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Abstract

This thesis presents a search for lepton flavour universality violation through
semileptonic Bc meson decays in the CMS experiment at the Large Hadron Col-
lider.

The Standard Model of particle physics, while successful in unifying the elec-
tromagnetic, weak, and strong interactions and in accurately predicting various
phenomena that have been measured with extreme precision by multiple exper-
iments, remains incomplete. In fact, it does not incorporate gravity and fails to
provide explanations for certain experimental phenomena. Therefore, efforts are
underway to test the Standard Model predictions and identify potential deviations.
An interesting field to investigate is the lepton flavour universality, an acciden-
tal symmetry that implies identical couplings in electroweak interactions for all
leptons. Several measurements challenge this symmetry and suggest a potential
deviation from its predictions, making this a compelling field for exploring physics
beyond the Standard Model.

This thesis focuses on the search for lepton flavour universality violation, with
the measurement of R(J/ψ) = B(B+

c →J/ψ τ+ντ )/B(B+
c →J/ψ µ+νµ), using data

from proton-proton collisions at 13 TeV centre-of-mass energy collected by the
CMS experiment in 2018, corresponding to an integrated luminosity of 59.7 fb−1.
Both decays of interest, B+

c → J/ψ τ+ντ and B+
c → J/ψ µ+νµ, have three muons

in the final state, considering that only the muonic decays of the τ and J/ψ
meson are considered, enabling simultaneous reconstruction. The CMS detector
high-efficiency muon recognition plays a crucial role, allowing for the accurate
identification and reconstruction of the final state muons.

Since neutrinos, present in both signals final states, escape detection, it is not
possible to fully reconstruct the Bc resonance. Therefore there is no invariant mass
peak and template fits are employed to analyse the data. Kinematic variables
that leverage the difference between the number of final state neutrinos for the
two signals are used, together with topological variables, which are employed to
distinguish the signals and measure and constrain the background contributions.
The dominant background includes hadrons incorrectly reconstructed as muons,
and its contribution is extracted from data.
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A simultaneous fit of the two signals is performed, resulting in the measurement
of the R(J/ψ) value. The final result, R(J/ψ) = 0.17+0.18

−0.17 (stat)
+0.21
−0.22 (syst)

+0.19
−0.18 (theo),

aligns with the SM prediction within 0.3σ and is compatible with previous mea-
surements. This result shows the potential of the CMS experiment in exploring
lepton flavour universality violation and contributing significantly to the search
for new physics.



Abstract

Questa tesi presenta una ricerca di violazione dell’universalità del sapore dei
leptoni attraverso la misura di decadimenti semileptonici dei mesoni Bc, utilizzando
dati raccolti dall’esperimento CMS presso il Large Hadron Collider.

Il Modello Standard della fisica delle particelle, sebbene spieghi con successo
l’unificazione delle interazioni elettromagnetiche, deboli e forti e predica accura-
tamente molti fenomeni che sono stati misurati con estrema precisione da vari
esperimenti, non è completo. Infatti non include la quarta interazione fondamen-
tale, la gravità, e non fornisce spiegazioni per alcuni fenomeni sperimentali. Di
conseguenza, numerosi test e misure sono in corso per verificare le predizioni del
Modello Standard e individuare eventuali deviazioni. Un campo interessante da
esplorare è quello dell’universalità del sapore dei leptoni, una simmetria acciden-
tale che implica gli stessi accoppiamenti nelle interazioni elettrodeboli per tutti i
leptoni. Diversi risultati sperimentali suggeriscono una possibile deviazione dalle
previsioni, rendendolo un campo promettente per esplorare la fisica oltre il Modello
Standard.

Questa tesi si concentra sulla ricerca di violazioni dell’universalità del sapore dei
leptoni, attraverso la misura del rapporto R(J/ψ) = B(B+

c →J/ψ τ+ντ )/B(B+
c →

J/ψ µ+νµ), utilizzando dati provenienti da collisioni protone-protone a un’energia
nel centro di massa di 13 TeV, raccolti dall’esperimento CMS nel 2018, che cor-
rispondono ad una luminosità integrata di 59.7 fb−1. Entrambi i decadimenti di
interesse, B+

c → J/ψ τ+ντ e B+
c → J/ψ µ+νµ, presentano tre muoni nello stato

finale, poiché solo i decadimenti muonici del leptone τ e del mesone J/ψ sono sele-
zionati, consentendo una ricostruzione simultanea. L’efficienza del rivelatore CMS
nel riconoscere e ricostruire i muoni è cruciale in questa analisi, poiché consente
l’identificazione e la ricostruzione accurata dei muoni nello stato finale.

Poiché i neutrini, presenti nello stato finale per entrambi i segnali, non sono
rivelati, non è possibile ricostruire la risonanza del mesone Bc. Quindi, in mancanza
di un picco di massa invariante, viene utilizzato un template fit. Vengono scelte
variabili cinematiche che sfruttano la differenza tra il numero di neutrini nello stato
finale dei due segnali, insieme a variabili topologiche, per distinguere i due segnali
e misurare i contributi del fondo. Il fondo dominante comprende adroni ricostruiti
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come muoni ed è estratto dai dati.
Viene eseguito un fit simultaneo dei due segnali, che restituisce la misura del

valore di R(J/ψ). Il risultato finale, R(J/ψ) = 0.17+0.18
−0.17 (stat)

+0.21
−0.22 (sist)

+0.19
−0.18 (teor),

si allinea con la previsione del Modello Standard entro 0.3σ ed è compatibile
con misure precedenti. Il risultato dimostra il potenziale dell’esperimento CMS
nell’esplorare violazioni dell’universalità del sapore dei leptoni e contribuire in
modo significativo alla ricerca di nuova fisica in questo ambito.
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Introduction

The Standard Model (SM) of particle physics has been very successful in de-
scribing the elementary particles and their interactions. It unifies the electromag-
netic, weak, and strong interactions into a unique theoretical framework. Most of
the processes it describes are verified with very high precision by experiments.
However, despite its ability in predicting and explaining many phenomena, the
SM is not considered a complete theory. It lacks the inclusion of the gravitational
interaction and many experimental phenomena, like dark matter, dark energy,
and neutrino flavour oscillations, which remain unaccounted for, suggesting the
existence of a broader theory that extends the SM, including physics beyond the
Standard Model (BSM).

Lepton Flavour Universality (LFU), an accidental symmetry of the SM, asserts
that the couplings of the three generations of leptons, i.e. electrons, muons, and tau
leptons, are identical in the electroweak (EW) interactions. Deviations from LFU
in experimental results could reveal the presence of physics BSM. Theorists have
proposed several models that address some of the open questions of the SM and, in
turn, predict such deviations, with new mediators for the electroweak interactions
of third family leptons, like charged Higgs bosons, new vector bosons like W’ and
Z’, and leptoquarks. Not flavour-universal interactions involving leptons already
exist, such as the Higgs Yukawa coupling, which couples proportionally to the mass.
Therefore, it makes sense to explore the possibility of violations to this universality
in other interactions.

Both direct and indirect searches are underway for these particles. Some exper-
imental results hint towards potential deviations from LFU, noting discrepancies
up to 3.3σ from the SM predictions. These results do not constitute conclusive
evidence of new discoveries, but they make the search of BSM physics in the LFU
field especially interesting.

In line with these considerations, this thesis presents a direct search for LFU
violations. The goal is the measurement of a branching fraction ratio that includes
the third family of leptons, where the deviation from the SM is hypothesised
to be more visible, which is defined as R(J/ψ) = B(B+

c → J/ψ τ+ντ )/B(B+
c →

J/ψ µ+νµ). This search is performed using data collected by the CMS detector at
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Introduction 2

the Large Hadron Collider (LHC) in 2018. The LHC, the world’s largest and most
powerful particle collider, accelerates protons to achieve a centre of mass energy up
to 13.6 TeV. The CMS detector, which is one of the main experiments collecting
data at the LHC, made it possible to perform this analysis, also thanks to its high
muon detection and reconstruction efficiency.

The main challenge is due to the presence of neutrinos, that escape detection,
in the final states of the two decays of interest of the R(J/ψ) ratio, which results
in the absence of a distinct mass peak for the Bc meson. This aspect adds com-
plexity to the analysis, and it makes the derivation and estimation of backgrounds
very central. A correct background estimation is therefore crucial, and it requires
accounting for all potential decays of interest. The background coming from the
misidentification of muons is especially a critical point of the analysis, due to its
significant impact on the results.

This thesis is divided into two main parts. The first part gives a comprehensive
theoretical and experimental context, making the foundation for the second part,
where the detailed analysis of the R(J/ψ) measurement is described.

Chapter 1 gives an overview of the SM, and Chapter 2 goes deeper into the LFU
topic, covering both theoretical aspects and the current experimental status of LFU
tests. Chapter 3 is dedicated to the LHC and the CMS experiment descriptions,
with a focus on the CMS specific object reconstruction details.

Chapter 4 is the beginning of the description of the R(J/ψ) measurement.
The data and simulation samples used for the analysis are described in Chapter
5, along with the event selection. In Chapter 6, the analysis backgrounds are
thoroughly described, with significant emphasis given to the background coming
from misidentified muons. In Chapter 7 the corrections applied to the simulations
are discussed, while in Chapter 8 the fit model and the systematic uncertainties
are detailed. Finally, Chapter 9 presents the results of the study.
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Chapter 1

The Standard Model of Particle
Physics

The Standard Model (SM) is a SU(3)× SU(2)L × U(1) quantum field theory
[1] that describes the interactions of elementary particles. It describes three out of
the four known interactions in nature in a single model: electromagnetism, weak
and strong forces. Gravity, the fourth fundamental interaction, is still left out by
the SM.

The development of the SM started back in 1961, when Sheldon Glashow [2]
pioneered the unification of the electromagnetic and weak interactions. This effort
was continued by Steven Weinberg [3] and Abdus Salam [4], who later integrated
the Higgs mechanism [5–7]. The SM underwent further refinement during the 60s,
when the quantum theory of the strong force, known as quantum chromodynamics,
was developed. Contributors to this field included Murray Gell-Mann and George
Zweig [8], who proposed the existence of quarks with different flavours, and Moo-
Young Han, Yoichiro Nambu [9], and Oscar W. Greenberg [10], who suggested
the existence of the colour, a new quantum number introducing the SU(3)C sym-
metry. Finally, in 1973, David Politzer [11] and David Gross together with Frank
Wilczek [12] suggested the theory of the asymptotic freedom of strong interaction.
Throughout the following years, the predictions of the SM have been confirmed by
countless measurements, including, notably, the discovery of the Higgs boson at
CERN in 2012 by the ATLAS [13] and CMS [14] experiments. Despite its unpar-
alleled achievements, the SM is not without limitations. It describes three out of
the four existing forces, but gravity, the fourth fundamental interaction, can not
be integrated into the SM because until now it can not be represented in terms of
quantum field theories. Furthermore, the model leaves certain other phenomena
unexplained, hinting at the existence of more general theories.

This chapter provides a description of the SM, starting from its fundamental
principles. In Sec. 1.1, a discussion of the various particles within the SM is pre-

4



1.1 Particles in the Standard Model 5

Family Particle Spin Charge Mass [MeV]

I
u 1/2 2/3e 2.32± 0.10
d 1/2 −1/3e 4.71± 0.09

II
c 1/2 2/3e 1280± 25
s 1/2 −1/3e 92.9± 0.7

III
t 1/2 2/3e 173.34± 0.27± 0.71× 103

b 1/2 −1/3e 4180± 30

Table 1.1: Main properties of the SM quarks [15].

sented. Sections 1.2 and 1.3 are dedicated to introducing quantum electrodynamics
and quantum chromodynamics, respectively. The theory of electroweak interaction,
including detailed explanations of the Higgs mechanism and the CKM matrix, is
covered in Sec. 1.4. Finally, Sec. 1.5 explores some of the known limitations within
the SM.

1.1 Particles in the Standard Model

The SM can be described starting from its fundamental constituents. The com-
ponents of matter are fermions, the interacting particles, and the gauge bosons,
the mediators of the forces governing these interactions. Fermions are characterised
by half-integer spin and they obey the Fermi-Dirac statistics, while bosons have
integer spin and follow Bose-Einstein statistics.

Fermions are further subdivided into leptons and quarks. Leptons can interact
only via electroweak force, while quarks, characterised by an additional quantum
number called colour, can also interact through the strong force. Fermions are or-
ganised into three distinct families, each with increasing mass. Within each family,
quarks are divided into two types: up and down. These types differ in electromag-
netic charge, with the up quark having 2

3
times the charge of an electron, and the

down quark having 1
3
of the electron charge, as illustrated in Table 1.1.

Leptons consist of three massive electrically charged particles and three mass-
less (for the SM) neutral ones. Leptons participate in electromagnetic and weak
interactions but not in strong interactions. Table 1.2 provides details on the three
generations of leptons and their key properties.

For each fermion, an anti-fermion exists with the same mass and spin as the
fermion but with opposite values for all other quantum numbers.

The fundamental interactions of the SM are mediated by the Gauge bosons.
The photon is the mediator of the electromagnetic force, the gluons of the strong
one and the Z and W bosons of weak interactions. W and Z are the only gauge
bosons with a mass: they acquire it through the spontaneous symmetry breaking



1.2 Quantum electrodynamics 6

Family Particle Spin Charge Mass [MeV]

I
e 1/2 −e 0.511
νe 1/2 0 -

II
µ 1/2 −e 105.7
νµ 1/2 0 -

III
τ 1/2 −e 1776.86
ντ 1/2 0 -

Table 1.2: Main properties of the SM leptons [15]. The mass of the neutrinos is
measured to be approximately zero.

mechanism, described in Sec. 1.4.1. More details in Table 1.3.

Interaction Mediators Spin Charge Mass [GeV]
Electromagnetic γ 1 0 0

Weak
W+, W− 1 e, −e 80.354 ± 0.007

Z 1 0 91.1876 ± 0.0021
Strong 8 gluons (g) 1 0 0

Table 1.3: Mediators and their properties for each interaction [15].

1.2 Quantum electrodynamics

Quantum Electrodynamics (QED) is the quantum field theory governing the
electromagnetic interaction. The Dirac Lagrangian that describes the field of a
fermion with mass m, is defined as

L = ψ̄(iγµ∂µ −m)ψ, (1.1)

where the first term corresponds to the kinetic term, while the latter represents the
mass term. In particular,m is the fermion mass parameter, γµ represents the Dirac
matrices, and ψ and ψ̄ denote the 4-component spinor and its adjoint, respectively.

The interactions in the SM emerge from the invariance of the Lagrangian under
local symmetry transformations, known as gauge symmetries. From these symme-
tries, the conservation of physical quantities is derived using the Noether theorem.
The Lagrangian in Eq. (1.1) is invariant under global U(1) transformation such
as:

ψ → ψ′ = eiθψ. (1.2)
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Considering the local transformation θ(x), where now the θ parameters depend
on space-time coordinates, the following transformation is obtained:

ψ → ψ′ = eiθ(x)ψ. (1.3)

The Eq. (1.1) is no longer invariant under this transformation, therefore the co-
variant derivative Dµ = ∂µ + ieAµ is added, where the gauge field Aµ transforms
as

Aµ → A′
µ = Aµ − ∂µα(x). (1.4)

To describe the free propagation of the Aµ field, also a kinematic term must
be added:

Lgauge = −1

4
FµνF

µν , (1.5)

where Fµν is a field strength tensor, and can be written in terms of Aµ as Fµν =
∂µAν − ∂νAµ. The full QED Lagrangian density is:

LQED = ψ̄γµ(iDµ −mψ)ψ − 1

4
FµνF

µν . (1.6)

Mass terms for the gauge fields are forbidden, as they would directly violate the
gauge symmetries. As a consequence, the mass of the photon is zero.

1.3 Quantum chromodynamics

The Quantum chromodynamics (QCD) [16] is the non-Abelian quantum gauge
field theory which describes the strong interaction between quarks, the only par-
ticles possessing the quantum colour charge.

