈ 0 ,

x1
q ≈ −0.97 , x3

q ≈ 1.6 , x3
� ≈ 3.6 , x3

q� ≈ −2.0 .

(3.15)

We then perform a numerical scan on all the parameters in
Eq. (3.15), selecting only points with a 
χ2 = χ2 −χ2

best−fit
corresponding to a 68% (green points) or 95% (yellow) con-
fidence level. The results are shown in Fig. 1, where we
project the points to several 2D planes. We also show 2σ

constraints from single observables, obtained by fixing the
parameters not in the plot to the corresponding best-fit val-
ues, Eq. (3.15).4 We observe from Fig. 1 (bottom-left) that
values V� ≈ 0.1 and |se| � 0.02 are preferred. We can also
see that all the x’s can be of O(1), with no tendency towards
parametrically smaller or larger values, hence the structure
of the U (2)5 symmetry is respected.

In Figs. 2 and 3 we show the values of particularly inter-
esting pairs of observables obtained with the same sets of
parameter-space points. From Fig. 2 we observe that, while
neutral-current B-anomalies can be addressed entirely, this
setup can enhance R(D(∗)) only by � 7% of the SM size,
i.e. at the 2σ level of the present combination. This situation

3 This puts the LQs above present LHC limits, see e.g. Ref. [38] for a
recent review. We note that the fit slightly worsens when the masses are
increased.
4 This procedure misses the correlations between the plotted parameters
and those that are fixed, that is however fully kept in the parameter scan.
For this reason the bounds shown in this way are useful mainly to gain
an understanding of the relevant observables in each plane.

should be compared with the result of the analogous sim-
ilar fit with S1 and S3 with only couplings to left-handed
fermions shown in [40] (c.f. Fig. 5), where both anomalies
can be satisfied in a scenario where couplings to the sec-
ond generation quarks were compatible with a U (2)5 flavor
structure, |λ1(3)L

s� | ∼ |Vts/Vtb||λ1(3)L
b� |, but couplings to first

generation were set to zero.
Therefore, the reason for the inability of the U (2)5-

symmetric scenario to fully address charged-current anoma-
lies must be found in first-generation constraints, specifically
Kaon physics. Indeed, this can be seen in the first row of
Fig. 1, where we observe that the bounds from K+ → π+ν̄ν,
Eq. (3.12), and εK (i.e. Im C1

K ), Eq. (3.14), in combination
with the constraints on λ1,3 from Z → τ̄ τ , Eq. (3.13), don’t
allow the fit to enter the region preferred by R(D(∗)), due
to the precise relations between couplings to the first and
the second generation, derived from the flavor structure, i.e.
Eq. (3.7).

Regarding Kaon physics observables, from Fig. 3 we see
that B(K+ → π+ν̄ν) can take all values currently allowed
by the NA62 bound [57] (we show with vertical lines the best-
fit and the ±1σ intervals) and therefore any future update
on this observable will put further strong constraints on this
scenario. Furthermore, since the phase in s → dνν is fixed
by the corresponding CKM phase, Eq. (3.12), a correlation
between this mode and B(KL → π0ν̄ν) is obtained, with
values ∼ 10−10 also for the latter.5 Therefore, even by the
end of stage-I the KOTO experiment won’t be able to reach
the sensitivity to test this model (brown horizontal dotted
line). However, the future sensitivity goals by NA62 (10%
[82]) and KOTO stage-II , or KLEVER, (20% [83,84]) would
be able to completely test this scenario (purple ellipse).

The model also predicts short-distance contributions to
B(KL → μμ) of the order of the present bound, although it
remains challenging to improve this constraint in the future
due to non-perturbative contributions to the long-distance
component. Also in this channel the phase of the NP WC is
fixed to the one of V ∗

tsVtd , see Eq. (3.10). The KS → μμ

mode is thus completely correlated with the KL decay and
the New Physics effect adds constructively to the SM short-
distance amplitude, the expected size is however below the
SM long-distance contribution of ≈ 5×10−12. The expected
relative effect in the tree-level transitions s → uμν̄μ and
d → uμν̄μ is of order 10−7 and 10−9, respectively, excluding
possible signatures from these decays.

Finally, the rotation angle between electrons and muons,
se, is constrained mainly by LFV μ → e processes, the
strongest bound presently given by μ → e conversion in
gold atoms, while the predicted effect in titanium is strictly

5 The same correlation takes place also in Minimal Flavor Violation
setups, where also the phase of the relevant Wilson coefficient is fixed,
as was shown in Ref. [81].
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Fig. 1 Results of a parameter scan in the U (2)5 scenario. The green (yellow) points are within the 68% (95%) CL from the best-fit point (shown
in black). We also overlay 2σ constraints from single observables, where other parameters are fixed to the best-fit point (3.15)

correlated in our model, with an approximate relationB(μ →
e)Au ≈ 1.3B(μ → e)Ti. In Fig. 3 we show the correlation
withμ → 3e, while the expected branching ratio forμ → eγ
is � 0.5 × 10−13, thus below than the present precision.
These measurements are expected to improve substantially
in the future, reaching limits of the order of 10−16 in μ → e
conversion in nuclei from COMET and Mu2e [59–62] or even
10−18 by the PRISM proposal, and also a level of 10−16 in
μ → 3e from the Mu3e experiment [63]. These will put
further constraints on the se parameter, or a signal could be
observed if this mixing angle is large enough.

For what regards LFV in Kaon decays, given the largest
allowed values for se and V� from present limits, we obtain

at most B(KL → μe) � 10−15 and B(K+ → π+μe) �
10−18.

4 General case with right-handed couplings

In this section we depart from the flavor symmetry assump-
tion and examine the fit of the S1 + S3 model in the general
case where all the couplings, including the right-handed ones,
are allowed. As investigated in Ref. [40], if the couplings are
a priori uncorrelated, there is enough freedom to accommo-
date both B-physics anomalies as well as the discrepancy in
the anomalous magnetic moment of the muon.
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Fig. 2 Results, for the B-anomalies, of the parameter scan in the U (2)5 scenario shown in Fig. 1. The green (yellow) points are within the 68%
(95%) CL from the best-fit point (3.15). The gray lines describe different CL regions in the fit of the anomalies (see Appendix A for details)

Due to the high dimensionality of the parameter space,
it is computationally too expensive to perform a χ2 mini-
mization by random search techniques. For the purposes of
our discussion it suffices then to use the best-fit point of Eq.
(3.11) in Ref. [40]6 in order to fix the relevant couplings and
let only the additional couplings vary. A further simplifica-
tion constitutes in switching off the couplings to electrons.
This choice is justified by the fact that the necessary suppres-
sion required to pass the stringent bounds from LFV μ → e
processes is of the same order in both the flavor-symmetry
motivated case and the general one.

Using the best-fit point from Ref. [40] assures that all the
anomalies are addressed within 1σ (c.f. Fig. 5 therein). In
order to assess the viable values of B(KL → π0νν) and
B(K+ → π+νν) in this setup we perform a likelihood scan
of the complex couplings λ

1(3)L
sτ and λ

1(3)L
dτ (see Eq. (A.10))

and keep only values that have a likelihood within the 68% or
95% CL from the best-fit point. The corresponding branch-
ing ratios are reported in the left plot of Fig. 4, from which
we observe that, compared to the U (2)5 case, the viable val-
ues are significantly expanded. We also notice that the two
decays are induced by the same short distance operators and
are trivially related through isospin, leading to the so-called
Grossman-Nir bound [80]. The LQ interactions fall under a
category of models that may saturate the bound [87]. Yet this
is not entirely possible due to the constraints on the magni-
tude of the couplings to muons and electrons. Nevertheless,
we see that B(KL → π0νν) could potentially take values
that can be probed by the end of stage 1 of the KOTO exper-

6 A fit with the updated values for the various flavor constraints includ-
ing the new measurement of RK does not result in any substantial vari-
ations.

iment. For other studies of correlations between the K+ and
the KL modes see e.g. Refs. [54,81,88,89].

