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Abstract After the discovery of the double-charm baryon
�++

cc by LHCb, one of the most important topics is to search
for the bottom-charm baryons which contain a b quark, a c
quark and a light quark. In this work, we study the two-body
non-leptonic weak decays of a bottom-charm baryon into a
spin-1/2 bottomed baryon and a light pseudoscalar meson
with the short-distance contributions calculated under the
factorization hypothesis and the long-distance contributions
considering the final-state-interaction effects. The branch-
ing fractions of all fifty-seven decay channels are estimated.
The results indicate that �+

bc → �0
bπ

+, �0
bc → �−

b π+
and �0

bc → �−
b π+ decay modes have relatively large decay

rates and thus could be used to experimentally search for the
bottom-charm baryons. The topological diagrams and the
SU(3) symmetry of bottom-charm baryon decays are dis-
cussed.

1 Introduction

The recent discovery of the double-charm baryon �++
cc by

the LHCb collaboration [1,2] is the first observation of the
double-heavy-flavor baryons which contain two heavy-flavor
quarks (b or c) and one light quark (u, d or s) [3–5]. It
opens a new window to understand the perturbative and non-
perturbative features of the strong interaction, since their
structure of two heavy quarks in the core and one light quark
in the cloud is different from all the observed hadrons. It is
natural and important to extend our studies to search for the
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bottom-charm baryons (Bbc = �+
bc, �0

bc or �0
bc). The heavy

diquark core of bc could be somewhere different from that
of cc.

The theoretical predictions on the branching fractions of
weak decays of the bottom-charm baryons are very helpful
for the experimental searches, analogous to the case of the
observation of the double-charm baryon. There are too many
decaying modes of heavy flavor hadrons. The experimen-
tal measurements prefer the modes with the largest branch-
ing fractions and easily detected final particles. In [6], it
is suggested to search for the doubly charmed baryons via
�++

cc → �+
c K

−π+π+ and �++
cc → �+

c π+. Subsequently,
the LHCb collaboration successfully observed �++

cc through
the above suggested processes [1,2]. The importance of the-
oretical studies on the weak decays is discussed in [7,8].

The charm-quark decays dominate the decay rates of the
bottom-charm baryons, like the Bc meson. It is known that
around 70% decay rates of Bc comes from charm decays,
20% from b quark decays and 10% from bc̄ annihilation.
The large fractions from charm are induced by the dominate
weak transitions of c → s with |Vcs | ∼ 1, while the bottom
decays are suppressed by b → c with |Vcb| ∼ 4 × 10−2.
Therefore, in this work, we will study the charm decays of
theBbc baryons in order to point out the most favorable modes
for experimental searches.

The dynamics of the non-leptonic charm decays are usu-
ally difficult to be calculated due to the large non-perturbative
contributions at the charm scale [9–11]. In the recent years,
the weak decays of charmed baryon decays have been exten-
sively studied [12–38], as well as the weak decays of double-
charm or bottom-charm baryons [39–65]. In [6], the non-
leptonic decay amplitudes of the double-charm baryons are
calculated with the factorizable contributions using the fac-
torization approach and the non-factorizable contribution
considering the rescattering mechanism of the final-state-

0123456789().: V,-vol 123

http://crossmark.crossref.org/dialog/?doi=10.1140/epjc/s10052-021-09239-w&domain=pdf
mailto:hanjiajie1020@163.com
mailto:854474645@qq.com
mailto:jianghy15@lzu.edu.cn
mailto:xiaozhenjun@njnu.edu.cn
mailto:yufsh@lzu.edu.cn


  539 Page 2 of 20 Eur. Phys. J. C           (2021) 81:539 

interaction effects. The observation of �++
cc via the processes

predicted by the above theoretical framework manifests that
it is reliable for charm decays of double-heavy baryons. This
method has been systematically used to study the decays of
double-charm baryon (Bcc) into one charmed baryon and one
pseudoscalar meson (Bc P) [8], one charmed baryon and one
vector meson (BcV ) [40], and one light octet baryon and
one charmed meson (BD(∗)) [41]. In this work, we will use
the same method to study the bottom-charm baryon decay-
ing into one b-baryon and one light pseudoscalar meson,
Bbc → Bb P .

This paper is organized as follows. In Sect. 2, we describe
theoretical framework adopted in this work. The numerical
results and some discussions are collected in Sect. 3. Sum-
mary is in Sect. 4.

2 Theoretical framework

The effective Hamiltonian describes the tree-level charm
decays is given by:

He f f = GF√
2

∑

q ′=d,s

V ∗
cq ′Vuq [C1(μ)O1(μ)

+C2(μ)O2(μ)] + h.c., (1)

where V ∗
cq ′ and Vuq are CKM matrix elements, O1 and O2

are two four-fermion local operators:

O1 = (ūαqβ)V−A(q̄ ′
βcα)V−A,

O2 = (ūαqα)V−A(q̄ ′
βcβ)V−A, (2)

with C1,2 as the relevant Wilson coefficients.
Comparing with the charm-quark decay of Bc meson,

the weak decay of bc baryons can receive more compli-
cated contributions even at the tree level. These contribu-
tions can be divided into several topological diagrams which
are depicted in Fig. 1. T denotes color-favored W -external
emission diagram. Different from the weak decay of meson
which only receive one color-suppressed contribution and
one W -exchange contribution, the baryon decays have two
color-suppressed diagrams, denoted by C and C ′ in Fig. 1,
and three W -exchange diagrams described by E1, E2 and B.
The difference between these topological diagrams is from
the source of the quarks of the final-state hadrons. For exam-
ple, the two quarks of the meson of the C diagram are both
from the weak vertex, while the meson in the C ′ diagram is
formed by one spectator quark and one quark from the weak
vertex. With the analysis on the hierarchy, the topological
diagram in charmed baryon decays are almost at the same
order [66,67]. In the following, we will introduce our frame-
work how to calculate each topological diagrams, for the
short-distance and long-distance contributions, respectively.

2.1 Short-distance contributions under the factorization
hypothesis

In the calculation of the short-distance contributions, T -
topological diagram is considered as the dominating con-
tribution which can be calculated under the factorization
hypothesis. The short-distance contributions of the C dia-
gram is negligible due to its smallness compared to T dia-
gram.

The amplitude of Bbc → Bb P can be evaluated using the
hadronic transition matrix elements:

〈Bb P|He f f |Bbc〉 = GF√
2
V ∗
cq ′Vuq

∑

i=1,2

Ci 〈Bb P|Oi |Bbc〉. (3)

According to the factorization hypothesis, the matrix ele-
ments 〈Bb P|Oi |Bbc〉 can be factorized into a product of two
parts, the decay constants and the heavy-light transition form
factors. The color-favored short-distance topological ampli-
tude of the considered Bbc → Bb P weak decays can be
expressed as:

〈BbM |He f f |Bbc〉TSD
= GF√

2
V ∗
cq ′Vuqa1(μ)〈M |ūγ μ(1 − γ5)q|0〉

×〈Bb|q̄ ′γμ(1 − γ5)c|Bbc〉. (4)

Here, we also give the color-suppressed topology amplitude
for convenience:

〈BbM |He f f |Bbc〉CSD
= GF√

2
V ∗
cq ′Vuqa2(μ)〈M |q̄ ′γ μ(1 − γ5)q|0〉

×〈Bb|ūγμ(1 − γ5)c|Bbc〉, (5)

where a1(a2) represents the effective Wilson coefficients,
and a1(μ) = C1(μ) + C2(μ)/3 for the color-favored and
a2(μ) = C2(μ)+C1(μ)/3 for the color-suppressed tree W -
emission amplitudes, with the Wilson coefficients C1(μ) =
1.21 andC2(μ) = −0.42 at the typical scale of charm decays
μ = mc = 1.3 GeV [10].

In Eqs. (4) and (5), the last matrix elements can be param-
eterized into six form factors:

〈Bb(p
′, s′

z)|q ′γμ(1 − γ5)c|Bbc(p, sz)〉
= ū(p′, s′

z)
[
γμ f1(q

2) + iσμν

qν

MBbc

f2(q
2)

+ qμ

MBbc

f3(q
2)

]
u(p, sz)

− ū(p′, s′
z)

[
γμg1(q

2) + iσμν

qν

MBbc

g2(q
2)

+ qμ

MBbc

g3(q
2)

]
γ5u(p, sz),

(6)
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Fig. 1 Tree level topological diagrams for two body nonleptonic decays Bbc → Bb P of the bottom-charm baryons Bbc = (�
+,0
bc , �0

bc)

Fig. 2 The long-distance rescattering contributions to �+
bc → �0

bπ
+ at hadron level

with q = p − p′ and MBbc as the mass of Bbc. The form
factors fi and gi can be evaluated under different theoretical
models.

The first matrix elements in Eqs. (4) and (5) are defined
as decay constants:

〈P(p)|ūγ μ(1 − γ5)q|0〉 = −i fP p
μ, (7)

〈V (p)|ūγ μ(1 − γ5)q|0〉 = mV fV ε∗μ, (8)

where P is a pseudoscalar meson, and V a vector meson,
and εμ represents the polarization vector of the vector meson.
Combining Eqs. (4–8), the short-distance factorizable ampli-

123
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tudes of Bbc → Bb P are:

ASD(Bbc → Bb P) = i ūBb (A + Bγ5)uBbc , (9)

ASD(Bbc → BbV ) = ε∗μūBb

[
A1γμγ5 + A2

pμ(Bb)

MBbc

γ5

+B1γμ + B2
pμ(Bb)

MBbc

]
uBbc , (10)

where the parameters A, B and A1,2, B1,2 usually include the
whole information of strong interaction. In the factorization
hypothesis, these parameters are expressed as

A = λ fP (MBbc − MBb ) f1(m
2),

B = λ fP (MBbc + MBb )g1(m
2), (11)

A1 = −λ fV m

(
g1(m

2) + g2(m
2)
MBbc − MBb

MBbc

)
,

A2 = −2λ fV mg2(m
2), (12)

B1 = λ fV m

(
f1(m

2) − f2(m
2)
MBbc + MBb

MBbc

)
,

B2 = 2λ fV m f2(m
2), (13)

where λ = GF√
2
VCKMa1,2(μ), m is the mass of pseudoscalar

or vector meson. VCKM stands for the product of the two
relevant CKM matrix elements.

2.2 Long-distance contributions from the rescattering
mechanism

It is well known that the long-distance contributions are large
in the charm decays. The most important problem in charmed
hadron weak decays is to calculate the long-distance contri-
butions. The C diagram is dominated by the long-distance
contribution, since its short-distance contribution is negli-
gible. The C ′, E1, E2 and B diagrams are absolutely con-
tributed by the long-distance effects. We will calculate all
these topological diagrams. As stated in the Introduction, we
consider the rescattering mechanism of the FSI effects in this
work.