The concept of colour in particle physics was introduced during the 1960s in the
attempt to model the ∆++ baryon, a baryonic resonance with spin 3/2 represented
by the uuu state with spin ↑↑↑. Being it a fermion, to maintain the anti-symmetry
of its wave function, the introduction of a new quantum number, colour, became
necessary.

The number of colour degree of freedom was experimentally verified through
processes such as e+e− → µ+µ− and e+e− → qq̄, where an observable quantity R
was defined as:

R =
σ(e+e− → hadrons)

σ(e+e− → µ+µ−)
= 3

∑
quarks

q2,

with q indicating the quarks charge, and 3 is the number of colours. The final plot
is shown in Fig. 1.1.
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Figure 1.1: Ratio R as a function of the total e+e− centre-of-mass energy [17].

QCD is based on the SU(3)C symmetry, where C denotes the quantum number
colour. Under the SU(3)C transformation the theory is invariant:

ψ → ψ′ = eigsα⃗(x)·T⃗ψ,

where T⃗ = Tα represents the eight generators of the symmetry group, defined as

T a =
1

2
λa,

with λa being the Gell-Mann matrices. If local invariance under the SU(3) group
is imposed, the covariant derivative is introduced:

Dµ = ∂µ + igs
λa
2
Ga
µ.

Here, Ga
µ stands for the 8 gluon fields that transform as:

Ga
µ → G′a

µ = Ga
µ + igsf

abcθb(x)Gc,µ.

Applying this to the Dirac equation for quarks, and incorporating the contributions
of the gluons, the complete Lagrangian density for QCD is:

LQCD = ψ̄γµ∂µψ −mψ̄ψ − igsψ̄γµλaψG
a
µ −

1

4
Gµν
a G

a
µν ,

where Gµν
a is the tensor field defined as:

Gµν
a = ∂µGν

a − ∂νGµ
a − gsfabcG

b,µGc,ν ,
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where fabc is the structure constant of SU(3).
The colour charge cannot be directly observed, because it is confined within

hadrons. This phenomenon is called the confinement of colour, where the only
observable physical states are colour singlets. As the interactions occur among
quarks and gluons at higher energies, colour interactions become progressively
weaker. This characteristic is known as asymptotic freedom.

1.4 The electroweak interactions

The electroweak (EW) theory aims at creating a unified theory of electromag-
netic and weak interactions. It was formulated in the 1960s by Glashow, Weinberg
and Salam as an SU(2)×U(1) local gauge theory. The Lagrangian density is invari-
ant under gauge transformations of the SU(2)I × U(1)Y symmetry group, where
SU(2)I refers to the weak isospin charge I, and U(1)Y to the weak hypercharge
Y , connected with the following relation:

Y = 2(Q− I3), (1.7)

where I3 is the third component of the weak isospin. The generators of this group
are four bosons: W1, W2 and W3 for SU(2)L and B for U(1)Y .
It is useful to introduce the right and left components of the field:

ψR,L =
1

2
(1± γ5)ψ. (1.8)

Left-handed fermions are isospin doublets, I3 = ±1/2, while right-handed fermions
are isospin singlets, I3 = 0:

ψL =

(
uL
dL

)
, ψR = (uR), (dR). (1.9)

The local gauge invariance is obtained by defining the covariant derivative Dµ as:

Dµ = ∂µ + igIiW
i
µ + i

g′

2
Y Bµ, (1.10)

where g and g′ are coupling constants and Ii and Y are respectively the components
of the weak isospin and of the weak hypercharge. The Lagrangian for the EW
interactions is:

LEW =
3∑
j=1

iψ̄jγ
µDµψj −

1

4
BµνB

µν −W a
µνW

µν
a , (1.11)
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where the last two terms describe the free field propagation and the first is the
lepton propagation and interaction term. W µν

i and Bµν are the tensor fields:

W µν
i = ∂µW ν − ∂νW µ;Bµν

i = ∂µBν − ∂νBµ. (1.12)

The four gauge fields can be combined to produce the physical mediators of the
EW interactions for the W±, Z bosons and the photon:

W±
µ =

√
1

2
(W 1

µ ∓ iW 2
µ) (1.13)

which represent the two chargedW±
µ bosons involved in charged weak interactions,(

Aµ
Zµ

)
=

(
cos θW sin θW
− sin θW cos θW

)
·
(
Bµ

W 3
µ

)
, (1.14)

where θW is the weak mixing angle, called Weinberg angle. Aµ and Zµ are respec-
tively the electromagnetic and neutral weak current interaction bosons.

Substituting these fields in the Lagrangian, it can be shown that the charged
currents only act on the left handed components of the fields while the neutral
currents act on both.

The Lagrangian, due to gauge invariance, does not naturally allow for mass
terms for either the gauge bosons or for the fermions. However, the mass content
of the SM and mixing of EW bosons are in contrast with this constraint. In the
next section, the mechanism that enables the introduction of mass terms in the
gauge-invariant SM is presented.

1.4.1 The Higgs mechanism

A mechanism of spontaneous symmetry breaking allows for the generation of
mass without breaking the gauge invariance of the SM Lagrangian. A new term is
added in the Lagrangian, Eq. (1.11), given by the Higgs field ϕ, which is an isospin
doublet:

ϕ =

(
ϕ+

ϕ0

)
, (1.15)

where ϕ+ and ϕ0 are respectively the doublet charged and neutral components. The
Higgs Lagrangian can be written according to the generic complex field Lagrangian
as:

LHiggs = (Dµϕ)†(Dµϕ)− V (ϕ), (1.16)

where the covariant derivative D is in Eq. (1.10) and V indicates the potential for
the field ϕ, given by:

V (ϕ) = λ(ϕ†ϕ)2 + µ2(ϕ†ϕ). (1.17)
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Figure 1.2: Behaviour of the potential V (ϕ) according to the sign of µ2: µ2 > 0
(left) and µ2 < 0 (right).

In order to guarantee a ground state, λ must be positive, and, according to the
sign of µ2, the ground state can be unique or degenerate, as shown in Fig. 1.2.

The Higgs mechanism that creates the symmetry breaking happens in the sec-
ond case, with µ2 < 0. Indeed, the field acquires a vacuum expectation value v
which might be different from 0, that follows the following equation:

ϕ†ϕ =
µ2

λ
=
v2

2
. (1.18)

Substituting the expansion in Eq. (1.16), the gauge bosons acquire their masses
as:

mW =
gv

2
mZ =

gv

2 cos θW
=

mW

cos θW
, (1.19)

while the photon, the field Aµ, is mass-less, as in QED.
Similarly, through the incorporation of Yukawa terms, fermions also acquire

mass, which is proportional to the coupling constant with the Higgs boson. The
fermion mass term −mψ̄ψ breaks the invariance under the SU(2)L×U(1)Y group
due to the different transformations of the right and left-handed chiral components
of the fields. To resolve this, a gauge-invariant mass term is incorporated using a
Yukawa coupling that links the fermion field with the Higgs field, expressed as:

LY = Yf (ψ̄LϕψR − ψ̄Rϕ
†ψL) (1.20)

where ϕ is the Higgs field and Yf represents the Yukawa coupling. Leptons masses
take the form:

mf =
v√
2
Yf , (1.21)

where this relationship implies that the Higgs boson exhibits stronger couplings
to heavier fermions.

The Higgs boson has been discovered in 2012 by the ATLAS [18] and CMS [19]
experiments at LHC. The plots of the discoveries for both experiments are shown
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in Fig. 1.3. The Higgs boson is a spinless and charge-less particle, with a mass of
125 GeV.

Figure 1.3: ZZ∗ → 4l channel of the Higgs discovery from the ATLAS experiment
(left) and the CMS experiment (right).

1.4.2 Flavour in the quark sector

In the SM, the mass matrix arising from the interaction of quarks with the
Higgs field does not align with their flavour states. This discrepancy led to the
introduction of the Cabibbo-Kobayashi-Maskawa (CKM) matrix [20], which facil-
itates the transformation from mass eigenstates to flavour eigenstates of quarks:

VCKM =

Vud Vus Vub
Vcd Vcs Vcb
Vtd Vts Vtb

 . (1.22)

This matrix encapsulates the probabilities of charged current transitions among
the up-type quarks (u, c, t) and down-type quarks (d, s, b). Each element of the
matrix represents the amplitude of a transition from one quark flavour to another.

It can be parameterised by three mixing angles and a CP-violating phase. Of
the many possible conventions, a standard choice has become [21]:

VCKM =

 c12c13 s12c13 s13e
−iδ

−s12c23 − c12s23s13e
iδ c12c23 − s12s23s13e

iδ s23c13
s12s23 − c12c23s13e

iδ −c12s23 − s12c23s13e
iδ c23c13

 (1.23)

where sij = sin θij and cij = cos θij and δ is the already mentioned phase, re-
sponsible for the CP-violating phenomena in flavour changing processes in the SM
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matter-antimatter asymmetry. Considering that experimentally it is known that
s13 ≪ s23 ≪ s12 ≪ 1, it is useful to also introduce another parametrisation, which
exhibits this hierarchy, known as Wolfenstein parametrisation [21]:

s12 = λ =
|Vus|√

|Vud|2 + |Vus|2
(1.24)

s23 = Aλ2 = λ

∣∣∣∣VcbVus

∣∣∣∣ (1.25)

s13e
iδρ = Vub∗ = Aλ3(ρ+ iη). (1.26)

Using these definitions, the CKM matrix can be rewritten in powers of λ as

VCKM ≈

 1− 1
2
λ2 λ Aλ3(ρ− iη)

−λ 1− 1
2
λ2 Aλ2

Aλ3(1− ρ− iη) −Aλ2 1

+O(λ4). (1.27)

The CKM matrix elements can be most precisely determined using a global fit [22,
23] to all available measurements and imposing the SM constraints:

VCKM =

0.97435± 0.00016 0.22500± 0.00067 0.00369± 0.00011

0.22486± 0.00067 0.97349± 0.00016 0.04182+0.00085
−0.00074

0.00857+0.00020
−0.00018 0.04110+0.00083

−0.00072 0.999118+0.000031
−0.000036

 (1.28)

1.5 Beyond the Standard Model

The SM has been successfully validated by many experiments. However, it is
not a comprehensive theory, as it fails to account for several phenomena.

A significant unexplained phenomenon is the presence of dark matter (DM),
which constitutes most of the matter in the universe. Its presence is supported by
various cosmological experimental evidences. For example, contrary to expecta-
tions that star velocities decrease with distance from a galaxy centre, they remain
relatively constant. This and other observations strongly suggest the existence of
DM, which is not explained by the SM. Additionally, the SM does not address the
dark energy issue, which is responsible of the accelerated expansion of the universe.

The SM also does not explain the amount of baryonic asymmetry observed in
the universe, the asymmetry between matter and antimatter. Although the SM
includes CP-violation mechanism theories that suggest a slight difference between
matter and antimatter, these do not fully account for the observed asymmetry.

Another limitation of the SM is its treatment of neutrino masses. Contrary to
the SM assumption of mass-less neutrinos, experiments have shown that neutri-
nos possess mass, as evidenced by neutrino oscillations. Neutrinos, created with a
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specific flavour (e, µ, τ), can transform into another flavour, for instance νµ → νe.
Experiments like SNO, SuperKamiokande, and OPERA have observed these os-
cillations in solar, atmospheric and beam-produced neutrinos. In the simplified
assumption of having only two neutrino flavours, e and µ, the probability of νe to
oscillate into νµ is:

Peµ = sin2(2θ) sin2

(
k
∆m2L

E

)
, (1.29)

where L is the distance travelled by the neutrino and E its energy. The oscillation
probability depends on the quadratic difference of the masses ∆m2 = m2

e − m2
µ,

which therefore can not be null, though very small (0.01− 0.1 eV).
Lastly, the SM has not successfully integrated gravitation interaction.
The list of phenomena not included in the SM presented here is not exhaustive,

but many models have been proposed to include them in a more general model.



Chapter 2

Lepton Flavour Universality

In the SM, the photon, W, and Z bosons, mediators of the EW interactions,
exhibit precisely the same couplings to the three lepton generations. This feature,
referred to as Lepton Flavour Universality (LFU), is an aspect of the SM that can
be challenged to test its validity. Any deviation from the identity, leaving aside any
distinction due to different lepton masses, would indicate potential contributions
from virtual particles beyond the SM.

LFU can be tested in three classes of decays: Sec. 2.1 provides a discussion of
LFU in purely leptonic decays, Sec. 2.2 focuses on LFU in EW decays, and the
theoretical framework for LFU in the b-quark decays is explained in Sec. 2.3.

Sec. 2.4 outlines the SM predictions for a specific LFU test in the b-quark sector,
the R(J/ψ) ratio, which constitutes the central focus of this thesis. Eventually, in
Sec. 2.5 the experimental status of the LFU tests is outlined and in Sec. 2.6 possible
interpretations of LFU violations are described.

2.1 Purely leptonic decays

The LFU can be tested through the analysis of pure leptonic decay channels.
The muon decay into µ− → e−ν̄eνµ, detailed in Fig. 2.1, occurs through two weak
interaction vertices, µ−νµW and We−ν̄e [24]. Considering a potential difference in

Figure 2.1: Feynman diagram of the muon decay [24].

15
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the coupling at these vertices, the decay rate of the muon can be written as:

Γ (µ− → e−ν̄eνµ) =
G

(e)
F G

(µ)
F m5

µ

192π3 (2.1)

where G
(e)
F and G

(µ)
F indicate the Fermi coupling constant, which is a fairly accu-

rate description at low energies of the weak couplings to the electron and muon,
respectively. Similarly, the tau lepton decay to an electron is governed by:

Γ (τ− → e−ν̄eντ ) =
G

(e)
F G

(τ)
F m5

τ

192π3 . (2.2)

The lifetime of a particle is the inverse of its decay rate. The tau lepton, due to
its higher mass, decays through various modes, as shown in Fig. 2.2. Therefore
ττ =

1
Γ
= 1∑

i Γi
, where Γi represents the partial decay rates.

Figure 2.2: Feynman diagram of the tau decays [24].

The branching ratio for the tau decay to an electron, B(τ− → e−ν̄eντ ), can
be expressed in terms of its lifetime as B(τ− → e−ν̄eντ ) = Γ (τ− → e−ν̄eντ ) · ττ .
Therefore, using Eq. (2.2), the following relation holds:

ττ =
192π3

G
(e)
F G

(τ)
F m5

τ

B(τ− → e−ν̄eντ ). (2.3)

By comparing the lifetimes of the tau and muon the ratio of coupling constants
can be computed:

G
(τ)
F

G
(µ)
F

=
m5
µτµ

m5
τττ

B(τ− → e−ν̄eντ ). (2.4)

Using measured values for branching ratios, and the masses and lifetimes of the
leptons, the ratio of weak charged-current coupling strengths for muon and tau is
determined to be [25]:

G
(τ)
F

G
(µ)
F

= 1.0011± 0.0015. (2.5)
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With a similar approach, also electron and muon coupling strengths can be
compared, with a result of

G
(e)
F

G
(µ)
F

= 1.000± 0.004. (2.6)

Given the accuracy of experimental results in leptonic decays, it can be concluded
that G

(e)
F = G

(µ)
F = G

(τ)
F , providing robust experimental evidence for LFU in purely

leptonic decays.

2.2 The electroweak sector

In the SM, W and Z bosons interact uniformly with all types of leptons. This
characteristic has been tested through numerous experiments where these EW
bosons are produced. The most accurate measurements have been obtained from
experiments conducted at e+e− colliders, such as LEP [26], as well as at pp̄ collid-
ers like the Tevatron [27], and at pp colliders like the LHC, which is extensively
discussed in Sec. 3.1.

Precise tests of the Z boson universality in its couplings with charged leptons
have been performed, focusing on the ratios of leptonic partial-widths. The mea-
surements from LEP can be summarised as [28]:

Γµµ
Γee

=
B(Z → µ+µ−)

B(Z → e+e−)
= 1.0009± 0.0028;

Γττ
Γee

=
B(Z → τ+τ−)

B(Z → e+e−)
= 1.0019± 0.0032.