By letting vary the λ3L
sμ and λ3L

dμ complex couplings we
find that the short distance contribution to KS → μμ can
reach values of the order of the long-distance one, while
that to the KL mode saturate the theory-derived constraint
[85]. In the right plot of Fig. 4 we present the 68% and 95%
CL regions from the best-fit point in these two observables.
Considering the ≈ 30% uncertainty on the SM prediction
for the KS mode, we notice that a significant part of the
preferred region features NP effects that are distinguishable
from the SM ones. As a matter of fact, the future prospects
look promising, since the LHCb Upgrade II plans to exclude
branching fractions down to near the SM prediction [86] (see
dashed line in Fig. 4).

Regarding μ → e transition in nuclei we expect a very
similar result to the one shown in Fig. 3, since even in that
case the observables saturate the present bounds and there
is additional freedom if the flavor symmetry assumption is
removed.

5 Conclusions

The observed anomalies in B decays can potentially be
addressed in LQ scenarios. While couplings to first genera-
tion of fermions are not required to describe these deviations,
and could therefore be set to zero in a bottom-up approach,
the typical expectation from UV models is that all couplings
should be generated. In this work we study the impact that LQ
couplings to first generation fermions can have on Kaon and
electron LFV observables, in scenarios that aim at addressing
the B-anomalies.
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Fig. 3 Results, for rare Kaon decays and μ → e conversion processes,
of the parameter scan in the U (2)5 scenario shown in Fig. 1. The green
(yellow) points are within the 68% (95%) CL from the best-fit point. In
the upper plot, the gray region is excluded by the Grossman-Nir bound
[80], the red solid and dashed lines represent the present measurement

from NA62, the dotted brown line the sensitivity prospect for KOTO
after stage-I, while the dotted purple one the final sensitivity expected
from NA62 and KOTO (stage-II). In the lower plot the red lines describe
the present 95% CL bound (see Appendix A for details)

Correlations between couplings to different generations,
and therefore between B and Kaon decays, can be obtained
only if the flavor structure is specified. In this work we con-
sider the approximate U (2)5 flavor symmetry, that is moti-
vated from the observed SM fermions mass hierarchies and
also predicts a pattern of deviations in B decays consistent
with the observed one. With this assumption, the LQ coupling
to left-handed d quarks are fixed to be equal to those to left-

handed s quarks times the small CKM factor Vtd/Vts (see
Eq. (3.7)). This structure correlates strongly Kaon physics
with B decays. After performing a global likelihood analysis
of a large set of observables in this scenario, we find that the
S1+S3 LQs can address the R(D(∗)) anomalies only at the 2σ

level. The most important observables preventing a success-
ful fit areB(K+ → π+νν), εK , and the Z couplings to τ . We
thus expect future improved measurements of K+ → π+νν
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Fig. 4 Allowed region obtained by varying the couplings λ
1(3)L
sτ and

λ
1(3)L
dτ ,relevant for the B → Kνν decays (left), and the couplings λ3L

sμ

and λ3L
dμ relevant for the KL ,S → μμ decays (right). The rest of the

couplings are fixed to the best-fit point couplings in Eq. (3.11) of Ref.
[40] and compatibility with the global fit is retained at 68% (green)
and 95% (yellow) CL. On the left plot, the gray region is excluded by

the Grossman-Nir bound, the red solid and dashed lines represent the
present measurement from NA62, the dotted brown line the sensitivity
prospect for KOTO after stage-I, while the dotted purple one the final
sensitivity expected from NA62 and KOTO (stage-II). On the right plot,
the red solid line represents the bound set in Ref. [85] and the red dashed
line the future prospects by LHCb [86]

from NA62 to further test this scenario. The LQ couplings to
electrons, instead, are constrained mainly by the limits from
μ → e transition in nuclei and μ → 3e decay, that will be
improved by several orders of magnitude in the near future.

Going beyond the flavor symmetric scenario, we also stud-
ied the allowed values for B(K+ → π+νν), B(KL →
π0νν), and KL/S → μ+μ− in the general case where no
flavor structure is imposed. We find that, in this setup, val-
ues of B(KL → π0νν) and B(KS → μ+μ−) that could be
potentially probed by KOTO stage-1 or LHCb, respectively,
are allowed.

The B-anomalies are expected to receive further experi-
mental inputs in the next few years by LHCb, Belle-II, as well
as CMS and ATLAS experiments. However, even assuming
these will be confirmed, in order to understand the flavor
structure of the underlying New Physics the connection to
Kaon physics and to observables sensitive to electron cou-
plings will be crucial.
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A Analysis of observables and pseudo-observables

A.1 KL → π0νν and K+ → π+νν

The relevant parton level processes s → dνανβ are described
by the effective four-fermion Lagrangian

Ldsνν
eff ⊃ 4GF√

2

α

4π
V ∗
tdVts

∑
i

CiOi , (A.1)

with the following 
F = 1 operators

Odsαβ
L = (

d̄γμPLs
) (

ν̄αγ μ(1 − γ5)νβ

)
,
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Table 1 Observables from B
and D meson decays. Upper
limits correspond to 95%CL.
The correlations between

Csbμμ

9 and Cuniv
9 , as well as

between RD and RD∗ are taken
into account

Observable SM prediction Experimental bounds

b → s�� observables [40]


Csbμμ
9 0 −0.43±0.09 [90]

Cuniv
9 0 −0.48±0.24 [90]

b → cτ(�)ν observables [40]

RD 0.299±0.003 [12] 0.34±0.027±0.013 [12]

RD∗ 0.258±0.005 [12] 0.295±0.011±0.008 [12]

PD∗
τ −0.488±0.018 [91] −0.38±0.51±0.2±0.018 [7]

FL 0.470±0.012 [91] 0.60±0.08±0.038±0.012 [92]

B(B+
c → τ+ν) 2.3% < 10% (95% CL) [93]

Rμ/e
D 1 0.978±0.035 [94,95]

b → sνν and s → dνν [40]

Rν
K 1 [96] < 4.7 [97]

Rν
K ∗ 1 [96] < 3.2 [97]

b → dμμ and b → dee Appendix A.5

B(B0 → μμ) (1.06±0.09) × 10−10 [98,99] (1.1±1.4) × 10−10 [100,101]

B(B+ → π+μμ) (2.04±0.21) × 10−8 [98,99] (1.83±0.24) × 10−8 [100,101]

B(B0 → ee) (2.48±0.21) × 10−15 [98,99] < 8.3 × 10−8 [58]

B(B+ → π+ee) (2.04±0.24) × 10−8 [98,99] < 8 × 10−8 [58]

B LFV decays [40]

B(Bd → τ±μ∓) 0 < 1.4 × 10−5 [102]

B(Bs → τ±μ∓) 0 < 4.2 × 10−5 [102]

B(B+ → K+τ−μ+) 0 < 5.4 × 10−5 [103]

B(B+ → K+τ+μ−) 0 < 3.3 × 10−5 [103]

< 4.5 × 10−5 [104]

Table 2 D meson and Kaon
physics observables with the
corresponding SM predictions
and experimental bounds. Upper
limits correspond to 95% CL

Observable SM prediction Experimental bounds

D leptonic decay [40] and Appendix A.4

B(Ds → τν) (5.169±0.004) × 10−2 [105] (5.48±0.23) × 10−2 [58]

B(D0 → μμ) ≈ 10−11 [106] < 7.6 × 10−9 [107]

B(D+ → π+μμ) O(10−12) [108] < 7.4 × 10−8 [109]

Rare Kaon decays (νν) Appendix A.1

B(K+ → π+νν) 8.64 × 10−11 [89] (11.0±4.0) × 10−11 [110]

B(KL → π0νν) 3.4 × 10−11 [89] < 3.6 × 10−9 [111]

Rare Kaon decays (��) Appendix A.3 and A.2

B(KL → μμ)SD 8.4 × 10−10 [112] < 2.5 × 10−9 [85]

B(KS → μμ) (5.18±1.5) × 10−12 [85,113,114] < 2.5 × 10−10 [115]

B(KL → π0μμ) (1.5±0.3) × 10−11 [116] < 4.5 × 10−10 [117]