The final-state interactions can be modeled as the rescat-
tering of two intermediate particles at the hadronic level and
described by the single-particle-exchange rescattering dia-
grams under the hadron-level strong effective Lagrangian.
Taking the decay of �+

bc → �0
bπ

+ as an example, the
long-distance contributions come from all the �+

bc →
(�0

b/�′0
b )π+ → �0

bπ
+ and �+

bc → (�0
b/�′0

b )ρ+ → �0
bπ

+
processes, as shown in Fig. 2. At present consideration, the
intermediate states include the light pseudoscalar meson,
vector mesons, and the ground anti-triplet and sextet bottom
baryons.

The first weak transition vertex only involves the short-
distance contributions calculated in the factorization hypoth-

esis, avoiding the double-counting problem. The following
scattering process can be evaluated with hadronic strong
effective Lagrangian. The theoretical framework is explained
in detail in [8].

Now we will take the diagram Fig. 2b,�+
bc → (�0

b/�′0
b )ρ+ →

�0
bπ

+ with a π0 exchanged, as a concrete example to explain
calculation of this triangle diagrams. We adopt the opti-
cal theorem and Cutkosky cutting rule as in Ref. [68]. The
absorptive part of this decay amplitude is calculated as

Abs[M(P�+
bc

→ Pπ+ P�0
b
)]

= 1

2

∫
d3 pρ+

(2π)32E1

∫ d3 p�0
b/�′0

b

(2π)32E2
(2π)4δ4(pπ+

+ p�0
b
− pρ+ − p�0

b/�′0
b
)

· M(P�bc → (�0
b/�′0

b )ρ+)T ∗(π+�0
b → (�0

b/�′0
b )ρ+).

(14)

The amplitudes of the weak vertex �+
bc → (�0

b/�′0
b )ρ+

are taken from Eq. (10). The rescattering amplitudes of
(�0

b/�′0
b )ρ+ → �0

bπ
+ can be simply carried out from the

hadronic strong-interaction Lagrangian in Appendix A. Then
substituting the two parts into Eq. (14), the absorptive part is
written as:

Abs[M(ρ+, �0
b; π0)]

=
∫ | 	p1|sinθdθdφ

32π2m�+
bc

(−igρ+π0π− )ig�0
bπ

0�0
b
ū(p4, s4)iγ5( /p2 + m2)

× F2(t,mk)

t − m2
k + imk�k

·
((

−2 /p3 + 2p3 · p1 /p1

m2
1

)
(A1γ5 + B1)

+−2m2
1 p3 · p2 + 2p3 · p1 p1 · p2

m2
1m�+

bc

(A2γ5 + B2)

)
u(pi , si ), (15)

Abs[M(ρ+, �′0
b ; π0)]

=
∫ | 	p1|sinθdθdφ

32π2m�+
bc

(−igρ+π0π− )ig�′0
b π0�0

b
ū(p4, s4)iγ5( /p2 + m2)

× F2(t,mk)

t − m2
k + imk�k

·
((

−2 /p3 + 2p3 · p1 /p1

m2
1

)
(A1γ5 + B1)

+−2m2
1 p3 · p2 + 2p3 · p1 p1 · p2

m2
1m�+

bc

(A2γ5 + B2)

)
u(pi , si ), (16)

where t = p2
π0 . The subscript i denotes the initial state

�+
bc, while 1, 2 and k represent the intermediate states ρ+,

(�0
b/�′0

b ) and π0, and 3, 4 for the final states π+ and �0
b,

respectively. In our calculation, the exchanged π0 is gener-
ally off-shell, which means the strong coupling constants in
the rescattering process are not exactly correct and need to
be modified. To account for the off-shell effect of π0, a form
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factor F(t,mπ ) is introduced [68] as

F(t,mπ ) = �2 − m2
π

�2 − t
, (17)

normalized to unity at the on-shell point t = p2
k = m2

π . The
cutoff � has the form of

� = mπ + η�QCD, (18)

with �QCD = 330 MeV for charm decays. The phenomeno-
logical parameter η can not be calculated from the first-
principle methods, and usually needs to be determined by
the experimental data. The final results are usually sensitive
to the value of η. More discussions about η can be found in
Sect. 3.

The dispersive part can be calculated by the dispersion
relation of

Dis[A(m2
1)] = 1

π

∫ ∞

s

Abs[A(s′)]
s′ − m2

1

ds′, (19)

which suffers from large ambiguities [68]. The integration in
Eq.(19) depends on the knowledge of Abs[A(s′)] in a very
large region from s to infinity, which is unavailable currently.
Therefore, it is difficult to evaluate how large the dispersive
part is. In charm decays as discussed in [6,8,68], the hadronic
triangle diagrams would be dominated by the absorptive part,
since the total masses of final states are not far from, if not
close to, the initial charmed hadrons, especially for charmed
baryon decays. In phenomenology, the non-zero dispersive
part are absorbed into the only free parameter η. As η can
not be calculated from the first principles, it would be finally
determined by the experimental data. Then, such effects as
the dispersive parts are all involved in the determination of η,
but expected not to affect η too much. Besides, the dispersive
part mainly affect the studies of CP violations which are
sensitive to the strong phases of amplitudes. In the studies of
branching fractions, it can be safely involved into the effects
of η.

By the same approach mentioned in the above section, the
absorptive amplitude of the rest triangle diagrams in Fig. 2
can be carried out as:

Abs[M(π+, �0
b; ρ0)] =

∫ | 	p1|sinθdθdφ

32π2m�+
bc

i2(−igπ+ρ0π− )

× F2(t,mρ0 )

t − m2
ρ0 + imρ0 �ρ0

ū(p4, s4)

·
[
f1�0

bρ
0�0

b

(− /p1 − /p3

+ k · (p1 + p3)/k

m2
ρ0

)

+
f2�0

bρ
0�0

b

2m�0
b

(−/k( /p1 + /p3) + k · (p1 + p3)
)
]

· ( /p2 + m2)(A + Bγ5)u(pi , si ), (20)

Abs[M(π+, �′0
b ; ρ0)] =

∫ | 	p1|sinθdθdφ

32π2m�+
bc

i2(−igπ+ρ0π− )

× F2(t,mρ0 )

t − m2
ρ0 + imρ0 �ρ0

· ū(p4, s4)
(
f1�′0

b ρ0�0
b

(− /p1 − /p3

+ k · (p1 + p3)/k

m2
ρ0

)

+
f2�′0

b ρ0�0
b

m�0
b
+m�′0

b

(−/k( /p1+ /p3)+k · (p1+p3))

)

· ( /p2 + m2)(A + Bγ5)u(pi , si ), (21)

Abs[M(π+, �0
b;�−

b )] =
∫ | 	p1|sinθdθdφ

32π2m�+
bc

igπ+�−
b �0

b
g�0

b�
−
b π− ū

(p3, s3)γ5(/k + mk )γ5( /p2 + m2)

· (A + Bγ5)u(pi , si )

×
F2(t,m�−

b
)

t − m2
�−
b

+ im�−
b
��−

b

, (22)

Abs[M(π+, �0
b;�′−

b )] =
∫ | 	p1|sinθdθdφ

32π2m�+
bc

igπ+�′−
b �0

b
g�0

b�
′−
b π− ū

(p3, s3)γ5(/k + mk )γ5( /p2 + m2)

· (A + Bγ5)u(pi , si )

×
F2(t,m�′−

b
)

t − m2
�′−
b

+ im�′−
b

��′−
b

, (23)

Abs[M(π+, �′0
b ;�−

b )] =
∫ | 	p1|sinθdθdφ

32π2m�+
bc

igπ+�−
b �0

b
g�′0

b �−
b π− ū

(p3, s3)γ5(/k + mk )γ5( /p2 + m2)

· (A + Bγ5)u(pi , si )

×
F2(t,m�−

b
)

t − m2
�−
b

+ im�−
b
��−

b

, (24)

Abs[M(π+, �′0
b ;�′−

b )] =
∫ | 	p1|sinθdθdφ

32π2m�+
bc

igπ+�′−
b �0

b
g�′0

b �′−
b π− ū

(p3, s3)γ5(/k + mk )γ5( /p2 + m2)

· (A + Bγ5)u(pi , si )

×
F2(t,m�′−

b
)

t − m2
�′−
b

+ im�′−
b

��′−
b

, (25)

Abs[M(ρ+, �0
b;�−

b )] =
∫ | 	p1|sinθdθdφ

32π2m�+
bc

i3ū(p3, s3)

(
f1ρ+�−

b �0
b
γν−

i f2ρ+�−
b �0

b

mk+m3
σμν p

μ
1

)
g�0

b�
−
b π+ ,

· (/k + mk )
F2(t,m�−

b
)

t − m2
�−
b

+ im�−
b
��−

b

γ5

(
− gνα

+ pν
1 p

α
1

m2
1

)
( /p2 + m2)

·
(
A1γαγ5 + A2

p2α

m+
bc

γ5 + B1γα

+ B2
p2α

m+
bc

)
u(pi , si ), (26)

Abs[M(ρ+, �0
b;�′−

b )] =
∫ | 	p1|sinθdθdφ

32π2m�+
bc

i3ū(p3, s3)

(
f1ρ+�′−

b �0
b
γν−

i f2ρ+�′−
b �0

b

mk+m3
σμν p

μ
1

)
g�0

b�
′−
b π+

123
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· (/k + mk )
F2(t,m�′−

b
)

t − m2
�′−
b

+ im�′−
b

��′−
b

γ5

(
− gνα

+ pν
1 p

α
1

m2
1

)
( /p2 + m2)

·
(
A1γαγ5 + A2

p2α

m+
bc

γ5

+ B1γα + B2
p2α

m+
bc

)
u(pi , si ), (27)

Abs[M(ρ+, �′0
b ;�−

b )] =
∫ | 	p1|sinθdθdφ

32π2m�+
bc

i3ū(p3, s3)

(
f1ρ+�−

b �0
b
γν

−
i f2ρ+�−

b �0
b

mk + m3
σμν p

μ
1

)
g�′0

b �−
b π+

· (k/ + mk )
F2(t,m�−

b
)

t − m2
�−
b

+ im�−
b
��−

b

γ5

(
− gνα

+ pν
1 p

α
1

m2
1

)
(p/2 + m2)

·
(
A1γαγ5 + A2

p2α

m+
bc

γ5

+ B1γα + B2
p2α

m+
bc

)
u(pi , si ), (28)

Abs[M(ρ+, �′0
b ;�′−

b )] =
∫ | 	p1|sinθdθdφ

32π2m�+
bc

i3ū(p3, s3)

(
f1ρ+�′−

b �0
b
γν −

i f2ρ+�′−
b �0

b

mk + m3
σμν p

μ
1

)
g�′0

b �′−
b π+

· (k/ + mk )
F2(t,m�′−

b
)

t − m2
�′−
b

+ im�′−
b

��′−
b

γ5

(
− gνα

+ pν
1 p

α
1

m2
1

)
(p/2 + m2)

·
(
A1γαγ5 + A2

p2α

m+
bc

γ5

+B1γα + B2
p2α

m+
bc

)
u(pi , si ). (29)

fCollecting all the amplitudes together, the total amplitude of
�bc → �0

bπ
+ is expressed as:

A(�+
bc → �0

bπ
+)

= TSD(�+
bc → �0

bπ
+)

+ i Abs
[
M(π+, �0

b; ρ0) + M(π+, �′0
b ; ρ0)

+ M(ρ+, �0
b;π0) + M(ρ+, �′0

b ;π0)

+ M(π+, �0
b;�−

b ) + M(π+, �0
b;�′−

b )

+ M(π+, �′0
b ;�−

b ) + M(π+, �′0
b ;�′−

b )

+ M(ρ+, �0
b;�−

b ) + M(ρ+, �0
b;�′−

b )

+ M(ρ+, �′0
b ;�−

b ) + M(ρ+, �′0
b ;�′−

b )
]
, (30)

where TSD stands for the short-distance contributions of
topological diagram T . The amplitudes of all the other
channels for bc baryons decaying have been collected into
Appendix 1.