LFU of the neutral weak current is established at the per-mille level. Within the
framework of the SM, assuming the validity of LFU and considering leptons as
mass-less, the SM predicts that all Γ

l
+
l
− partial widths should be identical. At

first order, the effects due to the different masses of the leptons do not signifi-
cantly impact the Z decays measurements. However, for tau leptons, these effects
are of approximately 0.2%, and they have been accurately measured. These mea-
surements have also been conducted at the LHC, with compatible results [29].

Precise measurements using W boson decays that can be interpreted as tests
of LFU have also been performed. All experimental results involving the first and
second generation of leptons are in good agreement with LFU. However the pre-
cision of these results is lower than those derived from Z boson decay analyses.
A combination of measurements from various experiments, illustrated in Fig. 2.3,
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gives the following result:

Γµν
Γeν

=
B(W → µ+ν̄)

B(W → e+ν̄)
= 1.004± 0.008. (2.7)

Figure 2.3: Comparison of the ratio of branching fractions for the muon and elec-
tron decay of the W boson measured by several experiments. The SM prediction
is indicated with a yellow line [30].

The measurements involving the τ lepton from LEP are less precise, and with
∼ 2σ tension with the SM prediction [31]:

Γτν
Γeν

=
B(W+ → τ+ν̄)

B(W+ → e+ν̄)
= 1.063± 0.027

Γτν
Γµν

=
B(W+ → τ+ν̄)

B(W+ → µ+ν̄)
= 1.070± 0.026.

Recent measurements from the ATLAS [32] and CMS [33] experiments, shown
in Fig. 2.4, solved this tension, and found a result in agreement with the SM
prediction:

Γτν
Γµν

= 0.992± 0.013.
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Figure 2.4: Two-dimensional distribution of the ratio Rτ/e versus Rτ/µ measured
by CMS, compared with the corresponding LEP [31] and ATLAS [32] results and
with the SM prediction. The green and yellow bands (dashed lines for the LEP
results) correspond to the 68% and 95% CL, respectively, for the resulting two-
dimensional Gaussian distribution. The corresponding 68% CL one-dimensional
projections (black error bars) are also overlaid for a better visual comparison with
the ATLAS Rτ/µ result [33].

2.3 LFU in b-quark decays

The b-sector, including hadron decays involving b quarks, represents an inter-
esting area for testing LFU. Decays can be split into two groups:

• Flavour-Changing Charged-Current (FCCC) transitions, like the “tree-level”
b→ cl−ν̄l decays, where l represents any of the three charged leptons, shown
in Fig. 2.5. These transitions are characterised by the involvement of a single
element of the CKM matrix, specifically Vcb. Excluding the top quark, which
decays before hadronisation, the b-quark is the only one with sufficient mass
to produce a τ -lepton, providing access to the third generation.

• Flavour-Changing Neutral-Current (FCNC) processes, such as the “loop-
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Figure 2.5: Illustration of a b→ cl−ν̄l transition in the SM, as seen at the hadronic
level, in the case of a B meson decaying into an unspecified H meson [30].

level” (penguin/box) b → sl+l− decays illustrated in Fig. 2.6. The involved
CKM matrix elements are determined by the flavour of the intermediate
quark. The CKM matrix unitarity and hierarchical structure enable the sim-
plification of these products into a dominant term (VtbV

∗
ts) and a Cabibbo-

suppressed term (VubV
∗
us).

Figure 2.6: Illustration of b→ sl+l− transitions in the SM, as seen at the hadronic
level, in the case of a B meson decaying into an unspecified H meson [30]. Penguin
diagram (left) and box diagram (right).

To test LFU, identical observables across processes that only differ in the lepton
flavours involved can be compared. This could be, for example, specific angular
observables describing their kinematics or the ratio of their branching fractions,
like:

R(X) =
B(Hb → Xτ−ν̄τ )

B(Hb → Xl−ν̄l)
, (2.8)

where l = e, µ and Hb is an hadron containing a b quark. Theoretically, ratio-based
observables are preferable as they facilitate the cancellation of common hadronic
form-factors and CKM matrix elements. Experimentally, employing ratios is also
beneficial as it reduces reliance on the absolute knowledge of efficiencies, decreasing
the importance of systematic uncertainties.
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2.3.1 Effective Field Theory

In order to describe the wide range of scales from the EW regime down to
the masses of fermions, an effective field theory (EFT) approach is employed,
to separate the effects from different scales [30]. This concept is similar to the
development of the Fermi theory for β decays, obtained neglecting the propagation
of the W gauge boson, which simplifies the interaction to a point-like interaction
between four fermions. The EFT applicable at low energies, or equivalently at large
distances, is formulated by neglecting the propagation of heavy and high-energy
particles, retaining only those that are light and low-energy and can propagate over
extended distances. The influences of the heavier particles are encapsulated within
short-distance coefficients, the Wilson coefficients, which then multiply operators
composed of the lighter field components. The EFT approach can be applied to
both FCCC and FCNC decays.

For FCCC decays, such as b → cl−ν̄l, the corresponding effective Hamiltonian
can be written as:

Heff (b→ cl−ν̄l) =
4GF√

2
Vcb

∑
i

CiOi (2.9)

where the index i extends over a range of 4-fermion operators, denoted by Oi, and
their associated Wilson coefficients, Ci. They can be computed perturbatively and
involve the masses and the couplings of the heavy degrees of freedom (W, Z, H and
t in the SM). Due to the universality of lepton couplings for the three generations,
the SM Wilson coefficients have the same value for all three lepton generations.
The sum in Eq. (2.9) contains one dominant operator in the SM, called OV l. A
visualisation of the EFT applied to FCCC decay can be seen in Fig. 2.7.

Figure 2.7: Illustration of a b → cl−ν̄l transition in the effective Hamiltonian
approach. The red dot corresponds to a local two-quark two-lepton operator [30].

For FCNC transitions, such as b→ sl−l+ , the effective Hamiltonian is formu-
lated as follows:



2.4 SM prediction for R(J/ψ) 22

Heff (b→ sl−l+) = −4GF√
2
VtbV

∗
ts

∑
i

CiOi (2.10)

with additional minor adjustments proportional to VubV
∗
us. CKM unitarity allows to

re-express terms proportional to VcbV
∗
cs in terms of the other CKM matrix element

products, as already mentioned. For the SM, the primary operators relevant to
b → sl−l+ are O7, which includes the electromagnetic tensor, and the point-like
interaction operators O9l and O10l, as depicted in Fig. 2.8. Consistent with the
principle of lepton coupling universality in the SM, the Wilson coefficients for
these operators are identical across all three lepton generations.

Figure 2.8: Illustration of a b → sl−l+ transition in the effective Hamiltonian
approach. The (red) dot corresponds to a local operator [30].

The use of this methodology offers multiple advantages in the analysis of these
processes. For example, this framework is easily adaptable to include effects from
NP. Such adaptations could lead either to alterations in the existing short-distance
Wilson coefficients or to the introduction of new operators, which are either absent
or significantly diminished in the SM due to its symmetries.

Since an extension of the SM may provide an explanation to the existence of
three families with a similar structure but very different masses, it is possible that
NP could contribute in ways that diverge from the SM established symmetries, par-
ticularly in terms of flavour. This implies that NP effects might potentially break
the standard paradigm of LFU. Consequently, this could result in distinct Wilson
coefficients for operators that are structurally identical but vary with respect to
lepton flavour.

2.4 SM prediction for R(J/ψ)

For semileptonic decays of the first and second lepton generation, such as B →
D(∗)µ−ν̄µ and B → D(∗)e−ν̄e, it is commonly assumed that contributions from NP
are negligible. These decay processes are used for determining the CKM matrix
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element Vcb and for analysing the hadronic form factors involved. Furthermore,
the branching fraction measurements for B(B̄0 → D+µ−ν̄µ), B(B̄0 → D+e−ν̄e),

B(B− → D0µ−ν̄µ) and B(B− → D0e−ν̄e), are consistent with each other and in
agreement with LFU [34, 35].

The large mass of the tau lepton, which is approximately 17 times heavier than
the muon and 3500 times heavier than the electron, could make semileptonic B
decays involving the third generation more sensitive to NP, if they depend on the
mass. To investigate NP effects in these decays, the ratios of branching fractions
between decays involving third-generation leptons and first or second-generation
leptons can be measured:

R(Hc) =
B(Hb → Hcτ

−ν̄τ )

B(Hb → Hcl
−ν̄l)

, (2.11)

where l denotes either an electron or, typically, a muon. As previously mentioned
in the introduction of Sec. 2.3, this ratio-based approach effectively cancels a large
part of the theoretical uncertainties, such as Vcb and common part of the form
factors, as well as experimental uncertainties, including branching fraction mea-
surements and reconstruction efficiencies.

This thesis focuses specifically on the R(J/ψ) defined as:

R(J/ψ) =
B(B−

c → J/ψτ−ν̄τ )

B(B−
c → J/ψµ−ν̄µ)

. (2.12)

In this equation, the generic lepton l of Eq. (2.11) is a muon. The reasons behind
this choice, based on experimental considerations, are detailed in the second part
of this thesis.

The full differential decay rate [36] for B−
c → J/ψl−ν̄l is shown in Eq. (2.13),

where l is a lepton with mass ml, with respect to the squared four-momentum
transfer, q2, and the angles defined in Fig. 2.9.

d4Γ (B−
c → J/ψ(→ µ+µ−)l−ν̄)

d cos(θJ/ψ)d cos(θW )dχdq2
= B(J/ψ → µ+µ−)N

∑
i

ki(θW , θJ/ψ, χ)Hi(q
2),

(2.13)
where N is given by:

N =
G2
F

(4π)4
|ηEW |2|Vcb|2

3(q2 −m2
l )

2|p⃗′|
8M2

Bc
q2

. (2.14)

The J/ψ in this calculation only decays through its electromagnetic decay mode,
into µ+µ− pairs [36].
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Figure 2.9: Conventions for the angular variables entering the differential decay
rate [36].

In this context, |p⃗′| indicates the momentum of the J/ψ in the rest frame of
the Bc, and ηEW represents an EW correction, as defined in Ref. [37]. The specific
combinations of helicity amplitudes and coefficients, Hi and ki, are listed in Table
1 of Ref. [36].

Integrating over angles, the differential rate in q2 is then given by:

dΓ

dq2
= N × 64π

9

[
(H2

− +H2
0 +H2

+) +
m2
l

2q2
(H2

− +H2
0 +H2

+ + 3H2
t )

]
, (2.15)

with the helicity amplitudes defined in terms of Lorentz-invariant form factors:

H±(q
2) = (MBc

+MJ/ψ)A1(q
2)∓

2MBc
|p⃗′|

MBc
+MJ/ψ

V (q2), (2.16)

H0(q
2) =

1

2MJ/ψ

√
q2
(−4

M2
Bc|p⃗′|2

MBc
+MJ/ψ

A2(q
2)

+ (MBc
+MJ/ψ)(M

2
Bc

−M2
J/ψ − q2)A1(q

2)),

(2.17)

Ht(q
2) =

2MBc
|p⃗′|√
q2

A0(q
2). (2.18)

The form factors A0, A1, A2 and V are computed in Ref. [38], and the resulting
helicity amplitudes are shown in Fig. 2.10.

Differential and total decay rates are calculated, with the differential rate
dΓ/dq2 for tau lepton and muon shown in Fig. 2.11. From the computation of
the total decay rate, the prediction of the R(J/ψ) ratio can be found [36]:

R(J/ψ) = 0.2582(38). (2.19)
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Figure 2.10: Helicity amplitudes as function of q2 [36].

Figure 2.11: dΓ/dq2 as function of q2 in the SM, for the muon and tau case,
normalised to the total rate Γµ [36].

2.5 Experimental status of LFU tests

Direct searches for LFU violation are mostly performed at the BaBar [39] and
Belle [40] experiments, situated at the e+e− colliders at SLAC (USA) and at KEK
(Japan), respectively, alongside the LHCb [41] experiment at the LHC proton-
proton collider.

In the context of the FCNC decay b→ sl+l−, the R
K

(∗) ratio is defined as

R
K

(∗) =
B(B → K(∗)µ+µ−)

B(B → K(∗)e+e−)
, (2.20)

which, according to the SM, is predicted to be 1. A recent LHCb analysis of this
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ratio over four dilepton invariant mass bins, utilising a dataset of 9 fb−1, has yielded
the following results [42, 43]:

R
[0.1,1.1]
K = 0.994+0.094

−0.087, (2.21)

R
[1.1,6]
K = 0.949+0.048

−0.047, (2.22)

R
[0.1,1.1]
K∗ = 0.927+0.099

−0.093, (2.23)

R
[1.1,6]
K∗ = 1.027+0.077

−0.073, (2.24)

where the square brackets indicate the bins in q2. Currently, these measurements
exhibit no substantial deviation from the SM predictions. Earlier findings from
Belle and BaBar, although with larger uncertainties, similarly align with SM ex-
pectations [44, 45]. It is worth noting that up to one year before the writing of this
thesis, these ratios were showing an anomaly over 3σ [46].

In the FCCC channel, involving b→ cl−ν̄l decays, notable deviations from SM
predictions are observed in the R(D) and R(D∗) ratios [47], defined as:

R(D(∗)) =
B(B → D(∗)τ+ν)

B(B → D(∗)l+νl)
. (2.25)

The SM predictions for these ratios are:

RSM(D) = 0.298± 0.004, (2.26)

RSM(D∗) = 0.254± 0.005. (2.27)

The average of the measurements from BaBar [48], Belle [49] and LHCb [50] shows
a tension of 3.2σ with the SM predictions:

R(D) = 0.357± 0.029, (2.28)

R(D∗) = 0.284± 0.013, (2.29)

as shown in Fig. 2.12.

2.6 Interpretations

To account for observed deviations from SM predictions, a model-independent
analysis can be performed. This involves analysing the pertinent effective Hamil-
tonian, determining the short-distance Wilson coefficients values from data, and
comparing these values against those predicted by the SM. This can be achieved
by either only assuming the SM operators basis or including further operators
[30]. Specific NP scenarios are defined by adding NP contributions to some Wilson
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Figure 2.12: Summary of the measurements of R(D) and R(D∗) (including corre-
lations) together with the SM predictions (online HFLAV update 2023) [51].

coefficients, as Ci = CSMi + CNPi . A global fit of all relevant observables is then
conducted to constrain the values of CNPi . For simplicity, and due to the limited
availability of data, these global fits often assume NP contributions to only a se-
lected few Wilson coefficients, following certain NP models. An example is shown
in Fig. 2.13, where global fits to the NP Wilson coefficients are performed using
the most updated LFU experimental results [52].

Figure 2.13: Correlations of Wilson coefficients C involving more than 3σ devia-
tions from SM predictions. The orange(solid), purple(dashed), green(dotdashed)
and red(dotted) regions represent the scenarios S-I, S-II, S-III and S-IV, respec-
tively, described in Table 4 of Ref. [52].

To explore various NP possibilities, four combinations of NP operators are
studied in this particular measurement and described in Table 4 of Ref. [52]. From
these fits it results that ∆C10 agrees with the SM within 1σ in all the four scenarios
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considered for both muon and electron type, but deviations from the SM in ∆Cµ9
are present for more than 4 σ for most scenarios and ∆Ce9 for around 3σ in one
scenario.

Other than fitting NP Wilson coefficients, also other simpler models are con-
sidered, where only one or two heavy intermediate particles are introduced. These
models suggest for example the exchange of heavy, colourless vector bosons (W′,
Z′), heavy colourless scalars (charged or neutral heavy Higgs bosons), or heavy
coloured vector or scalar bosons (leptoquarks) [53].



Chapter 3

LHC and the CMS experiment

One of the primary objectives of the Large Hadron Collider (LHC) was to
discover the Higgs boson, responsible for the symmetry breaking mechanism de-
scribed in Sec. 1.4.1. But the LHC scope extends beyond the SM, for example
investigating the phenomena that disagree with the SM predictions, as already
mentioned in Sec. 1.5. This includes probing LFU, extensively discussed in Ch. 2,
as some tension with the SM predictions have already been found.