B(KL → π0ee) (3.2+1.2
−0.8) × 10−11 [118] < 2.8 × 10−10 [119]

LFV in Kaon decays Appendix A.3 and A.2

B(KL → μe) 0 < 4.7 × 10−12 [120]

B(K+ → π+μ−e+) 0 < 7.9 × 10−11 [121]

B(K+ → π+e−μ+) 0 < 1.5 × 10−11 [122]

CP-violation Appendix A.8

ε′
K /εK (15±7) × 10−4 [123] (16.6±2.3) × 10−4 [58]
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Table 3 Meson-mixing and
leptonic observables and EDMs,
with their SM predictions and
experimental bounds. Upper
limits correspond to 95%CL

Observable SM prediction Experimental bounds


F = 2 processes [40]

B0 − B
0
: |C1

Bd
| 0 < 9.1 × 10−7 TeV−2 [124,125]

B0
s − B

0
s : |C1

Bs
| 0 < 2.0 × 10−5 TeV−2 [124,125]

K 0 − K
0
: Re[C1

K ] 0 < 8.0 × 10−7 TeV−2 [124,125]

K 0 − K
0
: Im[C1

K ] 0 < 3.0 × 10−9 TeV−2 [124,125]

D0 − D
0
: Re[C1

D] 0 < 3.6 × 10−7 TeV−2 [124,125]

D0 − D
0
: Im[C1

D] 0 < 2.2 × 10−8 TeV−2 [124,125]

D0 − D
0
: Re[C4

D] 0 < 3.2 × 10−8 TeV−2 [124,125]

D0 − D
0
: Im[C4

D] 0 < 1.2 × 10−9 TeV−2 [124,125]

D0 − D
0
: Re[C5

D] 0 < 2.7 × 10−7 TeV−2 [124,125]

D0 − D
0
: Im[C5

D] 0 < 1.1 × 10−8 TeV−2 [124,125]

LFU in τ decays [40]

|gμ/ge|2 1 1.0036±0.0028 [126]

|gτ /gμ|2 1 1.0022±0.0030 [126]

|gτ /ge|2 1 1.0058±0.0030 [126]

LFV observables [40]

B(τ → μφ) 0 < 1.00 × 10−7 [127]

B(τ → 3μ) 0 < 2.5 × 10−8 [128]

B(τ → μγ ) 0 < 5.2 × 10−8 [129]

B(τ → eγ ) 0 < 3.9 × 10−8 [129]

B(μ → eγ ) 0 < 5.0 × 10−13 [130]

B(μ → 3e) 0 < 1.2 × 10−12 [131]

B(Ti)
μe 0 < 5.1 × 10−12 [132]

B(Au)
μe 0 < 8.3 × 10−13 [133]

EDMs [40]

|de| < 10−44 e · cm [134,135] < 1.3 × 10−29 e · cm [136]

|dμ| < 10−42 e · cm [135] < 1.9 × 10−19 e · cm [137]

dτ < 10−41 e · cm [135] (1.15±1.70) × 10−17 e · cm [40]

dn < 10−33 e · cm [138] < 2.1 × 10−26e · cm [139]

Anomalous [40]

Magnetic moments

ae − aSMe ±2.3 × 10−13 [140,141] (−8.9±3.6) × 10−13 [142]

aμ − aSMμ ±43 × 10−11 [45] (279±76) × 10−11 [43,45]

aτ − aSMτ ±3.9 × 10−8 [140] (−2.1±1.7) × 10−7 [143]

Odsαβ
R = (

d̄γμPRs
) (

ν̄αγ μ(1 − γ5)νβ

)
. (A.2)

The relations between the WCs of the operators above and
the LEFT ones (in the basis of Ref. [78]) are given by

[CL ]dsαβ = Nds

∑
αβ

[LV,LL
νd ]αβds ,

[CR]dsαβ = Nds

∑
αβ

[LV,LR
νd ]αβds , (A.3)

where Nds = (
√

2GFαV ∗
tdVts/π)−1. Within the SM, the

K → πνν decays are among the cleanest observables to
determine the mixing between the top quark and the light
generations as generated at loop level, as well as the mag-
nitude of CP-violating (CPV) effects in the quark sector.
The coefficients of the relevant four-fermion interaction are
[89,149,150]

[CL ]SM
dsαβ = − 1

s2
W

(
Xt + V ∗

cdVcs
V ∗
tdVts

Xα
c

)
δαβ
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[CR]SM
dsαβ = 0 , (A.4)

with Xt = 1.481, Xe
c = Xμ

c = 1.053 × 10−3, and X τ
c =

0.711 × 10−3.
In scenarios beyond the SM, these observables are highly

sensitive to new sources of both CPC and CPV flavor mixing.
In our case, at tree-level only CL is not vanishing. While at
loop level a contribution to CR is generated (and included
in the numerical analysis), it is suppressed by small down-
quarks Yukawa couplings, and thus it is negligible. The lead-
ing contributions to the WCs at mb scale, in terms of the UV
parameters, are

[CL ]dsαβ = Nds

[
λ1L∗
dα

λ1L
sβ

2M2
1

+
λ3L∗
dα

λ3L
sβ

2M2
3

+ 1

16π2
1

12

m2
t

v2

[
24V ∗

td Vts |Vtb|2
(

λ3L∗
bα λ3L

bβ

M2
3

)

−3(3 + 2 log(M2/m2
t ))

×
((

λ1L∗
dα

λ1L
kβ

2M2
1

+
λ3L∗
dα

λ3L
kβ

2M2
3

)
VtsV

∗
tk

+
(

λ1L∗
kα λ1L

sβ

2M2
1

+
λ3L∗
kα λ3L

jβ

2M2
3

)
VtkV

∗
td

)]]
+ . . . ,

[CR]dsαβ ≈ 0 . (A.5)

In the CR ≈ 0 approximation, the branching ratios for the
K+ → π+νν and KL → π0νν decays can be expressed in
terms of the SM branching ratios, via a rescaling of the SM
CL coefficient, in the following way

B(K+ → π+νν)

= B(K+ → π+νeνe)SM

∑
α,β=1,2

∣∣∣∣∣δαβ + [CL ]dsαβ

[CL ]SM
ds11

∣∣∣∣∣
2

+ B(K+ → π+ντ ντ )SM

⎡
⎣ ∑

α=1,2

⎛
⎝
∣∣∣∣∣
[CL ]dsα3

[CL ]SM
ds33

∣∣∣∣∣
2

+
∣∣∣∣∣
[CL ]ds3α

[CL ]SM
ds33

∣∣∣∣∣
2
⎞
⎠ +

∣∣∣∣∣1 + [CL ]ds33

[CL ]SM
ds33

∣∣∣∣∣
2
⎤
⎦ , (A.6)

B(KL → π0νν)

= B(KL → π0νν)SM
1

3

×
⎡
⎣ ∑

α,β=1,2

(
δαβ + Im[N−1

ds [CL ]dsαβ ]
Im[N−1

ds [CL ]SM
ds11]

)2

+
∑

α=1,2

⎛
⎝
(

Im[N−1
ds [CL ]dsα3]

Im[N−1
ds [CL ]SM

ds33]

)2

Table 4 Limits on the deviations in Z boson couplings to fermions
from LEP I and from Drell-Yan high-energy tails at LHC. Uncertain-
ties shown for the Z boson couplings include both experimental and
theoretical errors, neglecting the experimental correlations

Observable Experimental bounds

Z boson couplings Appendix A.7

δgZμL
(0.3±1.1)10−3 [144]

δgZμR
(0.2±1.3)10−3 [144]

δgZτL (−0.11±0.61)10−3 [144]

δgZτR (0.66±0.65)10−3 [144]

δgZbL (2.9±1.6)10−3 [144]

δgZcR (−3.3±5.1)10−3 [144]

Nν 2.9963±0.0074 [145]

Drell-Yan

σ(pp → μ+μ−) [146,147]

σ(pp → τ+τ−) [147,148]

+
(

Im[N−1
ds [CL ]ds3α]

Im[N−1
ds [CL ]SM

ds33]

)2
⎞
⎠

+
(

1 + Im[N−1
ds [CL ]ds33]

Im[N−1
ds [CL ]SM

ds33]

)2
⎤
⎦ , (A.7)

where [89,150]

B(K+ → π+νeνe)SM = 3.06 × 10−11 ,

B(K+ → π+ντ ντ )SM = 2.52 × 10−11 ,

B(KL → π0νν)SM = 3.4 × 10−11 .