Table 1 Masses (in units of
GeV) and lifetime (in units of
fs) of the bottom-charmed
baryons considered in this
paper, as given in Refs. [69,70]

Baryons �+
bc �0

bc �0
bc

Masses 6.94 6.94 7.02

Lifetime 240 220 180

3 Numerical results and discussions

For the calculation of the branching ratios, we need to
know all inputs used in this work. For lack of experimen-
tal data, we use the theoretical results of the masses and
lifetimes from Ref. [69,70] as shown in Table 1. For the
bottom-charm baryons, there are two sets of SU(3) triplets,
�bc,�bc and �′

bc,�
′
bc. Those two triplets have different J P

for the heavy di-quark system bc. Only the lighter ones can
weak decay with sizable branching fractions. The theoreti-
cal results obtained in Ref. [69] show that bc-baryons with
J P = 1+ are the lighter ones.

The lifetimes are an important feature to calculate the
branching fractions and in the experimental measurements
[7]. They are also calculated in [49] that 409fs< τ(�+

bc) <607fs,
93fs< τ(�0

bc) <118fs, 168fs< τ(�0
bc) <370fs. Compared

to those in [70], it can be found that the current status of
predictions on the lifetimes of bottom-charm baryons are of
large ambiguity, due to the special role of charm. It has to
keep in mind that the final results of branching fractions are
proportional to the lifetimes. Our following results could be
naively replaced by some other values of lifetimes.

The masses and the decay constants of the final-state parti-
cles are from [71–73]. The transition form factors in Eq. (6)
have been computed out by several methods. We will use
the results calculated by the light-front quark model [45] as
inputs, which have been successfully used in the prediction of
the discovery channel �++

cc → �+
c K

−π+π+ and �+
c π+ in

[6]. Strong coupling constants can be found in the literatures
[74–79], and the unfound ones are calculated with respect to
the SU(3) symmetry. The strong coupling constants appeared
in our calculation are gathered in the Appendix 1.

The branching ratios of the decay modes Bbc → Bb P are
listed in Tables 2, 3, 4 and 5. According to the characteris-
tic of the relevant CKM matrix elements for a given decay
mode, all decay modes can be classified into 4 classes: the
short-distance contribution dominated processes in Table 2,
and the long-distance contribution dominated processes of
the Cabibbo-favored (CF) decays induced by c → sud̄ in
Table 3, the singly Cabibbo-suppressed (SCS) ones induced
by c → dud̄ or c → sus̄ in Table 4, and the doubly Cabibbo-
suppressed (DCS) ones induced by c → dus̄ in Table 5.
In those tables, the topological amplitudes of each decay
mode are listed at the third column with λsd = V ∗

csVud ,
λds = V ∗

cdVus , λd = V ∗
cdVud and λs = V ∗

csVus . The tilde is
used to distinguish the channels with sextet bottom-baryons
in the final state, from the ones without tilde for the anti-
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triplet bottom baryons. The branching fractions that involve
the long-distance contributions corresponding to three dif-
ferent values of η, i.e. η=1.0, 1.5 and 2.0, are listed at the
fifth, sixth and seventh column, respectively.

The sensitivity of branching ratios to the parameter η in
Eq. (17) has already been demonstrated in Refs. [6,40]. Tak-
ing the decay channels of B+

bc → �−
b K̄ 0 and B0

bc → �0
b K̄

0

as an example shown in Fig. 3a, we can find that the branching
fractions can be changed by almost one order of magnitude
for η varying from 1 to 2. As pointed out in [6,8], however,
the ratios of branching fractions are insensitive to η, seen in
Fig. 3b. Apparently, the ratio is changed very slightly with
the variation of η. The large uncertainty from the η is mostly
canceled in the ratio of branching fractions. This behavior
helps us to improve the prediction power.

One can see in Table 2 that the short-distance contributions
of the external W-emission T diagrams, TSD , are the dom-
inant contributions to the modes including it. However, the
long-distance dynamics dominate the decay modes without
the T diagrams, which can be easily read out from Tables 3, 4
and 5. For comparison, we display the short-distance contri-
bution of the internal W-emission C diagram under the fac-
torization hypothesis, CSD , at the fourth column in Tables 3,
4 and 5. It is found that CSD are much smaller than trian-
gle diagram contributions. The reason is that the effective
Wilson coefficient a2(μ) at the charm mass scale is deeply
suppressed, a2(mc) = −0.017.

Considering the non-factorizable contributions in the
color-suppressed tree-emission diagram, C , it is convenient
to parameterize such effects in the effective Wilson coef-
ficients aeff

1,2(μ) = C1,2(μ) + C2,1(μ)/N eff
c [80]. The val-

ues of aeff
1,2(μ) are actually process dependent. In charmed

meson decays, it is found that |aeff
2 /aeff

1 | ∼ 0.6 − 0.8 and
arg(aeff

2 /aeff
1 ) ∼ 110◦ − 170◦ which are obtained from the

global fits for the topological amplitudes [9,10], where the
uncertainties are well under control due to the precise mea-
surements of branching fractions. In this work, the non-
factorizable effects are modeled by the rescattering mecha-
nism whose uncertainties are characterized by the parameter
η. Since there are not available data currently, we could not
determine the value of η very well. Varying η from 1 to 2,
the results could be changed by one order of magnitude for
the processes dominated by the non-factorizable effects.

In the same CKM mode, decays with TSD contributions
tend to have largest branching fractions. Under our theoret-
ical framework, TSD is absolutely the dominating contribu-
tion comparing to the non-factorizable contributions. As a
result, one can see from the Table 2 that branching ratios
receiving TSD contributions are not sensitive to the variation
of η. However, the picture is totally different for the other
types of contributions which increase or decrease rapidly as
η changes, which indicates important FSI effects.

Our results can be compared to those in the previous lit-
eratures. Branching ratios of two non-leptonic decay modes
of �bc baryon are estimated under NRQCD sum rules in
Ref. [81], i.e. Br(�+

bc → �0
bπ

+) = 7.7% and Br(�0
bc →

�−
b π+) = 7.1%, which is almost twice as what we predicted.

This deviation is mainly caused by the weak transition form
factors. The form factors used in our work are f1 = 0.627
and g1 = 0.167 for both decay modes, while f1 ∼ g1 ∼ 0.9
are employed in Ref. [81]. With the form factors calculated in
the light-front quark model, Ref. [45] estimates the branch-
ing ratios of the T -topological diagram involving processes
in the factorization approach. Their results are very close to
ours, since the form factors used in this work are taken from
Ref. [45]. Besides, the T -topological diagrams are the dom-
inant contributions in this kind of decay modes. Thus the
rescattering effects don’t affect the total branching fractions
very much.

In Ref. [6], the process of �++
cc → �+

c π+ is recom-
mended as a discovery channel of �++

cc , which has been
confirmed by the LHCb experiment in Ref. [2]. Similarly
here, we suggest the LHCb collaboration to search for the
bottom-charm baryons by the modes of �+

bc → �0
bπ

+,
�0

bc → �−
b π+ and �0

bc → �−
b π+, respectively, who have

the relatively larger branching ratios. The branching ratios of
those three decays are given as:

BR(�+
bc → �0

bπ
+) = (3.50 ∼ 3.95)%, (31)

BR(�0
bc → �−

b π+) = (3.15 ∼ 3.32)%, (32)

BR(�0
bc → �−

b π+) = 2.54%. (33)

With the branching fractions of �+
bc → �+

b K̄ 0 and
�+

bc → �′0
b π+ in Tables 2 and 3, we calculate the ratio

between long-distance contribution of topological diagram
C and short-distance contribution of T with η = 1.0 ∼ 2.0,

|A(�+
bc → �+

b K̄ 0)|
|A(�+

bc → �′0
b π+)| ≈ CLD

TSD
≈ 0.2 ∼ 0.44 (34)

In Table 3, there are three channels only include one kind
of topological diagrams, i.e. �+

bc → �+
b K̄ 0, �0

bc → �−
b K

+
and �0

bc → �+
b K−. They are more convenient for the stud-

ies on the topological diagrams. Although, we can extract
the absolute value of the corresponding topological diagram
amplitude, the ratios between these amplitudes have a more
important sense. Our numerical results are

|A(�0
bc → �+

b K−)|
|A(�+

bc → �+
b K̄ 0)| = |E1|

|C | = 0.69 ∼ 0.86, (35)

|A(�0
bc → �−

b K
+)|

|A(�+
bc → �+

b K̄ 0)| = |E2|
|C | = 0.52 ∼ 0.59. (36)
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Table 2 Branching ratios for the short-distance dominated modes. The “CF”, “SCS” and “DCS” represent CKM favored, singly CKM suppressed
and doubly CKM suppressed processes, respectively