An experiment which contributes extensively to all these measurements is the
Compact Muon Solenoid (CMS), one of the four main experiments at the LHC,
and which collected the data used in this thesis to test LFU.

Sec. 3.1 contains an overview of the LHC, describing its primary characteristics
and operational principles. Sec. 3.2 provides an in-depth description of the CMS
experiment. Special attention is given to its subdetectors, with a particular focus
on the trigger system, Sec. 3.2.3, and the details involved in the reconstruction of
physics objects, Sec. 3.2.4.

3.1 The Large Hadron Collider

The LHC [54, 55] is the most powerful particle accelerator ever built. It is
designed to collide two up to 7 TeV proton beams, resulting in a centre of mass
energy of up to 14 TeV. It can also collide heavy lead ions (Pb) with an energy of
2.8 TeV per ion.

The LHC is located underground, near the Swiss city of Geneva, between 45
m and 170 m below the surface, in the existing 26.7 km tunnel that was firstly
built for the Large Electron Positron (LEP) accelerator [56]. The transition from
a leptonic collider to an hadronic one allows to reach higher energies, thanks to
the lower amount of energy loss through synchrotron radiation emitted by accel-
erated particles, or the ability of accessing a wider energy spectrum, thanks to the

29
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composite structure of protons. Particles are maintained in a circular orbit with
a strong magnetic field of 8.33 T. Dipoles and quadrupoles are used to bend and
focalise the beams.
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Figure 3.1: Schematic description of the accelerator complex at CERN [57].

The CERN accelerating complex [57] is shown in Fig. 3.1. At first protons are
extracted from hydrogen gas and sent to LINAC 2, a linear accelerator, which
produces proton beams with an energy of 50 MeV. The beams are subsequently
sent to the Proton Synchrotron Booster (PSB), where they reach the energy of
1.4 GeV. The last two steps are the Proton Synchrotron (PS), which arranges the
beam in groups called “bunches”, each containing ∼ 1011 protons, and increases
the energy up to 26 GeV, and the Super Proton Synchrotron (SPS), after which the
protons, with an energy of 450 GeV, are finally ready to be injected in the LHC,
where they reach their maximum energy of up to 7 TeV. The beams are injected
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into the LHC main ring in opposite directions and in separate ultrahigh vacuum
beam pipes. Here, they are bent to follow the ring by the magnets and accelerated
through the radio-frequency cavities. When they reach their maximum energy, the
two accelerated beams collide at four interactions points (IP), corresponding to
the positions of the four main LHC experiments:

• ALICE (A Large Ion Collider Experiment) [58] is a dedicated detector to
study heavy ion collisions, it is optimised for

√
s = 2.67 TeV lead-lead ion

collisions aiming at a peak luminosity of L = 1027cm−2s−1.

• ATLAS (A Toroidal LHC ApparatuS) [59] is a general purpose detector and
it is the biggest experiment at the LHC.

• CMS (Compact Muon Solenoid) [60] is extensively described in Sec. 3.2.

• LHCb (LHC-beauty) [41] detector designed and optimised for the study of
heavy flavour physics. It operates at lower instantaneous luminosity, but
higher acceptance for soft physics.

The number of events per second generated in the LHC collisions is given by:

dN

dt
= σL, (3.1)

where σ is the cross section for the process under study and L is the machine lumi-
nosity. The instantaneous peak luminosity depends only on the beam parameters
and it can be written, for circular proton-proton (pp) accelerators and assuming a
Gaussian beam distribution, as:

L = γ
nbN

2frevF

4πϵnβ
∗ , (3.2)

where γ is the relativistic gamma factor, N is the number of protons per bunch, nb
is the number of bunches per beam, frev is the bunches revolution frequency in the
ring, β∗ is the beam focal length, ϵn is the normalised transverse beam emittance
and F the geometric luminosity reduction factor due to the crossing angle at the
interaction point. These quantities are also useful to define another important
quantity, the pileup, which is the average number of overlapped pp collisions in a
bunch crossing and is defined as a Poisson distribution, with mean value:

µ =
Lσ
frevnb

. (3.3)

The integrated luminosity Lint =
∫
L(t)dt is also an important parameter.

In fact, due to continued beam focusing and to the progressive degradation the
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Figure 3.2: LHC baseline plan until 2040, showing the energy of the collisions
(upper red line) and luminosity (lower green lines) [61].

beams suffer at each interaction, the peak luminosity varies in time. The integrated
luminosity is used to estimate the number of collisions at the LHC

N = σppLint, (3.4)

where N is the number of collisions and σpp is the cross section for a pp interaction.
An overview of the LHC program is shown in Fig. 3.2. The collider has been

fully operational since 2009 and will continue its activity at least until 2040.
The collider operation is articulated in Runs, for collisions and data taking,

and Shutdowns, for maintenance and upgrades. The LHC activity started in 2009,
with its firsts collisions useful for analysis starting in 2010, for a period called Run
1 (2010-2012). It started at a centre of mass energy of

√
s = 0.98 TeV, increasing

up to 8 TeV in 2012, when the Higgs boson was discovered, with a mass of 125
GeV. After collecting around 30 fb−1 of integrated luminosity, the Long Shutdown
1 (LS1) started for the upgrade of the detectors in view of the

√
s = 13 TeV pp

collisions. Run 2 started in 2015, delivering
√
s = 13 TeV of centre of mass energy,

reaching the design luminosity of the collider. This period ended in December 2018,
delivering a peak luminosity of 2.14 · 1034cm−2s−1 at

√
s = 13 TeV, doubling the

LHC design luminosity. After the LS2, the LHC data taking activities resumed
in July 2022, officially starting the Run 3. Summary plots showing the delivered
luminosity and the pileup in all the runs are reproduced in Fig. 3.3.
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Figure 3.3: Delivered luminosity to CMS versus time (left) and distribution of the
average number of interactions per crossing (pileup) for pp collisions (right) for
Run 1, Run 2 and Run 3 [62].

3.1.1 Bottom quark production at the LHC

The production of a bottom-quark pair (bb̄) is a particularly interesting and im-
portant process measured at the LHC. Although being the second heaviest quark,
mb ∼ 4–5 GeV, bottom quarks do not decay directly into elementary particles.
Instead they form b-hadrons, which can be identified via their decays by the ex-
periments as displaced vertices in their detectors, since b-hadrons have a relatively
long lifetime as their decay is strongly CKM suppressed [63].

Leading order (LO) Feynman diagrams for this process are shown in Fig. 3.4.
Theoretical predictions for bb̄ production at next-to-next-to-leading order (NNLO)
have been recently computed [64]. The production cross section of bb̄ at hadron
colliders, at a centre of mass energy of

√
s = 13 TeV is of σNNLO ∼ 500µb.

Figure 3.4: Feynman diagrams for the process pp→ bb̄ at LO [63].
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3.2 The CMS experiment

The CMS experiment is a general purpose detector, in fact its research program
includes a wide range of physics at the LHC, from SMmeasurements to new physics
searches. It is formed by several concentric layers, as shown in Fig. 3.5. Particles
produced in the collisions interact in different ways with the several sub-detectors
according to their nature. Being the data analysed in this thesis from the Run 2
data taking, in this chapter, the features of the CMS detector during that period
are described.

Figure 3.5: Inner structure of the CMS detector [65].

3.2.1 Coordinate system

CMS employs a right-handed coordinate system, shown in Fig. 3.6, with its
origin situated at the nominal interaction point at the centre of the CMS detec-
tor. In this system, the x-axis points towards the centre of the LHC, the y-axis
points vertically upward, perpendicular to its plane and the z-axis aligns with the
anticlockwise direction of the beam. The x-y plane is indicated as the transverse
plane. In the reconstruction of particle tracks within the CMS detector, a (ϕ, θ)
cylindrical coordinate system is commonly employed due to the cylindrical sym-
metry of the detector. The azimuthal angle ϕ is measured in the xy-plane from the
positive side of the x-axis, where ϕ = π/2 corresponds to the positive side of the



3.2.2 Sub-detectors 35

y-axis. The polar angle θ is measured from the z-axis towards the x-y plane. The
pseudorapidity η is defined as:

η = − ln

(
tan

θ

2

)
. (3.5)

Figure 3.6: CMS coordinate system.

This variable is preferred to θ due to its applicability in the mass-less particle
approximation, which is often valid in LHC hard interactions. It can be approxi-
mated to rapidity (Y), defined as:

Y =
1

2
ln
E + pz
E − pz

. (3.6)

Differences in rapidity are invariant under Lorenz boosts along the z-axis.

3.2.2 Sub-detectors

Detectors typically have a division into a central barrel section, characterised
by a cylindrical geometry surrounding the beam line, and two forward regions
known as the endcaps. This configuration enhances the detector acceptance in
regions near the beam line but situated far from the interaction region. In Fig. 3.7
an overview of the CMS sub-detectors is shown.

3.2.2.1 The tracker

The inner tracking system [67] of CMS, measuring 5.8 m in length and 2.5 m
in diameter, is designed for precise trajectory measurements of charged particles
resulting from LHC collisions and for the reconstruction of secondary vertices.
This system surrounds the interaction point, and it has a uniform magnetic field



3.2.2 Sub-detectors 36

Figure 3.7: The CMS sub-detectors system [66].

of 3.8 T coming from the CMS solenoid. The tracker is formed by silicon detectors
and divided into two sections: the Pixel detector, formed by four cylindrical barrel
layers of hybrid pixel detectors, and the Silicon Strips detectors, with 10 barrel
detection layers. A sketch of the CMS tracking system is shown in Fig. 3.8. Both
structures are enclosed by endcaps. This extension widens the tracker acceptance
to a pseudorapidity of |η| < 2.5. The high segmentation and response of silicon
provides the position measurement in layers with a ∼ 10µm resolution, allowing for
precise tracks reconstruction through the different tracker layers. Given its close
proximity to the collision centre, this system operates effectively in a high-radiation
environment, ensuring a rapid time response.

Figure 3.8: Sketch of one quarter of the CMS tracking system in r-z view. The
pixel detector is shown in green, while single-sided and double-sided strip modules
are depicted as red and blue segments, respectively [67].
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3.2.2.2 The electromagnetic calorimeter

The electromagnetic calorimeter [68] of CMS (ECAL) is a hermetic homoge-
neous calorimeter, with 61200 lead tungstate (PbWO4) crystals in the barrel sec-
tion (EB), covering the pseudo-rapidity region |η| < 1.479, and an additional 7324
crystals in each of the two endcaps (EE), covering the 1.479 < |η| < 3.0 region.
A preshower detector (ES), employing lead absorbers with silicon strip sensors,
is positioned in front of EE. ES covers the region 1.65 < |η| < 2.6 and helps de-
tecting the signals from high-energy photons resulting from the decay of neutral
pions into two closely spaced photons. Additionally, the ES detector improves the
measurement precision of the electromagnetic deposit position in EE. In Fig. 3.9,
a scheme of ECAL is shown.

Figure 3.9: Schematic view of one quadrant of the calorimetry and tracking system
[68].

PbWO4 crystals are a suitable choice for LHC operation, given their high den-
sity (8.28 g/cm3), short radiation length (0.89 cm), and small Molière radius (2.2
cm), providing optimal electromagnetic shower containment. The scintillation de-
cay time for these crystals aligns with the LHC bunch crossing time, with approx-
imately 80% of the light emitted within a 25 ns time-frame.

The ECAL energy resolution can be computed as( σ
E

)2

=

(
S√
E

)2

+

(
N

E

)2

+ C2 (3.7)

where S = 2.8% is the stochastic term, N =12% the noise and C = 0.3% a
constant term [68].
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3.2.2.3 The hadronic calorimeter

The hadronic calorimeter (HCAL) [69] plays a crucial role in measuring the
momentum of hadron jets, and identifying particles that result in apparent miss-
ing transverse energy. Positioned behind the tracker and ECAL from the IP, the
HCAL space is constrained between the outer boundary of the ECAL and the in-
ner boundary of the magnet coil. Consequently, an outer HCAL, or tail catcher, is
situated outside the solenoid to complement the barrel calorimeter. It is a sampling
calorimeter made of alternating layers of brass absorber and fluorescent scintilla-
tor materials and covering the region up to |η| = 3.0. The coverage is extended
up to |η| = 5 with forward HCAL modules, using Cerenkov-based, radiation-hard
technology. The energy resolution of HCAL is:( σ

E

)2

=

(
S√
E

)
+ C2 (3.8)

with S=125% stochastic term and C= 5% constant term [70].

3.2.2.4 The superconducting magnet

The superconducting magnet designed for CMS [71] is a 13 m long solenoid,
with a diameter of 5.9 m and it is designed to achieve a 3.8 T magnetic field. It in-
cludes the tracker and the calorimeters, for which the uniform magnetic field allows
the identification of the charge and transverse momentum of the particles thanks
to the bending of their trajectory. The magnet flux is returned by a saturated
iron yoke located outside the solenoid, which also works as mechanical support
structure of the detector. The iron return yoke allows for a constant 1.8 T field
also in the region outside the magnet, where the muon chambers are located.

3.2.2.5 The muon system

The detection of muons is a central goal for CMS, since the early stages of the
experiment. Apart from neutrinos, muons are the only particles that can escape the
calorimeters. They are identified by the external muon chambers [66] embedded in
the magnet iron yoke. Due to the shape of the solenoidal magnet, the muon detector
also has a cylindrical shape, with a barrel section and two endcap regions. In order
to identify and measure muons, three types of gaseous detectors are used, shown in
Fig. 3.10, depending on the different radiation environment. In the barrel region,
|η| < 1.2, drift tube chambers are used. In this region, in fact, the background
induced by the neutrons is small, and both the muon rate and the magnetic field
in the chambers is low. In the endcaps, in regions up to |η| < 2.4, the muon rate, the
magnetic field, and the neutron induced background are high, therefore cathode
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Figure 3.10: Layout of one quarter of the CMS muon system [66].

strip chambers (CSC) are employed. In both barrel and endcaps also resistive
plate chambers (RPC) are used. RPCs can provide a fast response with good time
resolution but with a coarser position resolution than the DTs or CSCs.

Muon chambers are characterised by high time resolution and a good space res-
olution. These properties make them the optimal solution for a fast high-efficiency
trigger system.

3.2.3 Trigger system

Proton beam crossings at LHC occur at intervals of 25 ns, corresponding to
a crossing frequency of not-empty bunches of 30 MHz. Depending on the pileup,
multiple collisions occur at each crossing of proton bunches, with a resulting rate
of events of 1 GHz. Given that each raw collision event has a size of approximately
1 MB, it is impossible to store all the events, therefore a substantial reduction in
the rate has to be performed.

This is achieved with the trigger system. The allowed CMS bandwidth is around
2 GB/s. Considering the typical physics event size, the trigger system must reduce
the initial rate down to about 1 kHz, six orders of magnitude lower than the input.

The trigger system is formed by two levels:

• Level-1 Trigger (L1) [72]: hardware processors using only information from
the calorimeters and the muon chambers;
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• High-Level Trigger (HLT) [73]: software system, which operates on the
L1 output and full detector readout.

The L1 trigger has a design output rate of maximum 100 kHz. It exploits informa-
tion from only the calorimeters and the muon system to decide whether an event
should be saved or not, because the inner track algorithms are too slow for this
stage, Fig. 3.11.

Figure 3.11: Dataflow for the overall L1 trigger [72].

The L1 Trigger hardware uses FPGAs where possible. However, due to needs
related to speed, density, and radiation resistance, ASICs and programmable mem-
ory lookup tables are also employed. The L1 trigger includes local, regional, and
global components.

At the local level, the local triggers are called Trigger Primitive Generators
(TPG) and they rely on energy deposits in calorimeter trigger towers and track
segments or hit patterns in muon chambers. Regional Triggers use this information
and pattern logic to determine ranked and sorted trigger objects.

The Global Calorimeter and Global Muon Triggers identify the highest-ranked
calorimeter and muon objects across the entire experiment. These are then trans-
mitted to the Global Trigger, which makes the decision to either reject or accept
an event, and send it for further evaluation to the HLT.