(A.8)

The experimental bounds from NA62 [57] and KOTO [58]
(see also [151]) are

B(K+ → π+νν) = (10.6+4.0
−3.5) × 10−11 ,

B(KL → π0νν) < 3.57 × 10−9 (95%CL) .
(A.9)

NA62 expects to reach a final sensitivity of about 10% of
the SM K+ → π+νν breaching ratio [82], while KOTO
expects a future 95%CL upper limit for B(KL → π0νν) of
about 1.8 × 10−10 at the end of stage-I. A proposed KOTO
upgrade (stage-II) [83] or the KLEVER proposal at CERN
[84] would be able to reach a final 20% sensitivity of the SM
rate.

Assuming that the contribution in ντ is the dominant one
we get the following approximate numerical expressions
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1010B(K+ → π+νν)

≈ 0.61 + 0.25

∣∣∣∣∣1 + (1.58 − i0.51)
λ1L∗
dτ λ1L

sτ

|Vtd ||Vts |m2
1

+(1.45 − i0.47)
λ3L∗
dτ λ3L

sτ

|Vtd ||Vts |m2
3

+ . . .

∣∣∣∣∣
2

,

1010B(KL → π0νν)

≈ 0.23 + 0.11

(
1 − Im

[
5.4

λ1L∗
dτ λ1L

sτ

|Vtd ||Vts |m2
1

+4.9
λ3L∗
dτ λ3L

sτ

|Vtd ||Vts |m2
3

]
+ . . .

)2

, (A.10)

where mi = Mi/TeV.

A.2 KL(S) → μμ and KL → π0��

The standard notation for the effective operators relevant to
the s → d�+�− rare processes is

Hsd��
eff ⊃ −4GF√

2

α

4πs2
W

∑
i

CiOi , (A.11)

where the Ci are evaluated at ms scale and the operators Oi

are defined as

O(′)sd��
9 = (s̄γαPL(R)d)(�̄γ α�) ,

O(′)sd��
10 = (s̄γαPL(R)d)(�̄γ αγ5�) ,

O(′)sd��
S = (s̄ PR(L)d)(�̄�) ,

O(′)sd��
P = (s̄ PR(L)d)(�̄γ5�) . (A.12)

The expressions for the WCs of the above operators in terms
of the LEFT ones are

Csd��
9(10) = N−1

sd

2

(
[LV,LR

de ]sd��±[LV,LL
ed ]��sd

)
,

C′sd��
9(10) = N−1

sd

2

(
[LV,RR

ed ]��sd±[LV,LR
ed ]��sd

)
,

Csd��
S(P) = N−1

sd

2

(
[LS,RR

ed ]��sd±[LS,RL
ed ]∗��sd

)
,

C′sd��
S(P) = N−1

sd

2

(
[LS,RL

ed ]��sd±[LS,RR
ed ]∗��sd

)
. (A.13)

whereNsd = 4GF√
2

α

4πs2
W

. In the Standard Model, the only non

vanishing coefficients are [112]

Csd��
9,SM = −Csd��

10,SM = (
V ∗
csVcdYNL + V ∗

tsVtdY (xt )
)

. (A.14)

with YNL = 3 × 10−4 and Y (xt ) = 0.94. In our analysis,
the above coefficients are computed at one-loop level. The
short-distance contributions to the branching ratios for the
leptonic KL → μμ and KS → μμ decays are given by

B(KL → μ+μ−)SD

= τKL f 2
KG

2
Fα2

32π3mK s4
W

√√√√1 − 4m2
μ

m2
K⎡

⎣(m2
K − 4m2

μ)

(
Re

(
Csdμμ
S − C′sdμμ

S

) m2
K

ms + md

)2

+m2
K

(
Re

(
Csdμμ

10,SM + Csdμμ
10 − C′sdμμ

10

)
2mμ

+ Re
(
Csdμμ
P − C′sdμμ

P

) m2
K

ms + md

)2
⎤
⎦ ,

B(KS → μ+μ−)SD

= τKS f
2
KG

2
Fα2

32π3mK s4
W

√√√√1 − 4m2
μ

m2
K

×
⎡
⎣(m2

K − 4m2
μ)

(
Im

(
Csdμμ
S − C′sdμμ

S

) m2
K

ms + md

)2

+m2
K

(
Im

(
Csdμμ

10,SM + Csdμμ
10 − C′sdμμ

10

)
2mμ

+ Im
(
Csdμμ
P − C′sdμμ

P

) m2
K

ms + md

)2
⎤
⎦ . (A.15)

To these one should add the SM long-distance contribu-
tion, dominated by the intermediate KL ,S → γ ∗γ ∗ →
μ+μ− process. Calculating this in the SM proves to be
very challenging (see e.g. Refs. [85,114]) and while for the
KS mode the long-distance component can be estimated to
about ≈ 30% accuracy, BLD = B(KS → μ+μ−)LD =
(5.18±1.50) × 10−12 [114], for the KL mode the situa-
tion is worsened by the unknown sign of the amplitude
A(KL → γ γ ).

For the rare semileptonic KL decays, we neglect the con-
tributions from operators that are not generated at tree-level,
which are also the ones not interfering with the SM interac-
tion. Therefore, we apply a rescaling, with respect to SM, of
the left-handed coefficient Csd��

9 − Csd��
10

B(KL → π0μ+μ−) = B(KL → π0μ+μ−)SM

×
⎛
⎝1 + Im[Csdμ+μ−

9 − Csdμ+μ−
10 ]

Im[Csdμ+μ−
9,SM − Csdμ+μ−

10,SM ]

⎞
⎠

2

,

B(KL → π0e+e−) = B(KL → π0e+e−)SM

×
⎛
⎝1 + Im[Csde+e−

9 − Csde+e−
10 ]

Im[Csde+e−
9,SM − Csde+e−

10,SM ]

⎞
⎠

2

,

(A.16)

where the SM WCs are as in Eq. A.14 and

B(KL → π0μ+μ−)SM = (1.5±0.3) × 10−11 [116] ,

B(KL → π0e+e−)SM =(3.2+1.2
−0.8)×10−11 [118] . (A.17)
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We evaluate these observables at one-loop level; however, in
most of the regions of the parameter space, the tree-level con-
tribution is dominant. At the tree-level, the branching frac-
tions as a function of the model parameters are

B(KL → μ+μ−)SD

≈ 8.4 × 10−10

×
(

1 − 1.50 × 104 Re

[
λ3L∗

sμλ3L
dμ

M2
3 / TeV2

])2

,

B(KS → μ+μ−)

≈ BLD + 1.86 × 10−13

×
(

1 + 4.23 × 104 Im

[
λ3L∗

sμλ3L
dμ

M2
3 / TeV2

])2

,

B(KL → π0μ+μ−)

≈ (1.5±0.3) × 10−11

×
(

1 + 4.23 × 104 Im

[
λ3L∗

sμλ3L
dμ

M2
3 / TeV2

])2

,

B(KL → π0e+e−)

≈ (3.2+1.2
−0.8) × 10−11

×
(

1 + 4.23 × 104 Im

[
λ3L∗

seλ
3L

de

M2
3 / TeV2

])2

.

(A.18)

The experimental bounds, at 95% CL, on the studied Kaon
branching fractions, whose expressions in the model are
shown in the previous equations, are the following

B(KL → μ+μ−)SD � 2.5 × 10−9 [85] ,

B(KS → μ+μ−) < 2.5 × 10−10 [115] ,

B(KL → π0μ+μ−) < 4.5 × 10−10 [117] ,

B(KL → π0e+e−) < 2.8 × 10−10 [119].