Particles Decay modes Topology BRTSD (%) BRη=1.0(%) BRη=1.5(%) BRη=2.0(%) CKM

�+
bc → �0

bπ
+ λsd (T + C ′) 3.50 3.58 3.73 3.95 CF

→ �′0
b π+ 1√

2
λsd

(
T̃ + C̃ ′) 2.04 2.07 2.13 2.21 CF

→ �0
bπ

+ 1√
2
λd

(
T̃ + C̃ ′) 0.11 0.12 0.12 0.13 SCS

→ �0
bπ

+ λd (T + C ′) 0.21 0.22 0.23 0.25 SCS

→ �′0
b K

+ 1√
2
λs

(
T̃ + C̃ ′) 0.14 0.14 0.15 0.15 SCS

→ �0
bK

+ λs(T + C ′) 0.30 0.31 0.33 0.35 SCS

→ �0
bK

+ λds(T + C ′) 0.019 0.020 0.020 0.021 DCS

→ �0
b K

+ 1√
2
λds

(
T̃ + C̃ ′) 0.0086 0.0087 0.0090 0.0094 DCS

�0
bc → �−

b π+ λsd (T − E2) 3.15 3.15 3.23 3.32 CF

→ �′−
b π+ 1√

2
λsd

(
T̃ + Ẽ2

)
1.84 1.85 1.86 1.89 CF

→ �−
b π+ λd (T̃ + Ẽ2) 0.21 0.21 0.21 0.22 SCS

→ �′−
b K+ 1√

2

(
λs T̃ + λd Ẽ2

)
0.13 0.13 0.13 0.13 SCS

→ �−
b K

+ λsT + λd E2 0.27 0.27 0.28 0.28 SCS

→ �−
b K+ λds T̃ 0.016 DCS

�0
bc → �−

b π+ λsd T̃ 2.54 CF

→ �−
b π+ −λdT − λs E2 0.12 0.12 0.12 0.13 SCS

→ �′−
b π+ 1√

2

(
λd T̃ + λs Ẽ2

)
0.071 0.072 0.072 0.073 SCS

→ �−
b K

+ λs
(
T̃ + Ẽ2

)
0.17 0.17 0.17 0.18 SCS

→ �−
b K

+ λds(−T + E2) 0.011 0.011 0.011 0.011 DCS

→ �′−
b K+ 1√

2
λds

(
T̃ + Ẽ2

)
0.0052 0.0052 0.0053 0.0054 DCS

We can see that the ratios |E1|/|C | and |E2|/|C | are all at
the order one, confirmed to the result in [66]. Similarly, the
ratios can also be obtained from Table 4,

|A(�0
bc → �+

b π−)|
|A(�+

bc → �+
b π0)| = |E1|

|C | = 0.55 ∼ 0.62, (37)

|A(�0
bc → �+

b K−)|
|A(�+

bc → �+
b π0)| = |E1|

|C | = 0.56 ∼ 0.58, (38)

and from Table 5,

|A(�0
bc → �−

b π+)|
|A(�+

bc → �+
b K 0)| = |E2|

|C | = 0.43 ∼ 0.46, (39)

|A(�0
bc → �+

b π−)|
|A(�+

bc → �+
b K 0)| = |E1|

|C | = 0.68 ∼ 0.77. (40)

It is clear that all the results are consistent within the theo-
retical uncertainties.

The C ′ diagram can be indirectly extracted from the chan-
nel with the topological amplitudes of T +C ′ in Table 2. The

ratios between C ′ and C are given by:

|A(�+
bc → �0

bπ
+)LD|

|A(�+
bc → �+

b K̄ 0)| = |C ′|
|C | = 0.91 ∼ 0.95, (41)

|A(�+
bc → �0

bπ
+)LD|

|A(�+
bc → �+

b π0)| = |C ′|
|C | = 0.82 ∼ 0.84, (42)

|A(�+
bc → �0

bK
+)LD|

|A(�+
bc → �+

b π0)| = |C ′|
|C | = 0.99 ∼ 1.03, (43)

|A(�+
bc → �0

bK
+)LD|

|A(�+
bc → �+

b K 0)| = |C ′|
|C | = 0.97 ∼ 1.0 (44)

From Eqs. (34–44), we get the similar conclusion as in Refs.
[66,67].

|C |
|T | ∼ |C ′|

|C | ∼ |E1|
|C | ∼ |E2|

|C | ∼ O(�QCD/mc) ∼ O(1).

(45)

In heavy quark decays, the flavor SU (3) symmetry is a
useful tool. A number of relations between decay widths are
found within the SU (3) symmetry [47]. To test the SU (3)
symmetry and its breaking, we show the ratios in our calcu-
lations in Eqs. (46–54). All of these ratios should be unity in
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Fig. 3 a The theoretical predictions for the branching ratios of �+
bc → �+

b K̄ 0 and �0
bc → �0

b K̄
0 in logarithmic coordinates. b ratio of branching

fractions with η varying from 1.0 to 2.0

the SU (3) limit. The corresponding topological amplitudes
are given as well.

�
(
�+

bc → �0
bπ

+)
/�

(
�+

bc → �0
bK

+)

= |λd (T + C ′)|2/|λs(T + C ′)|2 = 0.70 ∼ 0.71, (46)

�
(
�0

bc → �0
bK

0)/�
(
�0

bc → �0
bK

0)

= |λsC ′ + λd E1|2/|λdC ′ + λs E1|2 = 2.94 ∼ 3.08, (47)

�
(
�0

bc → �−
b π+)

/�
(
�0

bc → �−
b K

+)

= | − λdT − λs E2|2/|λs T + λd E2|2 = 0.58 ∼ 0.59, (48)

�
(
�+

bc → �+
b π0)/

1

3
�

(
�+

bc → �+
b η8

)

= ∣∣ − 1√
2
C̃

∣∣2
/
∣∣ − 1√

6
(λd − 2λs)C̃

∣∣2 = 5.89 ∼ 6.57, (49)

�
(
�+

bc → �0
bπ

+)
/�

(
�+

bc → �′0
b K

+)

= ∣∣ 1√
2
λd (T̃ + C̃ ′)

∣∣2
/
∣∣ 1√

2
λs(T̃ + C̃ ′)

∣∣2 = 0.80 ∼ 0.81, (50)

�
(
�0

bc → �+
b π−)

/�
(
�0

bc → �+
b K−)

= |λd Ẽ1|2/|λs Ẽ1|2 = 0.89 ∼ 1.02, (51)

�
(
�0

bc → �−
b π+)

/�
(
�0

bc → �−
b K

+)

= |λd (T̃ + Ẽ2)|2/|λs(T̃ + Ẽ2)|2 = 0.90 ∼ 0.91, (52)

�
(
�0

bc → �′0
b K

0)/�
(
�0

bc → �0
b K

0)

= ∣∣ 1√
2
(λs C̃

′ + λd Ẽ1)
∣∣2

/
∣∣ 1√

2
(λd C̃

′ + λs Ẽ1)
∣∣2 = 0.60 ∼ 0.77,

(53)

�
(
�0

bc → �′−
b π+)

/�
(
�0

bc → �′−
b K+)

= ∣∣ 1√
2
(λd T̃

′ + λs Ẽ2)
∣∣2

/
∣∣ 1√

2
(λs T̃

′ + λd Ẽ2)
∣∣2 = 0.38 ∼ 0.72.

(54)

The above results indicate that the long-distance final-state
interactions can contribute to large SU (3) breaking effect. It
would be of great help to research the SU (3) symmetry in the
heavy baryon decays in case that the long-distance dynamics
can be calculated accurately.

4 Summary

In this work, we investigate the two-body non-leptonic weak
decays of the bottom-charm baryons �+

bc, �0
bc and �0

bc with
the long-distance contributions included. This long-distance
contributions, which are non-perturbative and can not be
calculated under factorization hypothesis, are viewed as the
final-state-interactions in this paper. The rescattering mech-
anism has been adopted for the calculations.

This paper exhibit the calculated branching ratios that
include all the processes Bbc → Bb P . Based on our results
of all fifty-seven decay modes considered in this, we recom-
mend the three processes �+

bc → �0
bπ

+, �0
bc → �−

b π+ and
�0

bc → �−
b π+ as the potentials of the discovery channels.

The T topological diagrams are found to have the largest
contribution. Short-distance factorizable contribution TSD is
dominating if one decay mode can receive T -topology con-
tribution and the branching ratio of this type of decay mode
is not sensitive to the variation of η. However, branching
ratios with CSD or purely nonfactorizable contributions vary
rapidly as η changes while the ratio between any two branch-
ing fractions is almost independent of the variation of η.

We also calculate the ratios between different topolog-
ical diagram, and find that in charm decay, the relations
|C|
|T | ∼ |C ′|

|C| ∼ |E1||C| ∼ |E2||C| ∼ O(
�QCD
mc

) ∼ O(1) are hold as
declared in literatures [66,67]. The SU(3) breaking effects
between decay modes are calculated and some larger SU(3)
breaking decay modes have been found which have signifi-
cant guidance for the following researches of bottom-charm
baryon decays.
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Appendix A: Effective Lagrangians

The effective Lagrangians used in the rescattering mecha-
nism are those as given in Refs. [74–78]:

LV PP = igV PP√
2

Tr [Vμ[P, ∂μP]], (A1)

LVVV = igV VV√
2

Tr [(∂νVμV
μ − Vμ∂νVμ)V ν],

(A2)

LPB6B6 = gPB6B6Tr [B̄6iγ5PB6], (A3)

LPB3̄B3̄
= gPB3̄B3̄

Tr [B̄3̄iγ5PB3̄], (A4)

LPB6B3̄
= gPB6B3̄

Tr [B̄6iγ5PB3̄] + h.c., (A5)

LV B6B6 = f1V B6B6Tr [B̄6γμV
μB6]

+ f2PB6B6

2m6
Tr [B̄6σμν∂

μV νB6], (A6)

LV B3̄B3̄
= f1PB3̄B3̄

Tr [B̄3̄γμV
μB3̄]

+ f2PB3̄B3̄

2m3
Tr [B̄3̄σμν∂

μV νB3̄], (A7)

LV B6B3̄
=

{
f1V B6B3̄

Tr [B̄6γμV
μB3̄]

+ f2V B6B3̄

m6 + m3
Tr [B̄6σμν∂

μV νB3̄]
}

+ h.c.,

(A8)

P(J P = 0−) =

⎛

⎜⎜⎝

π0√
2

+ η8√
6

π+ K+

π− − π0√
2

+ η8√
6

K 0

K− K̄ 0 −
√

2
3η8

⎞

⎟⎟⎠

+ 1√
3

⎛

⎝
η1 0 0
0 η1 0
0 0 η1

⎞

⎠ , (A9)

V (J P = 1−) =

⎛

⎜⎜⎝

ρ0√
2

+ ω√
2

ρ+ K ∗+

ρ− − ρ0√
2

+ ω√
2
K ∗0

K ∗− K̄ ∗0 φ

⎞

⎟⎟⎠ ,

(A10)

B6

(
J P = 1

2

+)
=

⎛

⎜⎜⎜⎝

�+
b

�0
b√
2

�′0
b√
2

�0
b√
2

�−
b

�′−
b√
2

�′0
b√
2

�′−
b√
2

�−
b

⎞

⎟⎟⎟⎠ ,

B3̄

(
J P = 1

2

+)
=

⎛

⎝
0 �0

b �0
b−�0

b 0 �−
b−�0

b −�−
b 0

⎞

⎠ . (A11)

Strong coupling constants are collected in Tables 6, 7
and 8.

Appendix B: Expressions of amplitudes

The expressions of amplitudes for all theBbc → Bb P decays
are collected in this Appendix.