The HLT is an array of computers executing high-level physics algorithms, and
it works with HLT paths. An HLT path is defined as a series of steps executed in
a specific order to both reconstruct physics objects and apply selections to them.
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Each HLT path is structured as a sequence of steps with increasing complexity
and reconstruction levels.

The HLT provides a rate of 1 kHz to the storage stations, where events are
stored in a Primary Dataset (PD) for subsequent offline data analysis. Each PD
gathers events with similar topology, typically including more than one HLT path.
For instance, in the data analysis detailed in the next chapters, which exploits the
presence of J/ψ mesons, the data is stored in the so-called Charmonium PD. This
PD includes events selected by the logical OR of various Charmonium HLT paths.

Both L1 and HLT paths could incorporate trigger prescales, where the prescale
indicates how many events need to satisfy a trigger path requirement before a
single event is recorded. As a general rule, trigger paths dedicated to the detection
of rare events might be unprescaled, meaning a prescale of 1. On the other side,
for processes with higher cross sections, the prescale factor could be high. This
modulation helps to prevent a single physics process from saturating the entire
trigger bandwidth.

3.2.4 Physics objects

Particles originating from the interaction point traverse various subsystems
that detect their presence, subsequently providing information into their type and
characteristics. These subsystems utilise diverse technologies, each optimised for
specific tasks and functionalities.

The reconstruction methodology leverages the capabilities of each sub-detector
to get a comprehensive and accurate particle reconstruction. For instance, the
tracking system is responsible for reconstructing charged particles paths, interac-
tion vertices, and, due to the magnetic field trajectory bending effect, the momen-
tum of these charged particles. The calorimeters focus on measuring the energy
carried by the particles. Specifically, the ECAL primarily absorbs electrons and
photons, whereas the HCAL jets that result from the hadronisation of quarks,
gluons, baryons, and mesons. Moreover, the muon system exclusively concentrates
on measuring the paths and momentum of muons, given their ability to traverse
the other systems with minimal energy loss. Neutrinos do not interact with any of
the subsystems, therefore they cannot be detected.

The CMS particle-flow (PF) event reconstruction algorithm [74] combines infor-
mation from all CMS subdetectors to identify and reconstruct individual particles
like electrons, hadrons or muons. In every collision event, the algorithm detects
and reconstructs a complete set of final-state particles, and provides a global event
description. Furthermore, the approach discerns particles originating from pileup
interactions, facilitating effective pileup mitigation techniques. This is only pos-
sible thanks to the fine spatial granularity of CMS detectors, which allow good
separation between individual particles.
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3.2.4.1 Vertices

In order to determine candidates, selected tracks undergo a vertex fit looking
for a common vertex. This is an iterative procedure, as the fitting procedure is
performed several times in order to improve the parameters uncertainty in each
re-fit step. A successful fit returns the χ2 of the geometrical fit, the common vertex
along with its uncertainty and a post-fit state of the fitted particles. The primary
vertex (PV) defined in the following chapters is the element of the PV collection
that is the closest in the z-direction to the J/ψ meson selected in the event.

3.2.4.2 Muons

Reconstruction The muon spectrometer, described in Sec. 3.2.2.5, can identify
and reconstruct muon tracks with high efficiency, therefore the PF algorithm is not
used for muons. This high efficiency is mostly due to the fact that the calorimeters
absorb almost all particles except for muons and neutrinos, therefore muons are
the only particles that can interact with the muon system. Based on their recon-
struction methods, muon candidates can be classified into three distinct categories
[66]:

• standalone muon: tracks are exclusively reconstructed using the muon spec-
trometer, both tracking detectors (DT and CSC) and RPCs participate in
the reconstruction. All hits from every muon subsystem are assembled using
a Kalman Filter (KF) method.

• tracker muon: tracks with pT > 0.5 GeV and a total momentum larger than
2.5 GeV are propagated to the muon system. If a match with the hits of the
muon system is found, the track qualifies as a tracker muon.

• global muon: a standalone muon reconstruction is extended to match the
information of the tracker and a global fit to the resulting track is performed.

The global muons turn out to have the highest reconstruction efficiency if
their momentum is above 10 GeV, i.e. when they have hits in at least two muon
stations [75]. Below this threshold, there is higher probability for muons to suffer
from multiple scattering in the iron of the return yoke, so the tracker muon turns
out to be the one with higher efficiency. Muons reconstructed only as standalone
ones have a contamination from cosmic muons that reach the cavern. Charged
hadrons as well may be reconstructed as muons if their shower is not completely
blocked in the calorimeters (punch-through).

The PF algorithm applies particular selection criteria to the muon candidates
reconstructed with the Global and Tracker Muon algorithms, for example mak-
ing use of information from other subdetectors like the energy deposition in the
calorimeters [76].
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Identification Additional quality criteria are applied to reconstructed muon
tracks to allow each analysis to tune the desired balance between efficiency and
purity. Three main identification (ID) working points (WP) are defined [75]:

• Loose ID;

• Medium ID;

• Tight ID.

Since in the analysis the Medium ID WP will be chosen for the muon selection,
in the following more details are given. The criteria for the Medium ID are an
extension of the features outlined for the loose ID. Specifically, a muon is charac-
terised as ‘loose’ if it is both chosen by the PF algorithm and categorised as either
a tracker or global muon. Hence, a muon is a loose muon if it has hits from over
80% of the inner tracker layers it passes through.

In scenarios where the muon is solely reconstructed as a tracker muon, its muon
segment compatibility should exceed 0.451. If the muon is both a tracker and a
global muon, the muon segment compatibility should be above 0.303. In this case,
the global fit is required to have a goodness-of-fit per degree of freedom (χ2/dof)
below 3. The positional alignment between the tracker muon and the standalone
muon should have a χ2 value less than 12, and the upper limit for χ2 as determined
by the kink-finding algorithm must be less than 20.

The requirements for the Medium ID WP are summarised in Table 3.1.

Plain-text description Requirement

Group 1

Global muon yes

Normalised global-track χ2 < 3

Tracker-Standalone position match χ2 < 12

Kick finder χ2 < 20
Segment compatibility > 0.303

Group 2 Segment compatibility > 0.451

Table 3.1: Muon identification requirements for Medium ID WP. Either one of the
two groups (1 or 2) must be satisfied [75].

Another identification criteria is used in Sec. 6.3, called the softMVA ID [77].
This selector has been initially developed for a CMS analysis looking for B0

s → µµ,
and aims at reducing the fake rate from hadrons for low pT muons originating from
b-hadrons in the barrel. It consist of a Boosted Decision Tree (BDT) trained for
global muons, with pT > 4GeV and |η| < 1.4, coming from Bs/d mesons.



3.2.4 Physics objects 44

The event samples used for the study of the Multi-Variate Analysis (MVA)
muon identification are Monte Carlo (MC) simulations focusing on B and Λb meson
decays, including muons as well as pions and kaons. This allowed to train the MVA
method with true muons as well as misidentified muons. Several selections were
imposed on the tracks and are listed in the following:

• track fulfils the high purity criterion;

• pT > 4GeV;

• |η| < 1.4;

• particle is a global muon;

• the true muon comes from a decay of a Bs/d meson.

The distributions used to train the BDT include variables obtained during
the global muon reconstruction, variables describing the hits and general track
properties.

The BDT performance is characterised by its discriminating power, i.e. how
many events have been classified correctly with respect to the total number of
events analysed. To fix these values, however, one needs to define a working point.
This working point corresponds to a cut on the BDT response which is a value in
the range [0,1] per event analysed. The working point can be chosen arbitrarily.
The effect of a chosen cut on the BDT response can be indicated by the Receiver
operating characteristic (ROC) curve, which corresponds to the signal efficiency
as a function of the background misidentification probability. The BDT provides
pion fake rates at the level of 0.05% and kaon fake rates at the level of 0.1%.

Isolation The isolation of a muon is defined by summing up the energy, or pT ,
in geometrical cones surrounding the muon, with the distance parameter ∆R =√
(∆ϕ2) + (∆η)2. This is useful to distinguish between prompt muons from those

coming from decays within jets. The isolation variable used in Sec. 6.3 is called
PF isolation, ∆βcorriso [75], and it is described here. The particles considered in
this computation are subjected to a selection with the impact parameter on the
z axis dz < 0.2 cm to be considered as originating from the PV. The transverse
momentum (pT ) of charged hadrons within the ∆R cone originating from the PV
is summed with the energy sum of all neutral particles (hadrons and photons)
in the cone. The contribution from pileup to the neutral particles is corrected by
computing the sum of charged hadron deposits originating from pileup vertices,
scaling it by a factor ∆β =0.5, and subtracting this from the neutral hadron
and photon sums to give the corrected energy sum from neutral particles. The
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factor of 0.5 is estimated from simulations to be approximately the ratio of neutral
particle to charged hadron production in inelastic proton-proton collisions. The
corrected energy sum from neutral particles is limited to be positive or zero. This
is summarised as:

∆βcorriso =
Ich +max(In + Ipho −∆βIpu, 0)

pT
, (3.9)

where Ich is the isolation of the charged hadrons from the PV; In of neutral
hadrons; Ipho of photons; Ipu of charged hadrons from the pileup contribution; and
∆β is estimated to be 0.5 from pileup considerations.

The value for the medium working point for PF isolation, which will be used in
the following, within ∆R < 0.3 is 0.2, and its efficiency is 95 %. The efficiency of
the working points to reject muons in jets was tested in simulated multi-jet QCD
events and events containing a W boson plus one or more jets.
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Chapter 4

Overview

The LFU is an interesting field for testing the SM using data from the LHC.
Notably, several deviations from the SM predictions, particularly in the FCCC sec-
tor of b-quark decays, have been measured, as already highlighted in Sec. 2.5. LFU
tests can be conducted using experimental measurements of the ratio of branching
fractions from analogous semileptonic decays of a B-meson involving two differ-
ent lepton flavours. Ratios are preferred to absolute branching fractions because
common systematic uncertainties, such as efficiencies and theoretical uncertainties,
partially or completely cancel out.

The FCCC transition b→cτντ is a tree-level process mediated by the exchange
of a virtual W ∗ boson, as shown in Fig. 4.1 (left). The same process could also
occur via contributions of BSM phenomena, as those described in Sec. 2.6. The
Fig. 4.1 (centre and right) shows a possible additional contribution to the decay
rate, mediated by the exchange of a new, virtual, particle.

Figure 4.1: Feynman diagram for b-quark semileptonic decay, as predicted by the
SM (left) and with possible contributions of new physics (centre and right).

An interesting channel to investigate LFU violations within this transition is
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the semileptonic decay B+
c →J/ψ τ+ντ

1. The B+
c meson is composed of a b̄ quark

and a c quark. In the considered process, the b̄ quark decays into a c̄ quark with
the combined production of a lepton and a neutrino. The produced c̄ quark then
combines with the spectator quark c creating a J/ψ meson.

The R(J/ψ) ratio includes this decay and can be used to test LFU

R(J/ψ) =
B(B+

c →J/ψ τ+ντ )

B(B+
c →J/ψ µ+νµ)

. (4.1)

This thesis presents the first measurement of the R(J/ψ) ratio at CMS, using
data collected in 2018, corresponding to a total integrated luminosity of L =
59.7 fb−1, where only muonic decays of the τ lepton and the µ+µ− decay of the
J/ψ meson are considered. Hereafter, the B+

c →J/ψ τ+ντ channel will be indicated
as τ -channel (or τ -signal), and the B+

c →J/ψ µ+νµ one as µ-channel (or µ-signal).

4.1 R(J/ψ) measurement at CMS

In the context of LFU tests, Bc decays have not been extensively explored yet.
The Bc mesons cannot be produced at the b-factories, which operate at the Υ (5S)
peak. The reason is that the Υ has sufficient mass to produce up to a pair of Bs but
not a pair of Bc mesons. As a result, the production of Bc mesons is exclusive to the
LHC. Only one previous R(J/ψ) measurement has been published by the LHCb
collaboration [78], based on data collected in 2016 and total integrated luminosity
of 3 fb−1. The result is R(J/ψ) = 0.71 ± 0.25, a value that exceeds by 2σ the SM
prediction of R(J/ψ) = 0.2582(38) [36].

In CMS there is the potential to produce a competitive measurement. In fact
CMS can benefit from:

• High integrated luminosity: L = 3 fb−1 for the full Run 1 for LHCb, and
L = 59.7 fb−1 for only 2018 data taking in CMS.

• Excellent muon reconstruction and identification performance. Data anal-
ysed in this document have been collected in 2018 during Run 2 data-taking
using J/ψ(µµ)-based triggers. Furthermore, only the muonic final state is
considered for τ leptons, aiming for a visible final state composed of three
muons. Hence, as opposed to many other heavy flavour analyses, the lack of
particle ID capabilities in CMS is then not critical in this case.

1This is valid for both channels, B+
c →J/ψ τ+ντ and its charge conjugate process. Similarly

in the following for B+
c →J/ψ µ+νµ and its charge conjugate process.
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• Almost 4π solid-angle acceptance compared to the about 0.16π solid-angle
acceptance of the LHCb detector [79]. This is relevant for suppression of
backgrounds involving additional tracks around the J/ψµ vertex. Addition-
ally, it compensates for the CMS detector lower acceptance in muon pT ,
starting from 3 GeV, in comparison to LHCb, which can reach as low as 0.8
GeV [80].

The measurement reported in this thesis can contribute to enriching the lepton
flavour anomaly scenario with a first measurement of the R(J/ψ) ratio at a general-
purpose hadron collider experiment, such as CMS.

4.2 Analysis strategy

An overview of the analysis strategy is presented in this section, with references
to the other chapters expanding each step of the analysis.

The analysis uses data collected by the CMS experiment in 2018, corresponding
to an integrated luminosity of 59.7 fb−1 and leverages the visible final state of
3 muons, common to both Bc decays of interest, Bc → J/ψτ(→ µνµντ )ντ and
Bc → J/ψµνµ.

Events are selected using HLT triggers requiring 3 muons in the final state, two
of which coming from a J/ψ vertex, called µ1 and µ2, and a third muon, referred
to as µ3. Muons selected in the offline analysis are matched to those that fired the
trigger. Their nominal kinematic thresholds used online are reinforced by requiring
that all muons be within |η| < 2.5 and have transverse momenta larger than 6, 4,
4 GeV (a pT leading, sub-leading and trailing muon is defined in each event) to
reduce the impact of possible mismodelings near the threshold.

Vertex fits are performed to determine the J/ψ → µµ vertex first, and the
Bc → J/ψµν one afterwards. Both of these fits include a constraint on the J/ψ
mass.

Despite sharing the same final state, τ and µ channels present significant differ-
ences in the kinematics, due to the presence of 3 or 1 neutrinos, respectively. The
4-vector of the Bc cannot be reconstructed directly because of the undetectable
neutrino contribution. The four-momentum is estimated following the collinear
approximation, where the Bc is assumed to have the same direction of the 4-vector
reconstructed from the visible 3-muon candidate, while its magnitude is scaled up
by the ratio mPDG

Bc
/m3µ

vis. The approximation used in this study has been compared
to an alternative method employed in Ref. [78], which considers the flight direction
of the Bc particle to be the same as the one connecting the PV and secondary ver-
tex (SV). The collinear approximation is the one that works best for this analysis,
also thanks to the relatively large Lorentz boost of the selected candidates, and it
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is described in Sec. 5.5. A number of observables derived from the difference be-
tween the 4-vector of the Bc reconstructed with the collinear approximation and
the 4-vector of the 3-muon candidate are studied.

The event selection is detailed in Ch. 5 and it is optimised to enhance the
presence of the τ and µ channel contributions while minimising the contamination
from background processes, which are:

• decays of the Bc meson, including other J/ψ + charmed hadron decays or
J/ψ mesons coming from other excited cc̄ states (feed-downs);

• misidentified muon backgrounds, where a kaon or a pion from the event is
misidentified as µ3;

• combinatorial background where the J/ψ meson and the third muon µ3

are coupled, but they come either from another b-hadron, or from different
mother particles;

• combinatorial J/ψ background where the two muons composing the J/ψ do
not come from a J/ψ decay.