(A.19)

A.3 LFV in Kaon decays

The LFV Kaon decays are absent in SM; thus any non zero
value for the KL → μe branching ratio would be a signal of
NP. In terms of LEFT coefficients in the San Diego basis [78],
the branching ratios for the two leptonic channels KL →
μ−e+ and KL → e−μ+ decays are given by (see also Ref.
[152]):

B(KL → μ−e+)

= τKL f 2
KmKm2

μ

128π

(
1 − m2

μ

m2
K

)2

×
[∣∣∣∣
(
[LV,LR

ed ]μesd − [LV,LL
ed ]μesd + (s ↔ d)

)

− m2
K

mμ(ms + md )

(
[LS,RR

ed ]eμds − [LS,RL
ed ]eμds + (s ↔ d)

)∗ ∣∣∣∣
2

+
∣∣∣∣
(
[LV,RR

ed ]μesd − [LV,LR
de ]sdμe + (s ↔ d)

)

− m2
K

mμ(ms + md )

(
[LS,RR

ed ]μesd − [LS,RL
ed ]μesd + (s ↔ d)

) ∣∣∣∣
2]

,

B(KL → μ+e−)

= τKL f 2
KmKm2

μ

128π

(
1 − m2

μ

m2
K

)2

×
[∣∣∣∣
(
[LV,LR

ed ]μesd − [LV,LL
ed ]μesd + (s ↔ d)

)

+ m2
K

mμ(ms + md )

(
[LS,RR

ed ]μesd − [LS,RL
ed ]μesd + (s ↔ d)

) ∣∣∣∣
2

+
∣∣∣∣
(
[LV,RR

ed ]μesd − [LV,LR
de ]sdμe + (s ↔ d)

)

+ m2
K

mμ(ms + md )

(
[LS,RR

ed ]eμds − [LS,RL
ed ]eμds + (s ↔ d)

)∗ ∣∣∣∣
2]

,

(A.20)

where we approximatedmμ 
 me. In our analysis, the LEFT
coefficients are computed at one-loop level. However, in the
relevant parameter space the tree-level contribution from S3

exchange is dominant. In this approximation we have

B(KL → μ−e+) ≈ B(KL → μ+e−)

≈ 2.5 × 10−2

∣∣∣∣∣
λ3L∗
dμ

λ3L
se + λ3L∗

sμ λ3L
de

m2
3

∣∣∣∣∣
2

,

(A.21)

where m3 = M3/TeV. The experimental bound, at 95% CL,
on this LFV Kaon branching fraction is [120]

B(KL → μ±e∓) < 4.7 × 10−12 . (A.22)

The contributions to LFV Kaon decays K+ → π+μ−e+
and K+ → π+e−μ+ can be described following Refs. [152,
153]. For simplicity, and since these will not be the most
constraining observables in our model, we keep only the tree-
level contribution from the S3 exchange:

B(K+ → π+μ−e+) ≈ 1.1 × 10−3

∣∣∣∣∣
λ3L
dμ

∗
λ3L
se

m2
3

∣∣∣∣∣
2

,

B(K+ → π+e−μ+) ≈ 1.1 × 10−3

∣∣∣∣∣
λ3L
de

∗
λ3L
sμ

m2
3

∣∣∣∣∣
2

.

(A.23)

The recent NA62 constraint on the first decay is B(K+ →
π+μ−e+) < 6.6 × 10−11 at 90% CL [121]. The best bound
on the second decay mode is instead still from KTeV at BNL:
B(K+ → π+e−μ+) < 1.3 × 10−11 at 90% CL [122].

A.4 Rare D-meson decays

While in general charm physics suffers from large uncer-
tainties in the theory predictions, some channels offer good
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sensitivity to NP [106,108,154]. Particularly relevant to our
setup are the D0 → �+�− and D+ → π+�+�− decays,
which probe the FCNC c → u�+�− transition. These can
be described by the following effective Hamiltonian at the
μc = mc scale:

Hcu��
eff ⊃ − 4GF√

2

α

4π

⎡
⎣ ∑
i �=T,T 5

(CiOi + C′
iO′

i

) +
∑

i=T,T 5

CiOi

⎤
⎦ , (A.24)

with

O�(′)
9 = (ūγα PL(R)c)(�̄γ α�) , O�(′)

10 = (ūγα PL(R)c)(�̄γ αγ5�) ,

O�(′)
S = (ū PR(L)c)(�̄�) , O�(′)

P = (ū PR(L)c)(�̄γ5�) .

O(′)
7 = mc

e (ūσμν PR(L)c)Fμν , O(′)
8 = mcgs

e2 (ūσμνT a PR(L)c)G
μν
a ,

O�
T (T 5) = 1

2 (ūσμνc)(�̄σμν(γ5)�) .

(A.25)

In the SM the only short-distance contributions arise along
the C7 and C�

9 coefficients (see e.g. [106] and references
therein), while long-distance contributions are very challeng-
ing to evaluate due to mc ∼ �QCD and can reliably be com-
puted only on the lattice. The purely leptonic decays are dom-
inated by the long-distance contribution D0 → γ ∗γ ∗ →
�+�−, which gives a branching ratio estimated to be of order
∼ 10−11. On the other hand the present experimental con-
straints at 95%CL are still larger by several orders of magni-
tude:

B(D0 → e+e−) < 7.9 × 10−8 ,

B(D0 → μ+μ−) < 6.2 × 10−9 ,

B(D0 → μ±e∓) < 1.3 × 10−8 . (A.26)

For this reason, when setting limits on NP one can thus safely
neglect the SM contribution, writing the branching ratio as:

B(D0 → μ+μ−)

=
G2
Fα2m5

D0 f 2
D0

64π3m2
c�D

√√√√1 − 4m2
μ

m2
D0

[(
1 − 4m2

μ

m2
D

) ∣∣∣Cμ
S − Cμ′

S

∣∣∣2

+
∣∣∣∣∣C

μ
P − Cμ′

P + 2mμmc

m2
D0

(
Cμ

10 − Cμ′
10

)∣∣∣∣∣
2
⎤
⎦ , (A.27)

where fD0 ≈ 206.7MeV, mD0 ≈ 1864.83MeV, τD0 ≈
4.101 × 10−13s.

Also in the semileptonic decay D+ → π+�+�− one can
neglect the SM contribution, given the present experimental
accuracy. The 95%CL limit on the muonic channel gives the
constraint [106,108]:

1.3|C+
7 |2 + 1.3|Cμ+

9 |2 + |Cμ+
10 |2 + 2.6|Cμ+

S |2
+ 2.7|Cμ+

P |2 + 0.4|Cμ
T |2 + 0.4|Cμ

T 5|2

+ 0.3 Re
[
Cμ+

9 Cμ∗
T

]
+ 1.1 Re

[
Cμ+

10 Cμ+∗
P

]

+ 2.6 Re
[
C+

7 Cμ+∗
9

]
+ 0.6 Re

[
C+

7 Cμ∗
T

]
< 1 , (A.28)

where C+
i = Ci +C′

i . In terms of the LEFT coefficients at the
mc scale, the Ci ’s are given by:

C�
9 = 1

2Ncu

(
[LV,LR

ue ]uc�� + [LV,LL
eu ]��uc

)
,

C�
10 = 1

2Ncu

(
[LV,LR

ue ]uc�� − [LV,LL
eu ]��uc

)
,

C�′
9 = 1

2Ncu

(
[LV,RR

eu ]��uc + [LV,LR
eu ]��uc

)
,

C�′
10 = 1

2Ncu

(
[LV,RR

eu ]��uc − [LV,LR
eu ]��uc

)
,

C7 = 1

Ncu

e

mc
[Luγ ]uc ,

C′
7 = 1

Ncu

e

mc
[Luγ ]∗cu ,

CS = CP = 1

2Ncu
[LS,RR

eu ]��uc ,

C′
S = −C′

P = 1

2Ncu
[LS,RR

eu ]∗��cu ,

C�′
T = 1

Ncu

(
[LT,RR

eu ]��uc + [LT,RR
eu ]∗��cu

)
,

C�′
T 5 = 1

Ncu

(
[LT,RR

eu ]��uc − [LT,RR
eu ]∗��cu

)
, (A.29)

where Ncu = 4GF√
2

α
4π

. While in our numerical analysis we
keep all the one-loop contributions to these coefficients aris-
ing from the two LQs (including one-loop matching and
RGE), for illustrative purposes we report here only the tree-
level contributions, which are expected to give the dominant
terms. In this limit, the only non-vanishing coefficients are:

(0)
��uc = Vui V

∗
cj

(
λ1L∗
i� λ1L

j�

2M2
1

+ λ3L∗
i� λ3L

j�

2M2
3

)
,

[LV,RR
eu ](0)

��uc = λ1R∗
u� λ1R

c�

2M2
1

,

[LS,RR
eu ](0)

��uc = −4[LT,RR
eu ](0)

��uc = −Vui
λ1L∗
i� λ1R

c�

2M2
1

.