A(�+
bc → �0

bK
+) = T (�+

bc → �0
bK

+) + M(K+, �0
b;ω) + M(K+, �0

b ; ρ0)

+ M(K∗+,�0
b; η8) + M(K∗+, �0

b ;π0)

+ M(K+,�0
b;�−

b )+M(K+, �0
b; �′−

b )+M(K+, �0
b ;�−

b )

+ M(K+, �0
b ;�′−

b ) + M(K∗+,�0
b;�−

b )

+ M(K∗+,�0
b;�′−

b ) + M(K∗+, �0
b ;�−

b )

+ M(K∗+, �0
b ;�′−

b ), (B1)
A(�+

bc → �0
bπ+) = T (�+

bc → �0
bπ+) + M(π+, �0

b ; ρ0) + M(ρ+, �0
b ;π0)

+ M(K+, �0
b; K∗0) + M(K+, �′0

b ; K∗0)

+ M(K∗+, �0
b; K 0) + M(K∗+, �′0

b ; K 0)

+ M(π+,�0
b;�−

b )+M(π+, �0
b ; �−

b ) + M(ρ+,�0
b;�−

b )

+ M(ρ+, �0
b ;�−

b )+M(K+, �0
b;�−

b )+M(K+, �0
b;�′−

b )

+ M(K+, �′0
b ;�−

b ) + M(K+, �′0
b ;�′−

b )

+ M(K∗+, �0
b;�−

b ) + M(K∗+, �0
b;�′−

b )

+ M(K∗+, �′0
b ;�−

b ) + M(K∗+, �′0
b ;�′−

b ), (B2)
A(�+

bc → �0
bK

+) = T (�+
bc → �0

bK
+) + M(K+, �0

b; ρ0) + M(K+, �0
b;ω)

+ M(K+, �′0
b ; ρ0) + M(K+, �′0

b ;ω)

+ M(K∗+, �0
b;π0)+M(K∗+, �0

b; η8)+M(K∗+, �′0
b ;π0)

+ M(K∗+, �′0
b ; η8) + M(π+,�0

b; K̄∗0)

+ M(π+, �0
b ; K̄∗0) + M(ρ+, �0

b; K̄ 0)

+ M(ρ+, �0
b ; K̄ 0) + M(K+, �0

b;φ) + M(K+, �′0
b ;φ)

+ M(K∗+, �0
b; η8) + M(K∗+, �′0

b ; η8)

+ M(K+, �0
b;�−

b )+M(K+, �′0
b ; �−

b )+M(K∗+, �0
b;�−

b )

+ M(K∗+, �′0
b ;�−

b )+M(π+, �0
b;�−

b )+M(π+, �0
b;�′−

b )

+ M(π+, �0
b ;�−

b ) + M(π+, �0
b ;�′−

b )

+ M(ρ+, �0
b;�−

b ) + M(ρ+, �0
b;�′−

b )

+ M(ρ+, �0
b ;�−

b ) + M(ρ+, �0
b ;�′−

b ), (B3)
A(�+

bc → �0
bπ+) = T (�+

bc → �0
bπ+) + M(π+, �0

b; ρ0)

+ M(π+, �′0
b ; ρ0) + M(ρ+, �0

b;π0) + M(ρ+, �′0
b ;π0)

+ M(π+, �0
b; �−

b ) + M(π+, �0
b; �′−

b ) + M(π+, �′0
b ;�−

b )

+ M(π+, �′0
b ; �′−

b ) + M(ρ+, �0
b;�−

b )

+ M(ρ+, �0
b;�′−

b ) + M(ρ+, �′0
b ;�−

b )

+ M(ρ+, �′0
b ;�′−

b ), (B4)
A(�0

bc → �0
bη8) = CSD(�0

bc → �0
bη8) + M(K+, �−

b ; K∗+)
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Table 6 Strong coupling constants of VPP and VVV vertices

Vertex g Vertex g Vertex g Vertex g Vertex g

ρ+ → π0π+ 6.05 ρ0 → π+π− 6.05 ρ+ → K+ K̄ 0 4.60 ρ0 → K 0 K̄ 0 − 3.25 ρ0 → K+K− 3.25

φ → K−K+ 4.60 ¯K ∗0 → η8 K̄ 0 5.63 ¯K ∗0 → K−π+ 4.60 ¯K ∗0 → K̄ 0π0 − 3.25 K ∗+ → K+π0 3.25

K ∗+ → η8K+ 5.63 K ∗+ → π+K 0 4.60 K ∗0 → π−K+ 4.60 K ∗0 → K 0η8 5.63 K ∗0 → π0K 0 − 3.25

ω → K+K− 3.25 φ → K̄ 0K 0 4.60 ω → K 0 K̄ 0 3.25

ρ+ → ρ0ρ+ 7.38 ρ0 → ρ−ρ+ 7.38 ρ+ → K ∗+ ¯K ∗0 5.22 ρ0 → K ∗+K ∗− 3.69 ω → K ∗+K ∗− 3.69
¯K ∗0 → φ ¯K ∗0 5.22 ¯K ∗0 → ¯K ∗0ρ0 −3.69 ¯K ∗0 → ¯K ∗0ω 3.69 K ∗+ → ρ+K ∗0 5.22 K ∗+ → φK ∗+ 5.22

K ∗+ → ωK ∗+ 3.69 K ∗0 → ρ0K ∗0 −3.69 K ∗0 → ωK ∗0 3.69 K ∗0 → K ∗0φ 5.22 φ → K ∗−K ∗+ 5.22

ω → K ∗0 ¯K ∗0 3.69 φ → ¯K ∗0K ∗0 5.22 ρ0 → K ∗0 ¯K ∗0 −3.69 K ∗+ → K ∗+ρ0 3.69 ¯K ∗0 → K ∗−ρ+ 5.22

Table 7 Strong coupling constants of PB3̄B3̄, PB3̄B6 and PB6B6 vertex

Vertex g Vertex g Vertex g Vertex g Vertex g

�0
b → �0

b K̄
0 1.5 �0

b → �0
bK

0 1.5 �0
b → �0

bη8 − 0.5 �0
b → �0

bη8 1.0 �−
b → �0

bK
− − 1.5

�−
b → �−

b η8 − 0.41 �−
b → �0

bπ
− 1.0 �0

b → �−
b π+ 1.0 �−

b → �−
b π0 − 0.71 �0

b → �0
bπ

0 1.0

�0
b → �0

bK
0 − 11.5 �0

b → �+
b K− − 17.0 �+

b → �0
bK

+ − 17.0 �0
b → �′0

b η8 16.0 �′0
b → �0

bη8 16.0

�0
b → �0

bπ
0 18.5 �0

b → �+
b π− − 15.0 �+

b → �0
bπ

+ − 15.0 �0
b → �−

b π+ 15.0 �−
b → �0

bπ
− 15.0

�′0
b → �0

b K̄
0 − 11.5 �0

b → �′−
b K+ 11.5 �′−

b → �0
bK

− 11.5 �−
b → �0

b K
− − 11.5 �0

b → �−
b K

+ − 11.5

�−
b → �−

b K
0 − 17.0 �−

b → �′−
b η8 16.0 �′−

b → �−
b η8 16.0 �−

b → �−
b K

0 17.0 �−
b → �−

b K̄
0 17.0

�′0
b → �−

b π+ 10.6 �−
b → �′−

b π0 − 7.5 �′−
b → �−

b π0 − 7.5 �0
b → �−

b K
+ 17.0 �−

b → �0
bK

− 17.0

�′0
b → �0

bπ
0 7.5 �0

b → �′−
b π+ 10.6 �′−

b → �0
bπ

− 10.6 �′0
b → �0

b K̄
0 13.4 �0

b → �′0
b K

0 13.4

�+
b → �′0

b K
+ 19.0 �′0

b → �′0
b η8 − 5.3 �0

b → �0
bη8 12.5 �0

b → �+
b π− 17.0 �+

b → �0
bπ

+ 17.0

�+
b → �+

b π0 18.0 �′−
b → �0

b K
− 13.4 �0

b → �′−
b K+ 13.4 �′−

b → �−
b K̄ 0 19.0 �−

b → �′−
b K 0 19.0

�−
b → �−

b η8 − 26.0 �−
b → �′0

b K
− 21.0 �′0

b → �−
b K

+ 21.0 �−
b → �′−

b K̄ 0 19.0 �′−
b → �−

b K
0 19.0

�0
b → �−

b π+ 17.0 �−
b → �−

b η8 12.5 �−
b → �−

b π0 − 18.0 �′−
b → �′0

b π− 12.0 �′0
b → �′−

b π+ 12.0

�′0
b → �′0

b π0 9.0 �0
b → �−

b K
+ − 1.5 �0

b → �0
b K̄

0 − 11.5 �0
b → �0

bπ
0 18.5 �0

b → �′0
b K

0 − 11.5

�−
b → �−

b K̄ 0 − 17.0 �−
b → �′0

b π− 10.6 �0
b → �′0

b π0 7.5 �′0
b → �+

b K− 19.0 �+
b → �+

b η8 12.5

�′−
b → �′−

b η8 − 5.5 �−
b → �0

bπ
− 17.0 �′−

b → �′−
b π0 − 9.0

+ M(K+, �′−
b ; K∗+) + M(K∗+, �−

b ; K+)

+ M(K∗+, �′−
b ; K+) + M(K+, �−

b ;�−
b )

+ M(K+, �−
b ;�′−

b ) + M(K+, �′−
b ; �−

b )

+ M(K+, �′−
b ;�′−

b ) + M(K∗+, �−
b ; �−

b )

+ M(K∗+, �−
b ;�′−

b ) + M(K∗+, �′−
b ; �−

b )

+ M(K∗+, �′−
b ;�′−

b ) + M(π+, �−
b ;�−

b )

+ M(ρ+, �−
b ;�−

b ), (B5)
A(�0

bc → �0
b K̄

0)=CSD(�0
bc → �0

b K̄
0)+M(π+, �−

b ; K∗+)

+M(π+, �′−
b ; K∗+)

+ M(ρ+, �−
b ; K+) + M(ρ+, �′−

b ; K+)

+ M(π+, �−
b ;�−

b ) + M(π+, �′−
b ;�−

b )

+ M(ρ+, �−
b ;�−

b ) + M(ρ+, �′−
b ;�−

b ), (B6)
A(�0

bc → �0
bK

0) = CSD(�0
bc → �0

bK
0) + M(K+, �−

b ; ρ+)

+ M(K∗+, �−
b ;π+) + M(K+, �−

b ;�−
b )

+ M(K+, �−
b ; �′−

b ) + M(K∗+, �−
b ; �−

b )

+ M(K∗+, �−
b ;�′−

b ), (B7)

A(�0
bc → �0

bπ0) = CSD(�0
bc → �0

bπ0) + M(π+, �−
b ; ρ+)

+ M(ρ+, �−
b ;π+) + M(K+, �−

b ; K∗+)

+ M(K+, �′−
b ; K∗+) + M(K∗+, �−

b ; K+)

+ M(K∗+, �′−
b ; K+) + M(π+, �−

b ;�−
b )

+ M(ρ+, �−
b ;�−

b ) + M(K+, �−
b ;�−

b )

+ M(K+, �−
b ;�′−

b ) + M(K+, �′−
b ;�−

b )