Backgrounds are mostly estimated from data. When not possible, the MC-based
estimate is complemented with inputs or constraints from data. More details are
given in Ch. 6.

MC samples needed to model the Bc decays and the J/ψ + µ combinatorial
background are presented in Ch. 5. The CMS simulation is rather good in repro-
ducing the distributions of interest observed in data. Nevertheless, a number of
corrections need to be applied to the MC samples to reach the appropriate data-
MC agreement required by this analysis. The list of these corrections includes
pileup reweighing, muon reconstruction, and identification, isolation and trigger
scale factors. In addition, the lifetime of the Bc in the MC samples is corrected
to the PDG value and new hadronic form factors have been made available [38]
replacing those [81] provided with the BCVEGPY generator [82]. They are imple-
mented via a generator-level reweighting based on the HAMMER [83] software.
All these corrections are described in Ch. 7.

The R(J/ψ) observable is extracted from a binned maximum likelihood fit to
the squared energy transfer to the lepton system q2 and the decay length of the
Bc meson distributions. The fit categories are defined by the 3D impact parameter
of the third muon and the invariant mass of the three muons. The two Bc decays
of interest as well as all background contributions are included in the fit model.
Uncertainties are incorporated in the fit as nuisance parameters. Fourteen (7x2)
event categories are simultaneously fitted, to constrain and measure the back-
ground contributions, and to increase the analysis sensitivity. More details on the
fitting strategy are given in Ch. 8 and, finally, results are presented in Ch. 9.



Chapter 5

Event Selection

The dataset selected for this analysis includes only events with a J/ψ meson,
which is in the final state of the R(J/ψ) processes of interest. This dataset, further
detailed in Sec. 5.1 of this Chapter, is the Charmonium PD. For the simulation
of signal and background processes, two MC samples are used: the Bc → J/ψ +
µ and Hb → J/ψ + µ. These samples, specifically generated for this study, are
comprehensively described in Sec. 5.2.1 and Sec. 5.2.2, respectively.

The CMS trigger paths chosen for this analysis are outlined in Sec. 5.3. Addi-
tionally, the preselection criteria employed to enrich the dataset with signal events
are detailed in Sec. 5.4. This chapter also includes a description of the collinear
approximation. This, along with the definition of several fundamental variables, is
presented in Sec. 5.5 and Sec. 5.6, respectively.

5.1 Data samples

The analysis relies on data recorded by the CMS detector in pp collisions
during 2018 at a centre-of-mass energy of

√
s = 13 TeV. This dataset corresponds

to approximately 43% of the total integrated luminosity collected by the CMS
experiment during Run 2. Only data of high quality, as indicated by the ”golden
JSON” file [84] provided by CMS to the analysts, is used. This corresponds to
an integrated luminosity of 59.7 fb−1. The specific datasets used are detailed in
Tab. 5.1.

The CMS Ultra-Legacy (UL) reprocessing of data samples is used, as recom-
mended for all CMS Run 2 analyses. The UL campaigns are the standard cam-
paigns with the corresponding setup schemes to reflect the Run 2 data taking
period in CMS, which includes all the most recent and accurate calibrations.
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Data Sample Integrated L [fb−1]

/Charmonium/Run2018A-12Nov2019 UL2018 rsb-v1/MINIAOD 14.0
/Charmonium/Run2018B-12Nov2019 UL2018-v1/MINIAOD 7.1
/Charmonium/Run2018C-12Nov2019 UL2018 rsb v2-v2/MINIAOD 6.8
/Charmonium/Run2018D-12Nov2019 UL2018-v1/MINIAOD 31.8

Table 5.1: List of the Charmonium PD data samples used to perform the measure-
ment.

5.2 Monte-Carlo samples

Simulated MC samples are used to evaluate signals as well as most of the back-
ground processes. Signals include B+

c →J/ψ τ+ντ and B+
c →J/ψ µ+νµ processes,

while backgrounds comprise other Bc meson decays with a J/ψ in the final state
and other b-hadron initiated processes where a non-prompt J/ψ meson is accom-
panied by an additional muon. The backgrounds are further described in Ch. 6.

All processes initiated by a Bc, including both signals and backgrounds, are
simulated within a single MC sample. The specifics of this sample are described
in Sec. 5.2.1. Non-prompt J/ψ backgrounds from other b-hadron decays are rep-
resented in a separate MC sample, characterised by the requirement of a genuine
muon coupled with the J/ψ. Further information on this sample is provided in Sec.
5.2.2. Additionally, a similar sample has been generated without the requirement
of a real muon as µ3. This alternative sample, created to study the impact of fake
muon contamination, is also discussed in Sec. 5.2.2. All these samples have been
specifically developed and produced for this analysis.

MC simulation in CMS passes through several processing steps before the sam-
ples are in a format that is good for analysis, as shown in Fig. 5.1. The initial stage
involves simulating the hard scattering of the interesting processes (GEN). Follow-
ing that, the simulation step (SIM) accounts for impact of detectors and electronics,
i.e. the interaction of the particles with matter, and the inclusion of pileup interac-
tion. The output at this stage is analogous to the experimental output. Lastly, the
RECO step utilises either simulated or real data for the reconstruction of events
resulting from the collisions. The reconstructed data can be then employed in the
analyses.

5.2.1 Bc → J/ψ + µ MC sample

This simulated sample comprises all Bc decays of relevance, i.e. Bc decays that
can yield a J/ψ and a genuine muon, also including multi-tiered decay chains (i.e.
feed-downs decays or decays where the muon comes from a D meson), summarised
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Figure 5.1: Steps of MC production in CMS [85].

in Tab. 5.2.
Processes simulated in this sample include:

• the signals B+
c →J/ψ τ+ντ and B+

c →J/ψ µ+νµ;

• feed-downs decays, i.e. excited cc̄ mesons decaying into a J/ψ, coupled with
a µ;

• J/ψ mesons coupled with hadrons, for example charmed hadrons like Bc

→ D(∗)
s J/ψ, where the µ3 can derive from semileptonic decays of the D-

mesons.

The Bc meson kinematics are produced using the dedicated generator BCVEGPY
[82, 93], the decay of the Bc meson is handled by evtgen v1.6.0 [94, 95] and the
hadronisation and decay of the rest of the event is run by pythia v8.240 [96].
Branching fractions are given relative to that of B+

c →J/ψ µ+νµ and their values
are based on the most recent literature available. Individual references are given
in the last column of the table. To simplify the setup of the fit and extract the
value of R(J/ψ) directly, the branching fraction of B+

c → J/ψ τ+ντ relative to
B+
c →J/ψ µ+νµ is set to unity. The implications of this assumption is discussed in

Ch. 8.

5.2.2 Hb → J/ψ + µ MC sample

A significant portion of background events consists of 3-muon candidates, in-
volving a J/ψ meson that originates from a b-hadron decay and then decays
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Type idx Decay relative B Ref.

Signals
1 J/ψµν 1. [21]
2 J/ψτν 1. -

Feed-downs

3 ψ(2S)µν 0.05 [86]
4 ψ(2S)τν 0.0042 [21]
5 χc0(1P )µν 0.1083 [86]
6 χc1(1P )µν 0.1083 [86]
7 χc2(1P )µν 0.1083 [86]
8 hcµν 0.154 [86]

J/ψ + H

9 J/ψπ 0.0469 [21]

10 J/ψπ±π0 0.11256 [21]

11 J/ψK± 0.003705 [21]
12 J/ψpp̄π 0.00671 [87]

13 J/ψK±K∓π± 0.02486 [88]

J/ψ + Hc

14 J/ψDs 0.13601 [89, 90]
15 J/ψD∗

s 0.32234 [89, 90]
16 J/ψD0K 0.02026 [91]
17 J/ψD∗(2010)K 0.10333 [91]
18 J/ψD∗K∗ 0.042546 [91]
19 J/ψDK∗ 0.012764 [91]
20 J/ψD 0.02084 [92]
21 J/ψD∗ 0.01581 [92]

Table 5.2: List of all Bc decays of relevance included in the Bc → J/ψ + µ MC
sample produced for the analysis. Branching fractions are given relative to that of
B+
c →J/ψ µ+νµ and their values are based on the most recent literature available,

whose reference is reported in the last column. Forced decays into J/ψ and muons
are not included in the branching fractions.

into two muons, accompanied by a third, combinatorial muon, i.e. J/ψ + µ.
This specific background contribution is referred to as Hb background. This third
muon may come from the same b-hadron as that of the J/ψ meson (SBH), e.g.
Bs → J/ψ(→ µµ)ϕ(→ µµ), or from a different mother (DBH), but must be close
to the direction of the J/ψ meson, Fig. 5.2 (left). For the former case, the invari-
ant mass of the three muons is lower than that of the b-hadron, that is lower than
about 5 GeV, whereas for the latter case the invariant mass of the three muons can
possibly exceed 5 GeV and notably exceed the mBc

= 6.3 GeV kinematic limit for
signal 3-muon candidates. This signal-depleted high mass (m3µ > 6.3 GeV) region
is used as a control sideband to estimate this class of background processes.

In Fig. 5.2 is shown that 98% of Hb background events originate from distinct
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Figure 5.2: The Hb background is composed of two different processes: the J/ψ
meson and the muon come from different, DBH (top left), or same, SBH (bottom
left), b-hadrons. The two contributions for a fraction of the MC Hb can be seen for
the q2 distribution (right).

mother particles.
The main challenge is to efficiently produce a large number of events repro-

ducing processes with large cross sections from which only events with muons in
the kinematic and geometric acceptance of CMS will be later processed. The bb̄
cross section is of the order of hundreds of µb [97], while the branching fraction of
charmonium decays of b-hadrons ranges from about 2% for non-charmed b-mesons
to about 40% for b-baryons [21]. One way to improve the generation efficiency is to
force the decay of the b-hadrons: this guarantees that, for each event, a b-hadron
eventually decays into a J/ψ meson and, since ∼ 90% of b quarks hadronise into
either a B+, B0 or a Bs meson, this translates into a factor 1/B(b-hadrons → cc̄)
∼ 1/2% ∼ 50 gain compared to a non-forced-decay sample.

Using forced decays is necessary in order to meet the minimum CPU efficiency
requirements for the CMS central MC production, but it also introduces additional
complications:

• there exist hundreds of possible b-hadron decays that can lead to a J/ψ
meson;

• the J/ψ meson can be produced in multi-step or feed-down decays (e.g.
B+ → ψ(2S)(→ J/ψ)K+), where every step is forced and this can alter
the correct branching fraction proportions between different decays, if not
corrected;
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• since only one of the two (or more) b-hadrons produced in the bb̄ event is
force-decayed, also the relative abundances of the different b-hadron species
need to be adjusted.

In the rest of this section, the solutions developed to address these problems are
explained.

Minimum-bias QCD events are generated with pythia v8.240 [96]. Events
are filtered before hadronisation based on the presence of a b-quark and, after
hadronisation, based on a variety of b-hadron decays that eventually lead to a
J/ψ meson (either directly or via charmonium feed-down processes). The decays
of b-hadrons into J/ψ mesons and their accompanying muons are forced in the
simulation using evtgen v1.6.0 [94].

The list of b-hadrons that are subject to forced decays (charge conjugates im-
plied) is B+, B0, Bs, Bc, Λ

0
b , Ξ

−
b , Ξ

0
b , Σ

−
b , Ω

−
b and the full list of forced decays

can be found in this reference [98]. The list of forced decays is largely based on
the default list of decays known to evtgen v1.6.0, as embedded in the CMS soft-
ware CMSSW [99], where processes that cannot produce a J/ψ meson have been
removed and obvious omissions, e.g. Λ0

b → pJ/ψK−, have been added. As a refer-
ence, the PDG [21] and the literature available at the time of writing have been
used to produce a list of forced decays as complete as possible. However, it cannot
be excluded that some minor or poorly known decays have been left out. In ad-
dition, feed-down decays from excited charmonium states are also forced. ψ(2S),
ψ(3770), χc0(1P ), χc1(1P ), χc2(1P ) and hc are forced to decay in ways that give
rise to a J/ψ meson. Finally, the J/ψ meson itself, when it is a decay product of
a b-hadron, is allowed to decay solely in muon pairs.

An immediate consequence of forcing decays for multiple b-hadron species in
the same sample is that the proportions between the different species are skewed.
Approximately, the larger the difference of forced branching ratios - in the case
at hand from ∼2% to ∼40%, for mesons and baryons respectively - the larger
the bias. To accurately assess biases introduced by the enforced decay processes,
an empirical methodology was adopted. Therefore another MC sample, where no
decays are forced (except for J/ψ → µµ), has been produced. Being this the
only difference in production, this sample is used as a reference for the b-hadron
species relative abundances. From the comparison between the forced-decay and
non-forced-decay sample, which is shown in Fig. 5.3 (left), some per-event weights
are derived. These weights, which are shown in Fig. 5.3 (right), are based on the
species of the ancestor b-hadron and are applied to the J/ψ+µ events at all stages
of the analysis.

With such a varied collection of possible decays, it is important to preserve the
correct proportions between different processes originating from a given b-hadron
species. The complication arises when single-step decays, e.g. B+ → J/ψK+, and
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Figure 5.3: Abundances of hadrons (left) and per-event correction weights (right)
compared between the pure non-forced-decay pythia (red) and the forced-decay
evtgen sample (blue).

multi-step decays, e.g. B+ → ψ(2S)(→ J/ψ)K+, are put together. Each forced
decay in the chain gives an enhancement equal to the inverse of the total forced-
decay branching ratio, and therefore this factor needs to be accounted for to put
different decays on equal basis. This is done in a systematic way via scripts that
modify the relevant numbers in the evtgen decay file and the correctness of this
procedure is checked in a few cases against a manual calculation. Furthermore, the
procedure is validated using the non-forced-decay sample described earlier. Figure
5.4 shows the occurrence rate of each decay type in either sample. The closure is
mostly good, except for a few cases which were individually investigated finding
that the forced-decay sample gives the correct result. For instance, the second and
third bin correspond to B+ → J/ψK∗+(892) (B = 1.43 · 10−3) and B+ → J/ψπ+

(B = 3.92 · 10−5), respectively. Therefore, the third bin should sit lower than the
second, which is what the forced-decay sample correctly predicts. Additionally, Bc

decays have been excluded from this sample to avoid duplication, since they are
accounted for in the dedicated Bc sample, as described in Sec. 5.2.1. In conclusion,
the correct proportions between the different decay processes are preserved in the
forced-decay sample.

Analogous to the Hb → J/ψ + µ sample developed for the Hb background, a
sample has been generated specifically to perform studies on the fakes background,
which is described in Sec. 6.3. Also for this sample the presence of a J/ψ → µµ
coming from a b-hadron is required, but, differently from theHb → J/ψ+µ sample,
where an additional muon in the vicinity of the J/ψ meson is required, for this
other one no further selections are enforced, and it is called Hb → J/ψ+X sample.
This is more inclusive (in principle it contains the Hb → J/ψ + µ sample) and, as
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Figure 5.4: Comparison of the abundances of specific decay processes between
the non-forced-decay pythia (red) and the forced-decay evtgen sample (blue).
Differences in the Bc region are of no practical relevance, as Bc initiated processes
are estimated using a dedicated MC sample.

already mentioned, it is used for studies and checks on the fakes background, where
the third muon found at the reconstruction level is due to a misidentified hadron.
The two samples share the same setup as the same generation and decays are
concerned[100, 101], but they differ in terms of additional filters used to specialise
the samples for different scopes. The Hb → J/ψ + µ sample, thanks to the more
stringent requirements at GEN-level, offers comparably better statistics at equal
number of events produced.

For the Hb → J/ψ +X process, it is required that the J/ψ meson comes from
a b-hadron and decays into a pair of µ within |η| < 2.5 and with pT > 3.8 GeV. No
other selections are imposed. For Hb → J/ψ+µ, two additional filters are applied
at GEN-level: three muons with pT > 3.2 GeV and |η| < 2.5 must be present in
the event and the same-charge muon pair must have an invariant mass below 10
GeV. The same-charge requirement avoids the possibility that the muon pair from
the J/ψ meson would always fulfil the condition. The two samples names and the
number of events produced is shown in Table 5.3.