(A.30)

A.5 b → dμμ and b → dee decays

We consider the leptonic branching ratios

B(B0 → μ+μ−) , B(B0 → e+e−) , (A.31)

and the semileptonic ones

B(B+ → π+μ+μ−) , B(B+ → π+e+e−) . (A.32)

At partonic level, these processes are induced by the same
low-energy operators as b → dμμ and b → dee, respec-
tively. Among these operators, the ones that in our framework
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can arise at tree-level are

Odb��
9 = (d̄γαPL(R)b)(�̄γ α�) ,

Odb��
10 = (d̄γαPL(R)b)(�̄γ αγ5�) .

(A.33)

where � = μ, e. The expressions for the WCs of the above
operators in terms of the LEFT ones are

Cdb��9(10) = N−1
db
2

(
[LV,LR

de ]db��±[LV,LL
ed ]��db

)
, (A.34)

where Ndb = 4GF√
2

α
4π

V ∗
tdVtb.

In our model, the tree-level generated effective vertices
lead to left-handed four-fermion interactions with C9

db�� =
−C10

db��, which are the ones that interfere with the SM pro-
cesses. The effective Lagrangian for these processes also con-
tains scalar (O(′)db��

S ) and pseudoscalar (O(′)db��
P ) semilep-

tonic operators, as well as dipoles (O(′)db
7 ) and other two

vector four-fermion operators (O′db��
9(10) ). However, their con-

tributions to the b → dμμ(ee) transitions is negligible in the
S1+ S3 model with respect to the one coming from the oper-
ators in Eq. (A.33). Therefore, we take into account only the
C9
db�� and C10

db�� contributions to the considered B-mesons
decays, including however, in the numerical analysis, also
the one-loop corrections to these coefficients. The branching
ratios are given then by,

B(B0 → �−�+)

= B(Bd → �−�+)SM

∣∣∣∣∣1 + C10
db��

C10 SM
db��

∣∣∣∣∣
2

,

B(B+ → π+�+�−)

= B(B+ → π+�+�−)SM

∣∣∣∣∣1 + C9
db�� − C10

db��

C9 SM
db�� − C10 SM

db��

∣∣∣∣∣
2

,

(A.35)

where [155]

C9,SM
db�� = −C10,SM

db�� = 4.2 . (A.36)

The SM predictions are [98,99],

B(B0 → μμ)SM = (1.06±0.09) × 10−10 ,

B(B+ → π+μ−μ+)SM = (2.04±0.21) × 10−8 ,

B(B0 → ee)SM = (2.48±0.21) × 10−15 ,

B(B+ → π+e−e+)SM = (2.04±0.24) × 10−8 .

(A.37)

The branching ratios are measured for the case of the muons
[100,101],

B(B0 → μμ)exp = (1.1±1.4) × 10−10 ,

B(B+ → π+μ−μ+)exp = (1.83±0.24) × 10−8 ,
(A.38)

while for the electrons only upper bounds exists so far [58],

B(B0 → ee)exp < 8.3 × 10−8 ,

B(B+ → π+e−e+)exp < 8 × 10−8 .
(A.39)

Numerically, at tree-level, we get:

B(B0 → �−�+)

B(B0 → �−�+)SM
= B(B+ → π+�−�+)

B(B+ → π+�−�+)SM

≈
∣∣∣∣∣1 + 139.23

λ3L
b� λ3L∗

d�

M2
3 / TeV2

∣∣∣∣∣
2

. (A.40)

A.6 μ–e conversion in nuclei

Searches for μ–e conversion in nuclei yield competitive LFV
constraints on LQ interactions coupling light quarks to elec-
trons and muons. The relevant observable is the branching
ratio

BRμe = �conversion

�capture
, (A.41)

where �conversion denotes the rate of conversion of a muon
captured by the 1s nucleus A to an electron μA → e + A
and �capture the normalising rate μA → νμ + A.

The current upper bounds are

BR(Ti)
μe < 4.3 × 10−12 and

BR(Au)
μe < 7 × 10−13 (90% CL) , (A.42)

as set by experiments on titanium [132] and gold tar-
gets [133], respectively. The COMET (JPARC) [59] and
Mu2e (Fermilab) [60–62] experiments are expected to reach
the 10−16 sensitivity, while the PRISM proposal at JPARC
aims at the 10−18 level.

Numerical calculations of the relevant transition matrix
elements in the different nuclei [156] yield the following
formula for the conversion rates

�conversion

= 2G2
F

∣∣∣A∗
RD + (2g(u)

LV + g(d)
LV )V (p) + (g(u)

LV

+2g(d)
LV )V (n)

+(G(u,p)
S g(u)

LS + G(d,p)
S g(d)

LS + G(s,p)
S g(s)

LS)S
(p)

+(G(u,n)
S g(u)

LS + G(d,n)
S g(d)

LS + G(s,n)
S g(s)

LS)S
(n)
∣∣∣
2

+ (L ↔ R). (A.43)

The numerical factors that are the same for both nuclei are
G(u,p)

S = G(d,n)
S = 5.1, G(d,p)

S = G(u,n)
S = 4.3, and

G(s,p)
S = G(s,n)

S = 2.5 [157] and the ones that are different
are presented in Table 5. The various expressions containing
WCs are given in the LEFT basis by

g(q)
LV =

√
2

GF

(
[LV,LL

eq ]eμqq + [LV,LR
qe ]qqeμ

)
,

g(q)
RV =

√
2

GF

(
[LV,RR

eq ]eμqq + [LV,LR
eq ]eμqq

)
,
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Table 5 Data relevant for the μ → e conversion in nuclei [156]

Nucleus D[10−9GeV] V (p)[10−9GeV] V (n)[10−9GeV]
Ti48

22 9.91 4.54 5.37

Au197
79 21.68 11.17 16.75

S(p)[10−9GeV] S(n)[10−9GeV] �capture[106s−1]
Ti48

22 4.22 4.99 2.59

Au197
79 7.04 10.53 13.07

g(q)
LS =

√
2

GF

(
[LS,RR

eq ]eμqq + [LS,RL
eq ]eμqq

)
,

g(q)
RS =

√
2

GF

(
[LS,RR

eq ]∗μeqq + [LS,RL
eq ]∗μeqq

)
,

AL =
√

2e

4GFmμ

[Leγ ]μe ,

AR =
√

2e

4GFmμ

[Leγ ]∗μe . (A.44)

In the model these receive both tree-level and loop contribu-
tions and, since the tree-level ones are typically suppressed
by small couplings to 1st generation, loop effects are impor-
tant and the expressions are quite cumbersome. Expanding
numerically these coefficients, the terms with largest numer-
ical pre-factor are (mi ≡ Mi/ TeV):

guLV ≈ 0.065
V ∗
ui Vu jλ

1L∗
ie λ1L

iμ

m2
1

+ 0.060
V ∗
ui Vu jλ

3L∗
ie λ3L

iμ

m2
3

+ . . . ,

gd(s)
LV ≈ 0.12

λ3L∗
d(s)eλ

3L
d(s)μ

m2
3

+ . . . ,

guRV ≈ 0.062
λ1R∗
ue λ1R

uμ

m2
1

+ . . . , gd(s)
RV ≈ 0 ,

guLS ≈ −0.11
V ∗
uiλ

1L∗
ie λ1R

uμ

m2
1

+ . . . , gd(s)
LS ≈ 0 ,

guRS ≈ −0.11
Vuiλ

1L
iμ λ1R∗

ue

m2
1

+ . . . , gd(s)
RS ≈ 0 ,

AL ≈ 0.055
λ1L∗
bμ λ1R

te

m2
1

(1 + logm2
1) + . . . ,

AR ≈ 0.055
λ1L
be λ1R∗

tμ

m2
1

(1 + logm2
1) + . . . . (A.45)

A.7 Z boson couplings

The couplings of the Z boson have been measured very pre-
cisely at LEP 1. At one-loop, the LQ model generates contri-
butions to these very well measured quantities, which pose
strong constraints on the model. The RGE-induced contribu-
tions in models aimed at addressing the B-anomalies have

first been studied in Refs. [158–160]. Here we include the
effect of finite corrections from the one-loop matching.