+ M(K+, �′−
b ;�′−

b ) (B8)
A(�0

bc → �−
b K+) = T (�0

bc → �−
b K+) + M(π+, �−

b ; K̄∗0) + M(ρ+, �−
b ; K̄ 0)

+ M(K+, �−
b ;φ) + M(K+, �′−

b ;φ)

+ M(K∗+, �−
b ; η8)

+ M(K∗+, �′−
b ; η8), (B9)

A(�0
bc → �−

b π+) = T (�0
bc → �−

b π+) + M(π+, �−
b ; ρ0) + M(π+, �′−

b ; ρ0)

+ M(ρ+, �−
b ;π0) + M(ρ+, �′−

b ; π0) (B10)
A(�0

bc → �0
bη8) = M(π+, �−

b ;�−
b ) + M(π+, �−

b ;�′−
b )

+ M(π+, �′−
b ; �−

b ) + M(π+, �′−
b ; �′−

b ) + M(ρ+, �−
b ;�−

b )

+ M(ρ+, �−
b ;�′−

b ) + M(ρ+, �′−
b ; �−

b )
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Table 8 Strong coupling constants of VB3̄B3̄, VB3̄B6 and VB6B6 vertex

Vertex f1 f2 Vertex f1 f2 Vertex f1 f2 Vertex f1 f2

�0
b → �0

bω 5.2 8.0 �0
b → �0

bK
∗0 5.0 7.0 �0

b → �0
b

¯K ∗0 5.0 7.0 �0
b → �0

bφ 4.0 5.7

�−
b → �0

bK
∗− − 5.0 − 7.0 �−

b → �−
b φ 4.0 5.7 �−

b → �0
bρ

− 4.4 7.1 �0
b → �−

b ρ+ 4.4 7.1

�−
b → �−

b ρ0 − 3.1 − 5.0 �0
b → �0

bω 2.8 4.0 �0
b → �0

bρ
0 3.1 5.0 �0

b → �0
bρ

0 2.8 40.0

�0
b → �+

b ρ− − 2.8 − 40.0 �+
b → �0

bρ
+ − 2.8 − 40.0 �0

b → �′0
b K

∗0 − 2.6 − 32.0 �′0
b → �0

b
¯K ∗0 − 2.6 − 32.0

�0
b → �0

bK
∗0 − 2.6 − 32.0 �0

b → �+
b K ∗− − 3.7 − 45.3 �+

b → �0
bK

∗+ − 3.7 − 45.3 �0
b → �′0

b φ − 2.6 − 30.0

�0
b → �−

b ρ+ 2.8 40.0 �−
b → �0

bρ
− 2.8 40.0 �0

b → �′−
b K ∗+ 2.6 32.0 �′−

b → �0
bK

∗− 2.6 32.0

�0
b → �−

b K
∗+ − 2.6 − 32.0 �−

b → �−
b

¯K ∗0 − 3.7 − 45.3 �−
b → �−

b K
∗0 − 3.7 − 45.3 �−

b → �′−
b φ − 2.6 − 30.0

�−
b → �−

b K
∗0 3.5 50.0 �−

b → �−
b

¯K ∗0 3.5 50.0 �−
b → �′0

b ρ− 2.0 28.3 �′0
b → �−

b ρ+ 2.0 28.3

�′−
b → �−

b ω 1.4 22.0 �−
b → �′−

b ρ0 − 1.4 − 20.0 �′−
b → �−

b ρ0 − 1.4 − 20.0 �0
b → �−

b K
∗+ 3.7 45.3

�0
b → �′−

b ρ+ 2.0 28.3 �′−
b → �0

bρ
− 2.0 28.3 �0

b → �′0
b ω 1.4 22.0 �′0

b → �0
bω 1.4 22.0

�′0
b → �0

bρ
0 1.4 22.0 �0

b → �0
bω 4.0 50.0 �0

b → �′+
b ρ− 4.5 55.0 �+

b → �0
bρ

+ 4.5 55.0

�′0
b → �0

b
¯K ∗0 4.2 42.4 �+

b → �+
b ω 4.0 50.0 �+

b → �+
b ρ0 4.4 60.0 �+

b → �′0
b K

∗+ 6.0 60.0

�′0
b → �′0

b φ 5.0 45.0 �−
b → �−

b φ 10.0 95.0 �−
b → �′0

b K
∗− 6.0 70.0 �′0

b → �−
b K

∗+ 6.0 70.0

�′−
b → �−

b K
∗0 6.0 60.0 �−

b → �0
bρ

− 4.5 55.0 �0
b → �−

b ρ+ 4.5 55.0 �−
b → �−

b ω 4.0 50.0

�−
b → �′−

b K ∗0 6.0 60.0 �′−
b → �−

b
¯K ∗0 6.0 60.0 �0

b → �′−
b K ∗+ 4.2 42.4 �′−

b → �0
b K

∗− 4.2 42.4

�′−
b �′0

b ρ− 3.2 38.9 �′0
b → �′−

b ρ+ 3.2 38.9 �′−
b → �′−

b ω 2.0 25.0 �′−
b → �′−

b ρ0 − 2.2 − 30.0

�′0
b → �′0

b ρ0 2.2 30.0 �0
b → �−

b K
∗+ − 5.0 − 7.0 �−

b → �−
b ω 2.8 4.0 �0

b → �0
bρ

0 2.8 40.0

�0
b → �0

b
¯K ∗0 − 2.6 − 32.0 �′0

b → �0
bφ − 2.6 − 30.0 �−

b → �0
b K

∗− − 2.6 − 32.0 �′−
b → �−

b φ − 2.6 − 30.0

�−
b → �′−

b ω 1.4 22.0 �−
b → �0

bK
∗− 3.7 45.3 �0

b → �′0
b ρ0 1.4 22.0 �0

b → �′0
b K

∗0 4.2 42.4

�′0
b → �+

b K ∗− 6.0 60.0 �−
b → �′−

b
¯K ∗0 6.0 60.0 �−

b → �−
b ρ0 − 4.4 − 60.0 �′−

b → �′−
b φ 5.0 45.0

�′0
b → �′0

b ω 2.1 27.0

+ M(ρ+, �′−
b ; �′−

b ) (B11)
A(�0

bc → �0
bK

0) = CSD(�0
bc → �0

bK
0) + M(K+, �−

b ; ρ+) + M(K+, �′−
b ; ρ+)

+ M(K∗+, �−
b ;π+) + M(K∗+, �′−

b ; π+)

+ M(K+, �−
b ;�−

b ) + M(K+, �′−
b ;�−

b ) + M(K∗+, �−
b ;�−

b )

+ M(K∗+, �′−
b ;�−

b ) + M(π+, �−
b ;�−

b )

+ M(π+, �−
b ;�′−

b ) + M(ρ+, �−
b ; �−

b )

+ M(ρ+, �−
b ;�′−

b ), (B12)
A(�0

bc → �0
bπ0) = CSD(�0

bc → �0
bπ0) + M(π+, �−

b ; ρ+) + M(π+, �′−
b ; ρ+)

+ M(ρ+, �−
b ;π+) + M(ρ+, �′−

b ;π+)

+ M(π+, �−
b ;�−

b ) + M(π+, �−
b ; �′−

b ) + M(π+, �′−
b ;�−

b )

+ M(π+, �′−
b ;�′−

b ) + M(ρ+, �−
b ; �−

b )

+ M(ρ+, �−
b ;�′−

b ) + M(ρ+, �′−
b ;�−

b )

+ M(ρ+, �′−
b ; �′−

b ) (B13)
A(�0

bc → �−
b K+) = T (�0

bc → �−
b K+), (B14)

A(�0
bc → �−

b π+) = T (�0
bc → �−

b π+), (B15)
A(�0

bc → �0
bη8) = CSD(�0

bc → �0
bη8) + M(K+, �−

b ; K∗+)

+ M(K+, �′−
b ; K∗+) + M(K∗+, �−

b ; K+) + M(K∗+, �′−
b ; K+)

+ M(K+, �−
b ;�−

b ) + M(K+, �−
b ;�′−

b ) + M(K+, �′−
b ;�−

b )

+ M(K+, �′−
b ;�′−

b ) + M(K∗+, �−
b ; �−

b )

+ M(K∗+, �−
b ;�′−

b ) + M(K∗+, �′−
b ; �−

b )

+ M(K∗+, �′−
b ;�′−

b , ) (B16)
A(�0

bc → �0
b K̄

0) = CSD(�0
bc → �0

b K̄
0) + M(π+, �−

b ; K∗+)

+ M(π+, �′−
b ; K∗+) + M(ρ+, �−

b ; K+) + M(ρ+, �′−
b ; K+)

+ M(π+, �−
b ;�−

b ) + M(π+, �′−
b ;�−

b )

+ M(ρ+, �−
b ;�−

b ) + M(ρ+, �′−
b ;�−

b ) + M(K+,�−
b ; �−

b )

+ M(K+,�−
b ; �′−

b ) + M(K∗+, �−
b ;�−

b )

+ M(K∗+,�−
b ; �′−

b ), (B17)
A(�0

bc → �0
bπ0) = M(K+, �−

b ; K∗+) + M(K+, �′−
b ; K∗+)

+ M(K∗+, �−
b ; K+) + M(K∗+, �′−

b ; K+)

+ M(K+, �−
b ;�−

b ) + M(K+, �−
b ;�′−

b ) + M(K+, �′−
b ;�−

b )

+ M(K+, �′−
b ;�′−

b )

+ M(K∗+, �−
b ; �−

b ) + M(K∗+, �−
b ;�′−

b )

+ M(K∗+, �′−
b ;�−

b ) + M(K∗+, �′−
b ;�′−

b ), (B18)
A(�0

bc → �−
b K+) = T (�0

bc → �−
b K+) + M(K+, �−

b ;φ) + M(K+, �′−
b ; φ)

+ M(K∗+, �−
b ; η8) + M(K∗+, �′−

b ; η8), (B19)
A(�0

bc → �−
b π+) = T (�0

bc → �−
b π+) + M(π+, �−

b ; ρ0) + M(π+, �′−
b ; ρ0)

+ M(ρ+, �−
b ;π0) + M(ρ+, �′−

b ; π0)

+ M(K+,�−
b ; K∗0) + M(K∗+, �−

b ; K 0), (B20)
A(�0

bc → �0
bη8)=CSD(�0

bc → �0
bη8)+M(K+, �−

b ; K∗+)

+ M(K∗+,�−
b ; K+) + M(K+, �−

b ;�−
b ) + M(K∗+, �−

b ;�−
b )

+ M(π+, �−
b ;�−

b ) + M(π+, �−
b ;�′−

b ) + M(π+, �′−
b ;�−

b )

+ M(π+, �′−
b ; �′−

b ) + M(ρ+, �−
b ;�−

b )

+ M(ρ+, �−
b ;�′−

b ) + M(ρ+, �′−
b ; �−

b )