Process Sample name Number of events

Hb → J/ψ + µ HbToJPsiMuMu 3MuFilter TuneCP5 13TeV-pythia8-evtgen 92.2 M
Hb → J/ψ +X HbToJPsiMuMu TuneCP5 13TeV-pythia8-evtgen 97.8 M

Hb → J/ψ +X extension HbToJPsiMuMu TuneCP5 13TeV-pythia8-evtgen 400 M

Table 5.3: Produced Hb → J/ψ + µ/X samples. The extension for the Hb →
J/ψ+X sample has been recently produced to perform a better validation on the
fakes background estimation method, see Sec. 6.3.
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5.3 Triggers for R(J/ψ)

As outlined in Sec. 3.2.3, an event has to pass two independent sets of trigger
levels, L1 and HLT, in order to be saved. The following list details the overall
selections required at L1 and HLT levels for the analysis trigger:

• The presence of 3 muons in the final state;

• The probability of the µµ vertex fit to be better than 0.5 %;

• The transverse momentum of the muons coming from the J/ψ, p
µ1/2
T , higher

than > 3.5 GeV;

• The invariant mass of the two muons coming from the J/ψ in the range
2.95 < m(µ1µ2) < 3.25 GeV;

• The transverse momentum of the third muon, pµ3T , higher than 2 GeV.

As will be described in detail in Sec. 6.4, for the measurement of one small data-
driven background, i.e. the combinatorial J/ψ dimuon background, other datasets
(DoubleMu4 LowMass) and HLT triggers requiring an additional track are used.

5.4 Selection

Data and MC samples are processed using the same framework, involving iden-
tical selections and reconstruction techniques. The initial stage of processing begins
with the data-tier called MINIAOD [102] in CMS, where basic kinematic selections
are applied, and all necessary vertex fittings are performed. This step results in
simplified samples, known as custom NANOAODs, which may still contain more
than one 3µ candidate per event. These intermediate samples are then further
processed and skimmed to generate “flat” ROOT trees, each containing only one
candidate per event, which are then used for detailed analysis.

At first, J/ψ candidates are reconstructed, looking for opposite-sign muons µ1

and µ2, and afterwards a third muon track from the PF collection, referred to as
µ3 in this document, is coupled with the J/ψ candidates. The final state muons
have to satisfy the following requirements to pass the selection:

• they are physics objects reconstructed as described in Sec. 3.2.4;

• pT,lead > 6 GeV, pT,sublead > 4 GeV and pT, trailing > 4 GeV, where lead
(sublead) (trailing) refers to the muon with the highest (medium) (lowest)
pT in the triplet;
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• |η| ≤2.4 and transverse impact parameter dxy <0.05 cm for the three muons;

• both muons from the J/ψ passing the Medium ID criteria, defined in Sec.
3.2.4.2;

• ∆dz12 = |dzµ1 − dzµ2
| < 0.2, ∆z13 = |dzµ1 − dzµ3

| < 0.2 and ∆z23 = |dzµ2
−

dzµ3
| < 0.2, with dzµ being the impact parameter of the muon in the z-

direction;

• ∆R12 > 0.01, ∆R13 > 0.01 and ∆R23 > 0.01, with ∆Rij defined as ∆Rij =√
(∆η)2 + (∆ϕ)2. This cut is applied to avoid overlaps between the muons.

The J/ψ meson candidate, produced from µ1 and µ2, is selected with the fol-
lowing requirements:

• 2 GeV < mµµ < 4 GeV where mµµ is the dimuon invariant mass after the
vertex fit;

• pT (µ1µ2) > 3 GeV;

• a η-dependent mass cut in order to take into account the different mass
resolution when moving from the barrel to the endcap regions of the detector:
|mµµ−mJ/ψ,PDG| < 70 MeV for one muon with |η| < 1 and one with |η| > 1,
|mµµ − mJ/ψ,PDG| < 50 MeV for both muons with |η| < 1 and |mµµ −
mJ/ψ,PDG| < 100 MeV for both muons with |η| > 1, see Fig. 5.5 and Fig. 5.6
for the mµµ resolution in data;

• the probability of the dimuon vertex µµ being higher than 1%.

Once J/ψ candidates are selected, the Bc meson candidate is produced coupling
the J/ψ with µ3, with the requirements:

• the Bc candidate with mass 3.5 < m(3µ) < 10 GeV and positive cosine of
the pointing angle between the 3µ direction and the PV-SV one cos(∆αBc

PV );

• the probability of the three-muon vertex µµµ being higher than 0.01%.

Once these selections are applied, if more than one Bc candidate is selected for the
same event, the one with higher pT for the 3µ system is chosen. If candidates have
the same 3µ pT , e.g. permutations of the same three muons with different J/ψ
hypotheses, the one with higher J/ψ vertex probability is chosen. The efficiency of
this choice is 94.8% for the τ signal and 98.1% for the µ signal, with the efficiency
defined as the percentage of correct assignments in events with multiple candidates.
In total, the events with more than one reconstructed candidate are around 5
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Figure 5.5: Normalised data distributions of the mµµ variable with all selections
described in Sec. 5.4 applied, in the three different η bins described in the text.
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Figure 5.6: The fits to define the mass cuts in the three pseudorapidity bins are
shown. The three pseudorapidity bins are: both muons with |η| > 1 (left column),
one muon with |η| > 1 and one with |η| < 1 (centre column), and both muons
with |η| < 1 (right column). For MC, the η cuts are defined respectively at 2.5, 2.4
and 2.6σ of resolution (first row) and at 2.4, 2.3 and 2.4σ for data (second row).

and 8% for µ and τ signals respectively. All these selections are referred to as
”preselection”.

The Signal Region (SR) is defined by also applying requirements on the iden-
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tification and isolation of µ3, to reduce one of the background contribution, Sec.
6.3. The requirements are on the features of µ3, defined in Sec. 3.2.4:

• pass the softMVA ID;

• ∆βcorriso < 0.2.

All events able to pass the ”preselection” requirements are stored in the analysis
flat ROOT trees. All the relevant information concerning the analysis candidates
is also stored. The corresponding PV for each candidate is redefined as the PV
with the closest z distance with respect to the candidate J/ψ. The closest vertex
to the Bc direction was also considered as an alternative definition of PV leading
to similar results.

The same dataset format is used for the MC candidates, whose generator level
information is also stored. This concludes the event preselection processing.

5.5 Bc reconstruction

As mentioned in Ch. 4, the visible final state for both τ and µ channels is
composed of three muons, with both channels including neutrinos: 1 ν for the µ
channel, and 3 ν for the τ channel. The presence of neutrinos prevents the di-
rect reconstruction of the Bc four-momentum. The approach to reconstruct the
four-momentum of the Bc meson in this study is distinct from the method used
in the LHCb paper [103]. There are several differences in the LHCb and CMS
detectors, which is reflected in the difference in the choices for the Bc reconstruc-
tion. LHCb collects forward boosted muons, with an acceptance of 2.5 < |η| < 5.
The direction of the Bc meson is taken to be the same as the vector connecting
the Bc decay vertex SV and the PV. The component of Bc along the beam axis
is approximated as pBz = mB

mreco
· precoz , with reco indicating the variables from the

final state reconstructed particle [104]. CMS has a more central acceptance, with
|η| < 2.5, therefore the boost of the collected particles is mostly on the transverse
plane. The momentum direction is taken to be the one of the final state muon sys-
tem, and the four-momentum is defined as pB = mB

mreco
· (preco). This latter method

is named collinear approximation, and its comparison with the other options is
shown in Fig. 5.7. Among these, the collinear approximation appears to be the
closest to the GEN information. The overestimation is a result of the collinearity
assumption, which is true only at the limit of infinite boost.

The comparison of the collinear approximation and the LHCb methods of re-
construction has also been performed during a feasibility study for the R(J/ψ)
analysis in CMS, which can be found in Sec. 2.3 of Ref. [105]. For this study, only
MC samples have been used, and the detection uncertainty of the PV and SV has
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Figure 5.7: Comparison of various pBc
T for µ (left) and τ (right) signals: precoT (blue)

indicates the Bc transverse momentum of the final state muons, pGENT (violet)
corresponds to the GEN information, pcoll.approxT (red) illustrates the collinear ap-
proximation and pLHCbT (green) shows the LHCb approximation.

been taken into account with a Gaussian smearing method. Several figures of merit
have been compared, like Bc lifetime and the neutrino angle. For each of them,
the results that align most closely with expectation are achieved with the collinear
approximation, which is the method chosen to reconstruct the four-momentum of
the Bc candidate.

5.6 Definition of observables

5.6.1 Kinematic observables

The reconstruction of the Bc four-momentum enables the definition of various
discriminating variables that can differentiate between the τ and µ signals. These
channels have a different number of neutrinos in the final state, which can be
leveraged by defining appropriate features.

The four-momenta of the particles are indicated with pB, pµ1 , pµ2 , pµ3 , pJ/ψ for
Bc, µ1, µ2, µ3 and J/ψ respectively. The pB is the one obtained from the collinear
approximation. Some interesting observables that can be defined exploiting these
four-momenta are:

• E∗
µ, µ3 energy in the Bc candidate rest frame;

• m2
miss = (pB − pµ1 − pµ2 − pµ3)

2, missing mass squared;

• q2 = (pB−pµ1 −pµ2), squared four-momentum transfer to the lepton system;
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• pmissT = (pBT − pµ1T − pµ2T − pµ3T ), the scalar missing transverse momentum;

• E#
µ , the µ3 energy in the rest frame of the other two muon system;

• pvarT = p
J/ψ
T − pµT , where p

J/ψ
T and pµT are scalar transverse momenta of the

system of the two muons coming from the J/ψ decay and of µ3;

• m(3µ), being the invariant mass of the 3−µ system.

Figure 5.8 shows the shapes for the τ and µ signals for these variables.

5.6.2 Topological observables

In this analysis, certain topological variables are employed due to their ability to
distinguish between signal and background distributions effectively. The following
variables have been used:

• Lxy, which represents the decay length of the Bc meson in the xy plane
relative to the PV;

• IP3D, the three-dimensional impact parameter of µ3, shown in the scheme
in Fig. 5.9, which measures the distance of µ3 to the SV.

In the analysis,the significance of these observables is used, defined as IP3Dsig =
IP3D/σIP3D and Lxy,sig = Lxy/σLxy

, where σIP3D and σLxy
indicate the respective

uncertainties for the two observables. Figure 5.10 presents a comparison of the
shapes for signals and backgrounds.
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Figure 5.8: Normalised distributions for the τ and µ signals for some kinematic
observables. The last plot (bottom right) shows the m(3µ) distribution for µ sig-
nal, fakes background (Sec. 6.3) and Hb background (Sec. 6.1). In these plots the
preselection is applied.
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Figure 5.9: Scheme to visualise the IP3D definition.
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Figure 5.10: Normalised distributions for the τ and µ signals, fakes background
(Sec. 6.3) and Hb background (Sec. 6.1) for the some kinematic observables. In
these plots the preselection is applied.



Chapter 6

Background Estimation

In the CMS experiment, the reconstruction efficiency of J/ψ mesons is very high
in the selected kinematic range. This implies that the majority of the backgrounds
in the analysis are likely to contain a genuine J/ψ meson, making the third muon a
critical element of the analysis. Backgrounds that do not include a real J/ψ meson
are primarily composed of combinatorial dimuons, which constitute a relatively
small portion of the overall backgrounds.

The main background contributions in this analysis are:

• Processes involving a J/ψ meson coming from b-hadron decays, like Bu,s,d →
J/ψX, which is paired with muons from the rest of the event, or when it is
paired with muons from the same B. Both of these processes are part of the
Hb background. This contribution is estimated from MC simulations with
inputs from data and is described in Sec. 6.1.

• The Bc meson decays including a J/ψ and a muon in the final state other
than the signals, evaluated from MC simulations, and called Bc background
hereafter, in Sec. 6.2.

• Events in which the accompanying kaon or pion of the J/ψ are misidentified
as muons. This background is called fakes background in this document
and it is evaluated directly from data using an orthogonal phase space. It is
described in Sec. 6.3.

• The dimuon background, where randomly matched muons, not originating
from J/ψ candidates, are paired and reconstructed with an invariant mass
m(µµ) close to that of the resonance. This process, described in Sec. 6.4, is
estimated from data and will be referred to as dimuon background in this
document.

In Table 6.1 the percentages of these contributions to the total events at preselec-
tion level are shown.

67
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Region J/ψµ J/ψτ Bc bkg Hb bkg fakes comb J/ψ

Inclusive 54% 3% 2% 10% 30% 1%

Table 6.1: In this table, the percentages for the two signals and the different back-
ground contributions are shown at the preselection level. The values are all ap-
proximated to the second decimal number.

6.1 Hb background

This background relies on MC Hb → J/ψ + µ shape templates, described in
Sec. 5.2.2, and a data sideband for normalisation. The Hb background includes
both events in which the J/ψ meson and the muon come from different or same
b-hadrons, as already shown in Fig. 5.2.

In Fig. 6.1, the distribution of the invariant mass of the three final muonsm(3µ)
is shown. In the region with m(3µ) > mBc

, called high-mass (HM) region, there
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Figure 6.1: Distribution of them(3µ) variable with all the preselection cuts applied,
Sec 5.4. The HM region is defined as m(3µ) > mBc

∼ 6.3 GeV.

is no contribution from either signals or Bc background. The only Hb background
in this region comes from the DBH contribution, as the phase space of SBH is
not expected to extend into the HM regime. Since the MC samples are produced
with correct relative branching ratios, normalising the entire background using this
category is feasible.

The MC sample used for this background is inclusive, containing all decays of
the various b-mesons and -baryons. In the analysis, additional degrees of freedom
are introduced. These allow for independent variation of the normalisation compo-
nent for each b-hadron, beyond the overall normalisation derived from the control



6.2 Bc background 69

region at HM. All the contributions of the Hb background are shown in the q2

distribution in Fig. 6.2.
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Figure 6.2: Distribution of the q2 variable in the pass softMVA ID (left) and fail
softMVA ID (right) regions of µ3. The Hb background is here split into 8 contri-
butions, depending on the Hb mother of the J/ψ meson.

6.2 Bc background

The Bc background is based on the MC Bc signal and background shape tem-
plates, whose production is already described in Sec. 5.2.1. This sample includes
all the relevant feed-down decays, which are the excited cc̄ states that decay into
a J/ψ meson, and other J/ψ + charmed hadron decays, like Bc → D∗

sJ/ψ.
The EvtGen tool used to produce this sample is not up-to-date with the latest
Bc form factors and with its decay time. Therefore, corrections and systematic
uncertainties are applied to this sample. Their description can be found in Sec. 7.1
and Sec. 7.3.2, respectively.
The normalisation of this sample is left floating in the fit, and a specific category is
defined to control it. As for the Hb background, a systematic uncertainty is added
for each Bc sub-sample shown in Fig. 6.2, to account for possible inaccuracies in
the BR predictions.

Hereafter, in the plots presented in this thesis, the contributions from the Bc

and Hb processes will be shown in a more compact way. An example of this merged
representation can be seen in Fig. 6.3. This format has been chosen to provide a
clearer view of the distributions.
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Figure 6.3: Distribution of the q2 variable with merged contributions from Bc and
Hb backgrounds.

6.3 Fakes background

This data-driven background consists of inclusive decays of b-hadrons to J/ψ
mesons in which the accompanying pion or kaon is misidentified as a muon. Many
studies have been performed and several strategies have been considered to esti-
mate this background. The chosen strategy is described in detail in the following.