The pseudo-observables corresponding to the effective
couplings of the Z boson to fermions, GZ

ψ , are defined from

the residues of the Z pole in the e+e− → ψψ̄ scattering
amplitude (see e.g. [144] and references therein). In gen-
eral, both in the SM and in the SMEFT, radiative corrections
induce absorptive parts to these pseudo-observables, which
are therefore complex parameters. In the standard approach,
used also by LEP to set limits on BSM contributions to the
pole couplings, absorptive parts from the SM are included
in the SM prediction, while it is assumed that BSM con-
tributions are real, by defining real effective couplings as
gZψ = Re(GZ

ψ) [144].7 This is justified by the fact that absorp-
tive parts due to BSM corrections are typically much smaller
than the corresponding real parts and below the experimental
sensitivity (we also show this explicitly numerically below).

One can extract the SM contribution to the effective cou-
plings as gZψ = [gZψ ]SM + δgZψ , where in the SM at tree-level

one has [gZψ ]SM,tree
i j = δi j (T

ψ
3L − Qψ s2

θ ). The measurements
of these pseudo-observables and the predictions for the SM
contributions can be found in [144]. Also often used is the
effective number of neutrino species at the Z peak, which
depends on the couplings to neutrinos as

Nν =
∑
αβ

∣∣∣∣∣δαβ + [δgZν ]αβ

[gZν ]SM

∣∣∣∣∣
2

, (A.46)

where [gZν ]SM ≈ 0.502. The latest update on the extraction
of Nν from LEP data is given in [145]. We collect in Table 4
the limits used in our fit.

Working at one-loop accuracy, there are two possible con-
tributions to these pseudo-observables in our setup: tree-level
contributions from the SMEFT operators (which include one-
loop matching from the UV model at a scale M and RGE
from M to the scale μ)8 and one-loop matrix elements for
Z → ψψ̄ from the tree-level generated semileptonic opera-
tors. The result is:

[δgZeL ]αβ ≈ − v2 Re

[
1

2
[C (1+3)

H� ](1)
αβ (μ)

+ Nc

16π2 [C (1−3)
�q ](0)

αβi i I
MS
L (ui ,m

2
Z , μ)

]
,

[δgZeR ]αβ ≈ − v2 Re

[
1

2
[CHe](1)

αβ (μ)

+ Nc

16π2 [Ceu](0)
αβi i I

MS
R (ui ,m

2
Z , μ)

]
,

7 When working at leading-order, the Z -pole coupings pseudo-
observables can be put in correspondence to these effective Lagrangian
couplings: Le f f = − g

cθ
[gZψ ]i j Zμ(ψ̄iγ

μψ j ).
8 There might be some indirect contributions via modifications to GF ,
but are negligible in our model.
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[δgZν ]αβ ≈ − v2 Re

[
1

2
[C (1−3)

H� ](1)
αβ (μ)

+ Nc

16π2 [C (1+3)
�q ](0)

αβi i I
MS
L (ui ,m

2
Z , μ)

]
,

[δgZdL ]i j ≈ − v2

2
Re

[
[C (1+3)

Hq ](1)
i j (mZ )

]
,

[δgZuL ]i j ≈ − v2

2
Re

[
VikV

∗
jl [C (1−3)

Hq ](1)
kl (mZ ))

]
,

[δgZuR ]i j ≈ − v2

2
Re

[
[CHu](1)

i j (mZ )
]

,

[δgZdR ]i j ≈ − v2

2
Re

[
[CHd ](1)

i j (mZ )
]
, (A.47)

where μ is the scale at which the operators are evaluated,
C (1±3)
X = C (1)

X ±C (3)
X , and we included only one-loop matrix

elements from up-type quark loops, since the top quark gives
the dominant effect and we want to also describe the effect
of possible large couplings to cR . The expressions for the
one-loop matching of the SMEFT operators to the LQ model
can be found in [64]. The loop functions are given by

v2 I MS
L (ui , q

2, μ) = 1

9

[
5q2(1 − 3s2

θ ) − 6m2
ui (1 + 6s2

θ )

−3
(
m2
ui − q2 + 3(2m2

ui + q2)s2
θ

)

DiscB(q2,mui ,mui )

+3(−3m2
ui + q2 − 3q2s2

θ ) log
μ2

m2
ui

]
,

v2 I MS
R (ui , q

2, μ) = −5

3

[
q2s2

θ + m2
ui (2 − 4s2

θ )

+
(
m2
ui − (2m2

ui + q2)s2
θ

)

×DiscB(q2,mui ,mui )

+(m2
ui − q2s2

θ ) log
μ2

m2
ui

]
,

DiscB(q2,m,m) =
√
q2(q2 − 4m2)

q2

× log
2m2 − q2 +

√
q2(q2 − 4m2)

2m2 .

(A.48)

As expected, the dependence on the arbitrary scale μ

cancels between the logarithm inside the IL/R integrals
and the RGE terms present inside the one-loop coeffi-
cients [C](1)(μ). We note that in case of light quarks, the
logarithm inside the DiscB function combines with the
log μ2/m2

ui terms to give ≈ log μ2/m2
Z , as expected. Numer-

ically, one has I MS
L (c,m2

Z , μ = 1.5 TeV) = 0.102 +
i0.044, I MS

R (c,m2
Z , μ = 1.5 TeV) = −0.23 − i0.10 while

I MS
L (t,m2

Z , μ = 1.5 TeV) = −1.91 and I MS
R (t,m2

Z , μ =
1.5 TeV) = 1.83. Furthermore, in the limit q2 → 0,

I MS
R,L (t, 0, μ) ≈ ±m2

t

v2 log
μ2

m2
Z

= ±1.95 log

(
μ2

1.5 TeV2

)
.

(A.49)

From this is clear that the contributions from top loops
(purely real) are a factor of ∼ 10 larger than contributions
from charm (that generates also absorptive terms).

When all contributions are included, and normalizing LQ
masses to 1 TeV by defining mi ≡ Mi/ TeV, numerical
expressions are:

103δgZeαL ≈0.80
(λ3L

bα )2

m2
3

(1 + 0.35 logm2
3)

+ 0.59
(λ1L

bα )2

m2
1

(1 + 0.39 logm2
1)

+ 0.11
(λ3L

sα )2

m2
3

− 0.10
(λ1L

sα )2

m2
1

+ . . . , (A.50)

103δgZνα
≈1.31

(λ3L
bα )2

m2
3

(1 + 0.37 logm2
3)

+ 0.11
(λ1L

bα )2

m2
1

+ 0.11
(λ1L

sα )2

m2
1

− 0.16
λ3L
bαλ3L

sα

m2
3

+ . . . , (A.51)

103δgZeαR ≈ − 0.67
(λ1R

tα )2

m2
1

(1 + 0.37 logm2
1)

+ 0.059
(λ1R

cα )2

m2
1

+ 0.030
(λ1R

uα )2

m2
1

+ . . . , (A.52)

103δgZbL ≈ − 0.044
(λ1L

bτ )2 + (λ1L
bμ)2

m2
1

+ . . . , (A.53)

103δgZcR ≈ − 0.014
(λ1R

cτ )2 + (λ1R
cμ)2

m2
1

+ . . . , (A.54)

where the dots represent smaller, thus negligible, contribu-
tions given the present experimental sensitivity.