+ M(ρ+, �′−
b ;�′−

b ), (B21)
A(�0

bc → �0
b K̄

0)=CSD(�0
bc → �0

b K̄
0)+M(π+,�−

b ; K∗+)+M(ρ+,�−
b ; K+)

+ M(π+,�−
b ;�−

b ) + M(π+, �−
b ;�′−

b )
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+ M(ρ+,�−
b ;�−

b )

+ M(ρ+,�−
b ;�′−

b ), (B22)
A(�0

bc → �0
bK

0) = CSD(�0
bc → �0

bK
0) + M(K+, �−

b ; ρ+) + M(K+, �′−
b ; ρ+)

+ M(K∗+, �−
b ;π+) + M(K∗+, �′−

b ; π+)

+ M(K+, �−
b ;�−

b ) + M(K+, �−
b ′−;�−

b )

+ M(K∗+, �−
b ;�−

b ) + M(K∗+, �′−
b ;�−

b ) (B23)
A(�0

bc → �0
bπ0)=CSD(�0

bc → �0
bπ0)+M(π+, �−

b ; ρ+)+M(π+, �′−
b ; ρ+)

+ M(ρ+, �−
b ;π+) + M(ρ+, �′−

b ;π+)

+M(K+, �−
b ; K∗+)+M(K∗+,�−

b ; K+)+M(π+, �−
b ;�−

b )

+ M(π+, �−
b ;�′−

b ) + M(π+, �′−
b ;�−

b )

+ M(π+, �′−
b ;�′−

b ) + M(ρ+, �−
b ; �−

b )

+ M(ρ+, �−
b ;�′−

b ) + M(ρ+, �′−
b ;�−

b )

+ M(ρ+, �′−
b ; �′−

b ), (B24)
A(�+

bc → �0
b K

+) = T (�+
bc → �0

b K
+) + M(K+,�0

b; ρ0) + M(K+, �0
b ;ω)

+ M(K∗+, �0
b;π0) + M(K∗+, �0

b ; η8)

+ M(K+, �0
b;�−

b ) + M(K+, �0
b;�′−

b )

+ M(K+, �0
b ;�−

b ) + M(K+, �0
b ;�′−

b )

+ M(K∗+, �0
b;�−

b )

+ M(K∗+, �0
b;�′

b) + M(K∗+, �0
b ;�−

b )

+ M(K∗+, �0
b ;�′−

b ), (B25)
A(�+

bc → �0
bπ+) = T (�+

bc → �0
bπ+) + M(π+, �0

b; ρ0)

+ M(ρ+,�0
b;π0) + M(K+, �0

b; K∗0)

+ M(K+, �′0
b ; K∗0)

+M(K∗+, �0
b; K 0)+M(K∗+, �′0

b ; K 0)+M(π+,�0
b;�−

b )

+ M(π+, �0
b ;�−

b ) + M(ρ+,�0
b;�−

b )

+ M(ρ+, �0
b ;�−

b ) + M(K+, �0
b;�−

b )

+M(K+, �0
b;�′−

b )+M(K+, �′0
b ;�−

b )+M(K+, �′0
b ;�′−

b )

+ M(K∗+, �0
b;�−

b ) + M(K∗+, �0
b; �′−

b )

+ M(K∗+, �′0
b ;�−

b ) + M(K∗+, �′0
b ;�′−

b ), (B26)
A(�+

bc → �+
b η8) = CSD(�+

bc → �+
b η8) + M(π+, �0

b ;�0
b ) + M(π+,�0

b;�0
b)

+ M(ρ+, �0
b ;�0

b ) + M(ρ+, �0
b;�0

b)

+M(K+, �0
b; K∗+)+M(K+, �′0

b ; K∗+)+M(K∗+, �0
b; K+)

+ M(K∗+, �′0
b ; K+) + M(K+, �0

b;�0
b)

+ M(K+, �0
b;�′0

b ) + M(K+, �′0
b ;�0

b)

+ M(K+, �′0
b ;�′0

b ) + M(K∗+, �0
b;�0

b)

+ M(K∗+, �0
b;�′0

b )

+ M(K∗+, �′0
b ;�0

b) + M(K∗+, �′0
b ;�′0

b ), (B27)
A(�+

bc → �+
b K̄ 0) = CSD(�+

bc → �+
b K̄ 0) + M(π+, �0

b; K∗+)

+ M(π+, �′0
b ; K∗+) + M(ρ+, �0

b; K+) + M(ρ+, �′0
b ; K+)

+ M(π+, �0
b;�0

b ) + M(π+, �0
b;�0

b) + M(π+, �′0
b ;�0

b )

+ M(π+, �′0
b ;�0

b) + M(ρ+, �0
b; �0

b )

+ M(ρ+, �0
b; �0

b) + M(ρ+, �′0
b ;�0

b )

+ M(ρ+, �′0
b ; �0

b), (B28)
A(�+

bc → �+
b K 0) = CSD(�+

bc → �+
b K 0) + M(K∗+,�0

b;π+)

+ M(K∗+, �0
b ;π+) + M(K+, �0

b; ρ+)

+ M(K+, �0
b ; ρ+)

+ M(K+, �0
b;�0

b) + M(K+, �0
b;�′0

b )

+ M(K+, �0
b ;�0

b) + M(K+, �0
b ; �′0

b )

+ M(K∗+, �0
b;�0

b)

+ M(K∗+,�0
b;�′0

b ) + M(K∗+, �0
b ;�0

b)

+ M(K∗+, �0
b ;�′0

b ), (B29)
A(�+

bc → �+
b π0) = CSD(�+

bc → �+
b π0) + M(π+,�0

b; ρ+) + M(π+, �0
b ; ρ+)

+ M(ρ+, �0
b;π+) + M(ρ+, �0

b ;π+)

+ M(π+,�0
b;�+) + M(π+, �0

b ;�+) + M(ρ+, �0
b;�+)

+ M(ρ+, �0
b ;�+) + M(K+, �0

b; K∗+)

+M(K+, �′0
b ; K∗+)+M(K∗+, �0

b; K+)+M(K∗+, �′0
b ; K+)

+ M(K+, �0
b;�0

b) + M(K+, �0
b;�′0

b )

+ M(K+, �′0
b ;�0

b) + M(K+, �′0
b ;�′0

b )

+M(K∗+, �0
b;�0

b)+M(K∗+, �0
b;�′0

b )+M(K∗+, �′0
b ;�0

b)

+ M(K∗+, �′0
b ;�′0

b ), (B30)
A(�+

bc → �′0
b K+) = T (�+

bc → �′0
b K+) + M(K+, �0

b; ρ0) + M(K+, �0
b;ω)

+ M(K+, �′0
b ; ρ0) + M(K+, �′0

b ;ω)

+ M(K∗+, �0
b;π0) + M(K∗+, �0

b; η8)

+M(K∗+, �′0
b ;π0)+M(K∗+, �′0

b ; η8)+M(π+, �0
b; K̄∗0)

+ M(π+, �0
b ; K̄∗0) + M(ρ+, �0

b; K̄ 0)

+ M(ρ+, �0
b ; K̄ 0) + M(K+, �0

b;φ)

+ M(K+, �′0
b ;φ)

+ M(K+, �0
b;�−

b ) + M(K+, �′0
b ;�−

b )

+ M(K∗+, �0
b;�−

b ) + M(K∗+, �′0
b ;�−

b )

+ M(π+,�0
b;�−

b )

+ M(π+,�0
b;�′−

b ) + M(π+, �0
b ;�−

b )

+ M(π+, �0
b ;�′−

b ) + M(ρ+,�0
b;�−

b )

+ M(ρ+, �0
b;�′−

b )

+ M(ρ+, �0
b ;�−

b ) + M(ρ+, �0
b ;�′−

b ), (B31)
A(�+

bc → �′0
b π+) = T (�+

bc → �′0
b π+) + M(π+, �0

b; ρ0)

+ M(π+, �′0
b ; ρ0) + M(ρ+, �0

b;π0)

+ M(ρ+, �′0
b ;π0)

+ M(π+, �0
b; �−

b ) + M(π+, �0
b; �′−

b )

+ M(π+, �′0
b ; �−

b ) + M(π+, �′0
b ; �′−

b )

+ M(ρ+, �0
b;�−

b )

+ M(ρ+, �0
b;�′−

b ) + M(ρ+, �′0
b ;�−

b )

+ M(ρ+, �′0
b ;�′−

b ), (B32)
A(�0

bc → �−
b K+) = M(π+, �−

b ; K̄∗0) + M(π+, �′−
b ; K̄∗0)

+ M(ρ+, �−
b ; K̄ 0) + M(ρ+, �′−

b ; K̄ 0), (B33)
A(�0

bc → �0
bη8) = CSD(�0

bc → �0
bη8)

+ M(K+, �−
b ; K∗+) + M(K+, �′−

b ; K∗+)

+ M(K∗+, �−
b ; K+) + M(K∗+, �′−

b ; K+)

+ M(K+, �−
b ;�−

b ) + M(K+, �−
b ;�′−

b )

+ M(K+, �′−
b ;�−

b ) + M(K+, �′−
b ;�′−

b )

+ M(K∗+, �−
b ; �−

b )

+ M(K∗+, �−
b ; �′−

b ) + M(K∗+, �′−
b ;�−

b )

+ M(K∗+, �′−
b ;�′−

b ) + M(π+, �−
b ; �−

b )

+ M(ρ+, �−
b ;�−

b ), (B34)
A(�0

bc → �0
b K̄

0) = CSD(�0
bc → �0

b K̄
0) + M(π+, �−

b ; K∗+)

+M(π+, �′−
b ; K∗+)+M(ρ+, �−

b ; K+)+M(ρ+, �′−
b ; K+)

+ M(π+, �−
b ;�−

b ) + M(π+, �′−
b ;�−

b )

+ M(ρ+, �−
b ;�−

b ) + M(ρ+, �′−
b ;�−

b ), (B35)
A(�0

bc → �0
b K

0)=CSD(�0
bc → �0

b K
0)+M(K+, �−

b ; ρ+)+M(K∗+, �−
b ;π+)
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+ M(K+, �−
b ; �−

b ) + M(K+, �−
b ;�′−

b )

+ M(K∗+, �−
b ;�−

b ) + M(K∗+, �−
b ;�′−

b ), (B36)
A(�0

bc → �0
bπ0)=CSD(�0

bc → �0
bπ0)+M(π+, �−

b ; ρ+)+M(ρ+, �−
b ; π+)

+ M(K+, �−
b ; K∗+) + M(K+, �′−

b ; K∗+)

+ M(K∗+, �−
b ; K+) + M(K∗+, �′−

b ; K+)

+ M(π+, �−
b ;�−

b ) + M(ρ+, �−
b ;�−

b )

+ M(K+, �−
b ;�−

b )

+ M(K+, �−
b ;�′−

b ) + M(K+, �′−
b ; �−

b )

+ M(K+, �′−
b ;�′−

b ) + M(K∗+, �−
b ; �−

b )

+ M(K∗+, �−
b ;�′−

b )