A.8 ε′
K /εK

The observable ε′
K /εK is strongly suppressed within the SM,

not only due to the CKM hierarchy but also to an accidental
SM low-energy property (the so-called 
I = 1/2 rule). Con-
sequently this observable is a particularly sensitive probe of
non-standard sources of both CP and flavor symmetry break-
ing. The experimental world average [58] reads
(
ε′
K /εK

)
exp = (16.6±2.3) × 10−4 . (A.55)
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The main difficulty in making predictions for ε′
K /εK resides

with the theory side. The uncertainty on the SM calculation
is plagued by long-distance effects on the hadronic matrix
elements of the relevant operators. The value we use in the
present work is taken from [123]
(
ε′
K /εK

)
SM ≈ (15±7) × 10−4, (A.56)

and it is also in good overall agreement with other recent
results [161,162].

The master formula [163] for the NP contribution is given
by
(
ε′
K /εK

)
NP =

∑
i

Pi (μew)Im
[
Ci(μew) − C′

i(μew)
]
.

(A.57)

In Table 6 we list all the relevant operators Qi that are non-
vanishing in our framework, together with their WCs Ci and
the respective Pi values. The relations between these WCs
and the LEFT ones are given by

Cui
V LL = [LV 1,LL

ud ]ui ui sd , Cui
V LR = [LV 1,LR

du ]sdui ui ,

C̃ui
V LL = 1

2
[LV 8,LL

ud ]ui ui sd ,

C̃ui
V LR = 1

2
[LV 8,LR

du ]sdui ui , Cdi
V LL = [LV,LL

dd ]sddi di ,

Cdi
V LR = [LV 1,LR

dd ]sddi di ,

Cdi
SLR = −[LV 8,LR

dd ]di dsdi . (A.58)

where ui can be the u or c quark and di the d, s or b quark.
The C ′

i are the WCs of the corresponding chirality-flipped
operators obtained by interchanging PL ↔ PR . Keeping
only the terms with the largest numerical pre-factors in our
model, we find the approximate expression (mi ≡ Mi/ TeV):

(
ε′
K /εK

)
NP

≈ 10−6 2.4((λ1R
tμ )2 + (λ1R

tτ )2) − 0.3(λ1R
cμλ1R

tμ + λ1R
cτ λ1R

tτ )

m2
1

+ 10−8 ((λ1L
sμ)2 + (λ1L

sτ )2 − 2λ1L
sτ λ1L

uτ ) logm2
1

m2
1

+ 10−8 1.1((λ3L
sμ)2 + (λ3L

sτ )2)(1 + logm2
3)

m2
3

. (A.59)

A.9 Neutron EDM

Electric dipole moments (EDMs) can be strong probes of
CP-violating effects in leptoquark scenarios [164,165]. We
discussed lepton EDMs constraints for S1 and S3 in [40] and
focus here on the neutron EDM. EDMs are CP-odd observ-
ables whose measurements can set bounds on the imaginary

Table 6 The operators corresponding to the WCs entering the master
formula for NP effects in Eq. (A.57) (and are non-vanishing in the
S1 + S3 framework) and the respective Pi values

Qi Pi

Qu
V LL = (s̄iγμPLdi )(ū jγ μPLu j ) −3.3±0.8

Qu
V LR = (s̄iγμPLdi )(ū jγ μPRu j ) −124±11

Q̃u
V LL = (s̄iγμPLd j )(ū jγ μPLui ) 1.1±1.2

Q̃u
V LR = (s̄iγμPLd j )(ū jγ μPRui ) −430±40

Qd
V LL = (s̄iγμPLdi )(d̄ jγ μPLd j ) 1.8±0.5

Qd
V LR = (s̄iγμPLdi )(d̄ jγ μPRd j ) 117±11

Qd
SLR = (s̄i PLdi )(d̄ j PRd j ) 204±20

Qs
V LL = (s̄iγμPLdi )(s̄ jγ μPLs j ) 0.1±0.1

Qs
V LR = (s̄iγμPLdi )(s̄ jγ μPRs j ) −0.17±0.04

Qs
SLR = (s̄i PLdi )(s̄ j PRs j ) −0.4±0.1

Qc
V LL = (s̄iγμPLdi )(c̄ jγ μPLc j ) 0.5±0.1

Qc
V LR = (s̄iγμPLdi )(c̄ jγ μPRc j ) 0.8±0.1

Q̃c
V LL = (s̄iγμPLd j )(c̄ jγ μPLci ) 0.7±0.1

Q̃c
V LR = (s̄iγμPLd j )(c̄ jγ μPRci ) 1.3±0.2

Qb
V LL = (s̄iγμPLdi )(b̄ jγ μPLb j ) −0.33±0.03

Qb
V LR = (s̄iγμPLdi )(b̄ jγ μPRb j ) −0.22±0.03

Q̃b
V LL = (s̄iγμPLd j )(b̄ jγ μPLbi ) 0.3±0.1

Q̃b
V LR = (s̄iγμPLd j )(b̄ jγ μPRbi ) 0.4±0.1

parts of the model parameters. Neutron EDM, in particular,
receives contributions from the short range QCD interac-
tions involving the EDMs dq and chromo-EDMs (cEDMs)
d̂q of the light quarks (u, d and s) that are valence quarks
of the nucleon. These (c)EDMs are defined by the following
Lagrangian

L(c)EDM = −i
dq
2

q̄σμνγ5q Fμν − i
d̂q
2

q̄σμνT aγ5q Ga
μν .

(A.60)

The quark dipole moments can be expressed in terms of the
LEFT WCs

du = − Im
(
2[Luγ ]uu(1GeV)

)
,

d̂u = − Im (2[LuG]uu(1GeV)) ,

dd = − Im
(
2[Ldγ ]dd(1GeV)

)
,

d̂d = − Im (2[LdG]dd(1GeV)) ,

ds = − Im
(
2[Ldγ ]ss(1GeV)

)
,

d̂s = − Im (2[LdG]ss(1GeV)) , (A.61)

where 1GeV is the neutron mass scale. One should notice,
however, that in our model there is not any imaginary part
for the Ldγ (dG) coefficients, as a consequence of the fact that
the S1 LQ is not coupled to right-handed down quarks. In
principle, the neutron EDM receives a contribution from the
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CP-odd gluon Weinberg operator (O3G̃) as well. However,
in our model this operator arises at two-loops level.

The neutron EDM can be expressed in terms of the quark
(c)EMDs as follows

dn = − v√
2

(
βuG
n d̂u + βdG

n d̂d + β
uγ
n du + β

dγ
n dd + β

sγ
n ds

)

= − v√
2

(
βuG
n d̂u + β

uγ
n du

)
, (A.62)

where the β
qV
n are the hadronic matrix elements and in the

second line we have taken into account the fact that in our
model the down quark dipoles are vanishing. For the cEDMs
the β

qG
n factors are estimated using QCD sum rules and

they are βuG
n = −2+1.5

−0.8 × 10−4e fm and βdG
n = −4+3.1

−1.7 ×
10−4e fm [166,167]; one can notice that there are currently
affected by a large uncertainty, bigger than 50%. The con-
tributions from the strange quark cEDM are cancelled if a
Peccei-Quinn mechanism is used to remove the contribu-
tion from the QCD θ -term [168]. The β

qγ
n matrix elements

are evaluated with lattice QCD [169–172] and their most
recent estimates are − v√

2
β
uγ
n = −0.204+0.011

−0.010, − v√
2
β
dγ
n =

+0.784±0.028 and − v√
2
β
sγ
n = −0.0027±0.0016.

The experimental bound, on the absolute value of the neu-
tron EDM, at 90% CL is [139]

|dn| < 1.8 × 10−26e · cm . (A.63)

In our analysis, for simplicity we take into account the central
values for the hadronic matrix elements. We find that EDMs
give negligible contributions in constraining the model once
the other observables entering the fit are taken into account.
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