+ M(K∗+, �′−
b ;�−

b ) + M(K∗+, �′−
b ; �′−

b ), (B37)
A(�0

bc → �−
b π+) = T (�0

bc → �−
b π+) + M(π+, �−

b ; ρ0) + M(ρ+, �−
b ;π0)

+ M(K+, �−
b ; K∗0) + M(K+, �′−

b ; K∗0)

+ M(K∗+, �−
b ; K 0) + M(K∗+, �′−

b ; K 0), (B38)
A(�0

bc → �+
b K−) = M(π+, �−

b ;�0
b ) + M(π+, �−

b ; �0
b)

+ M(π+, �′−
b ;�0

b ) + M(π+, �′−
b ;�0

b)

+ M(ρ+, �−
b ;�0

b )

+ M(ρ+, �−
b ;�0

b) + M(ρ+, �′−
b ;�0

b )

+ M(ρ+, �′−
b ; �0

b), (B39)
A(�0

bc → �+
b π−) = M(π+, �−

b ;�0
b ) + M(π+, �−

b ;�0
b) + M(ρ+, �−

b ; �0
b )

+ M(ρ+, �−
b ;�0

b) + M(K+, �−
b ;�0

b)

+ M(K+, �−
b ;�′0

b ) + M(K+, �′−
b ; �0

b)

+ M(K+, �′−
b ;�′0

b ) + M(K∗+, �−
b ; �0

b)

+ M(K∗+, �−
b ;�′0

b ) + M(K∗+, �′−
b ; �0

b)

+ M(K∗+, �′−
b ;�′0

b ), (B40)
A(�0

bc → �′−
b K+) = T (�0

bc → �′−
b K+) + M(π+, �−

b ; K̄∗0)

+ M(ρ+, �−
b ; K̄ 0) + M(K+, �−

b ;φ) + M(K+, �′−
b ; φ)

+ M(K∗+, �−
b ; η8) + M(K∗+, �′−

b ; η8), (B41)
A(�0

bc → �′−
b π+) = T (�0

bc → �′−
b π+) + M(π+, �−

b ; ρ0)

+ M(π+, �′−
b ; ρ0) + M(ρ+, �−

b ;π0)

+ M(ρ+, �′−
b ; π0), (B42)

A(�0
bc → �′0

b η8) = CSD(�0
bc → �′0

b η8)

+ M(π+, �−
b ;�−

b ) + M(π+, �−
b ; �′−

b )

+ M(π+, �′−
b ;�−

b ) + M(π+, �′−
b ;�′−

b )

+ M(ρ+, �−
b ;�−

b ) + M(ρ+, �−
b ; �′−

b )

+ M(ρ+, �′−
b ; �−

b ) + M(ρ+, �′−
b ;�′−

b ), (B43)
A(�0

bc → �′0
b K 0) = CSD(�0

bc → �′0
b K 0)

+ M(K+, �−
b ; ρ+) + M(K+, �′−

b ; ρ+)

+ M(K∗+, �−
b ;π+) + M(K∗+, �′−

b ; π+)

+ M(K+, �−
b ;�−

b ) + M(K+, �′−
b ;�−

b )

+ M(K∗+, �−
b ;�−

b ) + M(K∗+, �′−
b ;�−

b )

+ M(π+, �−
b ;�−

b )

+ M(π+, �−
b ;�′−

b ) + M(ρ+, �−
b ; �−

b )

+ M(ρ+, �−
b ;�′−

b ), (B44)
A(�0

bc → �′0
b π0) = CSD(�0

bc → �′0
b π0) + M(π+, �−

b ; ρ+)

+ M(π+, �′−
b ; ρ+) + M(ρ+, �−

b ;π+)

+ M(ρ+, �′−
b ; π+)

+ M(π+, �−
b ;�−

b ) + M(π+, �−
b ; �′−

b )

+ M(π+, �′−
b ;�−

b ) + M(π+, �′−
b ;�′−

b )

+ M(ρ+, �−
b ;�−

b )

+ M(ρ+, �−
b ;�′−

b ) + M(ρ+, �′−
b ; �−

b )

+ M(ρ+, �′−
b ;�′−

b ), (B45)
A(�0

bc → �−
b K+) = T (�0

bc → �−
b K+) + M(π+, �−

b ; K̄∗0)

+ M(π+, �′−
b ; K̄∗0) + M(ρ+, �−

b ; K̄ 0)

+ M(ρ+, �′−
b ; K̄ 0)

+ M(K+,�−
b ; φ) + M(K∗+,�−

b ; η8), (B46)
A(�0

bc → �0
bη8) = CSD(�0

bc → �0
bη8) + M(K+, �−

b ; K∗+)

+ M(K+, �′−
b ; K∗+) + M(K∗+, �−

b ; K+)

+ M(K∗+, �′−
b ; K+)

+ M(K+, �−
b ;�−

b ) + M(K+, �−
b ;�′−

b )

+ M(K+, �′−
b ;�−

b ) + M(K+, �′−
b ;�′−

b )

+ M(K∗+, �−
b ; �−

b )

+ M(K∗+, �−
b ; �′−

b ) + M(K∗+, �′−
b ;�−

b )

+ M(K∗+, �′−
b ;�′−

b ), (B47)
A(�0

bc → �0
b K̄

0) = CSD(�0
bc → �0

b K̄
0)

+ M(π+, �−
b ; K∗+) + M(π+, �′−

b ; K∗+)

+ M(ρ+, �−
b ; K+) + M(ρ+, �′−

b ; K+)

+ M(π+, �−
b ;�−

b ) + M(π+, �′−
b ;�−

b )

+ M(ρ+, �−
b ;�−

b ) + M(ρ+, �′−
b ;�−

b )

+ M(K+,�−
b ; �−

b )

+ M(K+,�−
b ; �′−

b ) + M(K∗+, �−
b ;�−

b )

+ M(K∗+,�−
b ; �′−

b ), (B48)
A(�0

bc → �0
bπ0) = M(K+, �−

b ; K∗+)

+M(K+, �′−
b ; K∗+)+M(K∗+, �−

b; K+)+M(K∗+, �′−
b ; K+)

+ M(K+, �−
b ;�−

b )

+ M(K+, �−
b ;�′−

b ) + M(K+, �′−
b ;�−

b )

+ M(K+, �′−
b ;�′−

b ) + M(K∗+, �−
b ;�−

b )

+ M(K∗+, �−
b ; �′−

b )

+ M(K∗+, �′−
b ;�−

b ) + M(K∗+, �′−
b ;�′−

b ), (B49)
A(�0

bc → �−
b π+) = M(K+, �−

b ; K∗0) + M(K+, �′−
b ; K∗0)

+ M(K∗+, �−
b ; K 0) + M(K∗+, �′−

b ; K 0), (B50)
A(�0

bc → �+
b K−) = M(π+, �−

b ;�0
b ) + M(π+, �−

b ;�0
b)

+ M(π+, �′−
b ; �0

b ) + M(π+, �′−
b ;�0

b)

+ M(ρ+, �−
b ;�0

b )

+ M(ρ+, �−
b ;�0

b) + M(ρ+, �′−
b ;�0

b )

+ M(ρ+, �′−
b ;�0

b) + M(K+, �−
b ;�0

b)

+ M(K+,�−
b ; �′0

b )

+ M(K∗+,�−
b ; �0

b) + M(K∗+, �−
b ;�′0

b ), (B51)
A(�0

bc → �+
b π−) = M(K+, �−

b ;�0
b) + M(K+, �−

b ;�′0
b )

+ M(K+, �′−
b ;�0

b) + M(K+, �′−
b ;�′0

b )

+ M(K∗+, �−
b ; �0

b)

+ M(K∗+, �−
b ; �′0

b )

+ M(K∗+, �′−
b ;�0

b) + M(K∗+, �′−
b ;�′0

b ), (B52)
A(�0

bc → �′−
b K+) = T (�0

bc → �′−
b K+) + M(K+, �−

b ;φ)

+ M(K+, �′−
b ;φ) + M(K∗+, �−

b ; η8)

+ M(K∗+, �′−
b ; η8), (B53)

A(�0
bc → �′−

b π+) = T (�0
bc → �′−

b π+) + M(π+, �−
b ; ρ0)

+ M(π+, �′−
b ; ρ0) + M(ρ+, �−

b ; π0)
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+ M(ρ+, �′−
b ; π0)

+ M(K+, �−
b ; K∗0) + M(K∗+,�−

b ; K 0), (B54)
A(�0

bc → �′0
b η8) = CSD(�0

bc → �′0
b η8) + M(K+,�−

b ; K∗+)

+M(K∗+, �−
b ; K+)+M(K+,�−

b ; �−
b )+M(K∗+,�−

b ; �−
b )

+ M(π+, �−
b ;�−

b ) + M(π+, �−
b ; �′−

b )

+M(π+, �′−
b ;�−

b )+M(π+, �′−
b ;�′−

b )+M(ρ+, �−
b ;�−

b )

+ M(ρ+, �−
b ;�′−

b ) + M(ρ+, �′−
b ;�−

b )

+ M(ρ+, �′−
b ; �′−

b ) + M(π+, �−
b ; ρ+)

+ M(π+, �′−
b ; ρ+)

+ M(ρ+, �−
b ;π+) + M(ρ+, �′−

b ;π+), (B55)
A(�0

bc → �′0
b K̄ 0) = CSD(�0

bc → �′0
b K̄ 0) + M(π+, �−

b ; K∗+)

+M(ρ+, �−
b ; K+)+M(π+,�−

b ; �−
b )+M(π+,�−

b ;�′−
b )

+ M(ρ+,�−
b ;�−

b )M(ρ+, �−
b ;�′−

b ), (B56)
A(�0

bc → �′0
b K 0) = CSD(�0

bc → �′0
b K 0)

+M(K+, �−
b ; ρ+)+M(K+, �′−

b ; ρ+)+M(K∗+, �−
b ;π+)

+ M(K∗+, �′−
b ;π+)

+ M(K+, �−
b ;�−

b ) + M(K+, �′−
b ;�−

b )

+ M(K∗+, �−
b ;�−

b ) + M(K∗+, �′−
b ;�−

b ), (B57)
A(�0

bc → �′0
b π0) = CSD(�0

bc → �′0
b π0) + M(π+, �−

b ; ρ+)

+ M(π+, �′−
b ; ρ+) + M(ρ+, �−

b ;π+)

+ M(ρ+, �′−
b ; π+)

+ M(K+, �−
b ; K∗+) + M(K∗+,�−

b ; K+)

+ M(π+, �−
b ;�−

b ) + M(π+, �−
b ; �′−

b )

+ M(π+, �′−
b ;�−

b )

+ M(π+, �′−
b ;�′−

b ) + M(ρ+, �−
b ; �−

b )

+ M(ρ+, �−
b ;�′−

b ) + M(ρ+, �′−
b ;�−

b )

+ M(ρ+, �′−
b ; �′−

b ). (B58)
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