Initially, a detailed analysis of how the control regions are defined is presented
in Sec. 6.3.1. The estimation of fakes background in the SR then proceeds in two
stages. In the first stage the isolation fake-rate in selected regions is measured, as
documented in Sec. 6.3.2. This section not only provides an analytical and prac-
tical explanation of the measurement process but also includes a comprehensive
description of the final neural network (NN) developed for this task. Subsequently,
the second stage involves the extrapolation from these measurements of the fakes
distribution in the SR, described in Sec. 6.3.3. The robustness and reliability of
this method are validated and some uncertainties discussed in Sec. 6.3.4 and 6.3.5.

6.3.1 Control regions definition

The isolation and identification criteria for µ3 are central in minimising the
fakes background events in the SR. These criteria also play a crucial role in defin-
ing control regions that are enriched with fakes backgrounds, which are used for
measuring and extrapolating the shape of the fakes background in the SR.
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6.3.1.1 Identification Studies

The fakes background contribution can be decreased with an optimised ID
selection of the third muon in the final state, after applying the preselection de-
scribed in Sec. 5.4. Different ID selections have been compared to find the best
discriminant between the τ signal and fakes background. Given the low relative
abundance of τ signal events with respect to fakes background events, this study
is performed targeting specifically the τ signal, rather than the µ signal. The sim-
ulated sample Bc is used for the τ signal, and the Hb → J/ψ + X for the fakes,
requiring that X ̸= µ, based on generator-level information, to ensure that the
particle is not a real muon. To determine the optimal ID selection, the figure of

Figure 6.4: S/
√

(S +B) for several ID WP applied to µ3, with S indicating τ
signal events, and B the fakes background.

merit S/
√

(S +B) is computed for each ID WP available in the muon collection
[106], where S represents the number of τ signal events and B the number of fake
background events. This figure of merit is a simplistic but necessary approach, be-
cause of the extensive effort that running precise final fits for each ID WP would
require. In Fig. 6.4 the figure of merit S/

√
(S +B) is shown for some of these ID

WP after selecting µ3 with different ID requirements.
The Medium ID working point is the first one chosen for this selection, because

it shows a good S/
√

(S +B) score. In Fig. 6.5, the distributions of the normalised
shapes for the τ signal and fakes MC events are shown for three of the most
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impacting variables in Table 3.1, after applying the Medium ID requirement on
µ3. These plots suggest that, in addition to the Medium ID requirement, a tighter
cut should be applied to further reduce the fakes background contribution in the
chosen phase space of the analysis, with a small loss of τ signal events.
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Figure 6.5: Comparison of normalised shapes for τ signal (blue) and fakes MC (red)
events for three of the variables of the Medium ID WP definition, after applying
the preselection and Medium ID cut on µ3. The variables are positional alignment
between the tracker muon and the standalone muon (left); χ2 as determined by
the kick-finding algorithm (centre); normalised global-track χ2(right).

Since the softMVA ID WP also shows a good figure of merit in Fig. 6.4 and has
already been well optimised for similar analyses sensitive to the contamination from
fake muons and decays in flight, such as the Bs → µµ search, this WP has been
preferred. Figure 6.6 shows the distributions of the variables from Fig. 6.5, now
with the softMVA ID cut applied. This WP effectively reduces the contribution of
fakes, leaving no further room for improvement.

After the application of the softMVA ID WP, the fakes contribution in the
SR is diminished by 65% with respect to the Medium ID WP, with just a 15%
efficiency reduction for τ signal events.

6.3.1.2 Isolation Studies

ISO constraints on µ3 can be effectively employed to diminish the contribution
from the fakes background. These constraints ensure that the selected muons are
isolated, as required for the signals, and also help in reducing the impact of pileup
muons.

Similar to the ID requirements, different ISO WP for µ3 have been compared.
Also in this study, the Bc sample is used for the τ signal, and theHb → J/ψ+X MC
sample is used for the fakes background. With these samples, a Receiver operating
characteristic (ROC) curve, the plot of signal efficiency vs background rejection,
is computed for each ISO WP. In Fig. 6.7 all the ROC curves are shown, and it is



6.3.1 Control regions definition 73

0 5 10 15 20
Tracker-Standalone position match

0

0.05

0.1

0.15

0.2

0.25

0.3

0.35

0.4
a.

u.
τν +τ ψ J/→ +

cB

fakes MC

0 20 40 60

Kick finder

0

0.05

0.1

0.15

0.2

0.25

0.3a.
u.

τν +τ ψ J/→ +
cB

fakes MC

0 5 10
Normalised global-track

0

0.1

0.2

0.3

0.4

0.5

0.6

a.
u.

τν +τ ψ J/→ +
cB

fakes MC

Figure 6.6: Comparison of normalised shapes for τ signal (blue) and fakes MC (red)
events for three of the variables of the softMVA ID WP definition, after applying
the preselection and softMVA ID cut on µ3. The variables are positional alignment
between the tracker muon and the standalone muon (left); χ2 as determined by
the kink-finding algorithm (centre); normalised global-track χ2(right).

possible to observe that the ∆βcorriso is one of the best ISO WPs. The chosen cut
for this variable is 0.2, indicated in the figure by an arrow, that gives 66% signal
efficiency and 73% background rejection.

Figure 6.7: ROC curves for the comparison of several ISO WPs applied to µ3,
aiming for an enhancement of the τ signal from the fakes background contribution.
The arrow indicates the position on the ROC curve of the∆βcorriso = 0.2 selection.

In Fig. 6.8, the ∆βcorriso distributions for the MC samples used in this analysis
are shown.
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Figure 6.8: ∆βcorriso distribution for the two signals and the Hb background MC
samples, in linear (left) and log scales (right).

6.3.1.3 ABCD Regions

As a result of the studies previously described, four regions are defined using
the softMVA ID and ∆βcorriso on µ3, schematically shown in Fig. 6.9.

Figure 6.9: Scheme of the ABCD regions used to define the fakes contribution in
the SR. “ID” indicates that the identification working point pass softMVA ID is
applied to µ3 , while “!ID” indicates the identification working point fail softMVA
ID for µ3 . “ISO” indicates the requirement ∆βcorriso < 0.2 for µ3 and “!ISO” the
∆βcorriso > 0.2 for µ3 . Region A is the analysis SR.

The SR, denoted as region A, is characterised by pass softMVA ID and∆βcorriso <
0.2. To estimate the fakes contribution in this region, regions B, C, and D are em-
ployed following a two-step strategy:

1. The fail softMVA ID regions, hereafter called “fail ID regions” or “!ID re-
gions” are utilised to measure the different behaviours of various contribu-
tions between the ∆βcorriso < 0.2 and ∆βcorriso > 0.2 sub-regions, referred
to as region C and D in the scheme.
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2. The observed behaviours are extrapolated to the pass softMVA ID regions,
hereafter called “pass ID regions”, to determine the fakes shape in the SR,
region A.

6.3.2 Measurement of ISO fake-rate frISO

The method employed to derive the distribution of fakes background in the SR
is based on the initial measurement of the ISO fake-rate in the fail ID regions.
This measured fake-rate is subsequently applied to region B to predict the fakes
contribution in region A. This section details the measurement process, including
two main aspects: an analytical derivation followed by a practical implementation
in the analysis. The latter begins with a description of a simplified approach and
afterwards it transitions to the more sophisticated deep learning method that was
ultimately adopted.

6.3.2.1 Analytical Derivation

The first step is to use the fail ID regions, C and D, to learn the behaviour of
data and MC when moving from one region to the other. The strategy is based
on an analytical derivation, where data are assumed to be composed just of fakes
background, signal and background MC events, with the shapes of the latter two
indicated as MC in the following formulas. Eqs. (6.1) through (6.4) aim to provide
an intuitive explanation of the logical process, whereas Eq. (6.6) explicitly presents
the event-by-event dependency of the weights. In region C the following relation
holds:

data(C) =MC(C) + fakes(C), (6.1)

where data,MC, fakes indicate their respective distributions. Multiplying and
dividing by the respective shapes in D:

data(C)

data(D)
· data(D) =

MC(C)

MC(D)
·MC(D) +

fakes(C)

fakes(D)
· fakes(D). (6.2)

The ratios can be redefined as transfer functions (TF), which depend on probability
p as TF = p/(1− p):

data(C)

data(D)
= TFdata;

MC(C)

MC(D)
= TFMC ;

fakes(C)

fakes(D)
= frISO;

MC(D)

data(D)
= α (6.3)

and Eq. (6.2) can then be rewritten using Eq. (6.3):

TFdata · data(D) = TFMC ·MC(D) + frISO · fakes(D) (6.4)
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Since Eq. (6.1) holds also in region D, fakes(D) = data(D)−MC(D), if one di-
vides all the terms of Eq. (6.4) by data(D), the following equation can be obtained:

TFdata = TFMC · α + frISO · (1− α) (6.5)

Solving for frISO, and explicitly writing the event by event dependence of the
variables, one obtains:

frISO(xi) =
TFdata(xi)− TFMC(xi) · α(xi)

1− α(xi)
. (6.6)

frISO(xi) is defined as in Eq. (6.3), therefore to solve the equation for the shape
of the fakes background in the region C, the final equation is:

fakes(C) =

(
TFdata(xi)− TFMC(xi) · α(xi)

1− α(xi)

)
· data(D)

−
(
TFdata(xi)− TFMC(xi) · α(xi)

1− α(xi)

)
·MC(D),

(6.7)

where TFdata(xi), TFMC(xi) and α(xi) are event-per-event weights, to be applied
to the events of data and MC in region D, to find the fakes shape in region C.

6.3.2.2 Final measurement: frISO(xi) parametrisation through neural
networks

To calculate these sets of weights, classification neural networks (NN) to fit
TFdata, TFMC and α in many dimensions are used. The application of NN to
this problem is justified by the universal approximation theorem, which asserts
that every continuous function, f(x), can be approximated by a NN. This en-
ables the extrapolation of function values at a given point x from the NN output.
The NN methodology yields a continuous function, also offering the flexibility to
parametrise for more than one variable. Consequently, this NN method is employed
in this analysis.

Three classification NNs were trained to distinguish between two classes pro-
viding the probability for each event to belong to either class. The weights for the
fakes background estimation are then determined from the probability output of
the NNs using the relation w = p

1−p . The NN classes associated with each set of
weights are as follows:

• data(C) vs data(D), for the TFdata(xi) weights;

• MC(C) vs MC(D), for the TFMC(xi) weights;

• MC(D) vs data(D), for the α(xi) weights.
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NNs definition As shown in Eq. (6.6), three classification NNs are needed to
compute the final set of weights frISO(xi). Each network is built with the Keras

package [107] in PYTHON, made of a Dense layer with 32 nodes and a final activation
layer, a sigmoid function, crucial to be able to interpret the output score as a
probability. The chosen optimiser is ADAM and the loss function is chosen to be
binary cross-entropy.

The optimisation of these NNs focuses mostly on the choice of features since
the variables chosen for the training have a big impact on the performance and
generalisation of the networks. Therefore, a preliminary study is done before the
NNs training. ROC curves are computed for each potentially interesting feature,
for the three classification problems. The choice of variables is done in three differ-
ent steps. Firstly, considering that the variables with higher area under the ROC
curve (AUC) score are the ones that can better distinguish between two classifica-
tion terms, these are saved for each NN. Secondly, to simplify the problem, these
variable lists are filtered by eliminating variables that are too strongly correlated
with each other. Considering that each network has a different problem to solve,
different features will pass the firsts two steps for each network. Therefore, the last
step consists into harmonising the three lists converging on a common list of fea-
tures for the three NNs. The final features chosen for the training of the networks
are:

• q2;

• m2
miss;

• Lxy/σLxy
;

• IP3Dsig;

• pBT ;

• |ηB|;

• vtx(µ1, µ2, µ3) probability;

• vtx(µ1, µ2, µ3) cos(α);

• dµ3x,y/σd
µ3
x,y;

• dµ3z /σd
µ3
z .

In Fig. 6.10 ROC curves for each feature that passed the three-step selection are
shown for each NN.

The effectiveness of the three-step strategy is shown in Fig. 6.11, where selected
features exhibit negligible linear correlation.
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Figure 6.10: Pre-training ROC curves for each single feature chosen for the training
of the NN: TFdata (left), TFMC (centre) and α (right).

Figure 6.11: Linear correlation for the features chosen for the training, computed
using data events to prove the effectiveness of the pre-training strategy.

Once the networks are trained with the features and architecture explained,
diagnostic plots are produced to check for possible over-fitting. The strategy to
find the fakes shape in the SR deeply relies on generalisation, which could fail if the
NNs do not have the desired behaviour. The NN parameterization has to discern
the observables and correlations on which the fake-rates depend. This guarantees
the applicability of fake-rates to regions with different phase spaces. 1

1For instance, consider a simple example where the fake-rate linearly depends on pT . If the
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In summary, the success of the strategy to determine the fake shape in the SR
heavily relies on the NNs’ ability to generalize appropriately. Failure to achieve the
desired behavior in the NNs could compromise the effectiveness of this approach.
The overfitting can be tested comparing the distributions of the NN predictions
of the train and test datasets. If no overfitting is present, the NN is expected to
produce a similar prediction distribution for both samples, which is shown in Fig.
6.12 (top row). Train and test shapes are compatible in both pass and fail regions
for the three NNs, with a Kolmogorov-test result better than 20% for each shape.
In the second row of Fig. 6.12, the training ROC curves for test and training
samples are also shown.
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Figure 6.12: Comparison plots between NN output distributions for train and test
datasets (top row) and the training ROC curves for test and training samples
(bottom row) for both pass and fail regions: NNs results for TFdata (left), TFMC

(centre) and α (right).

The NN trainings are therefore validated, and for each sample, three weights
can be associated to each event allowing the calculation of frISO weights for events
in region D. The fakes shape in region C can be found starting from data and
MC distributions in region D, reweighted with frISO(xi) weights, and subtracted
following Eq. (6.7). This is also schematically shown in Fig. 6.13.

fake-rate is measured as a single flat number in a phase space A with an average pTA
, it can

not be directly applied to another phase space B with pTB
= 2 · pTA

without introducing errors.
However, by measuring the fake-rate as a function of pT in A, it can be applied to B.
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Figure 6.13: Scheme to visually explain the Eq. (6.7). Starting from data and MC
(everything but the red contribution in the plots) in region D (left), frISO(xi)
weights are applied, resulting in a reweighted region D (centre). The final shape
of the fakes to be used in region C (right) is directly the difference between data
and MC in the reweighted region D.

Consistency check Since a NN has the ability to approximate any function
f(x), this simple check aims to demonstrate that it can approximate the set of
weights found considering only their dependency on q2.

The weights, which for this check are found using only the q2 information, are
computed using the bin-per-bin ratio of histograms, and they are shown as data
points in Fig. 6.14.

Three NNs are trained using only q2, and the weights found from their out-
puts, red points in Fig. 6.14, are compared to the ratios of histograms. The NN
model used here is the same as the one described in Section 6.3.2.2, with the only
difference being the number of features.

As expected, the distributions are compatible.

6.3.3 Prediction for the SR

After measuring the isolation fake-rate in the fail ID regions, C and D, the
NN trained on these regions can be used to predict the weights frISO(xi) for the
pass ID regions. This extrapolation allows the derivation of the template of fakes
background in the SR. To extrapolate the fakes shape and normalisation in region
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Figure 6.14: Distributions of TFdata, TFMC and α computed as ratios of histograms
in q2 (blue), according to their definition in Eq. 6.3, and via the classification NN
outputs (red). The distributions are compatible.

A, Eq. (6.7) is used again, after replacing D with B and C with A:

fakes(A) =

(
TFdata(xi)− TFMC(xi) · α(xi)

1− α(xi)

)
· data(B)

−
(
TFdata(xi)− TFMC(xi) · α(xi)

1− α(xi)

)
·MC(B),

(6.8)

where the operator · indicates the application of the event-by-event weights. The
frISO(xi) weights associated to each event in B are found using the already trained
(in regions C and D) NNs described in Sec. 6.3.2.2. In Fig. 6.15 a visual represen-
tation of the formula can be found.

6.3.4 Validation

The determination of the fakes shape with this method requires validation.
Each step of the method is thoroughly validated, both using data and MC samples.

6.3.4.1 Validation of the fakes method on MC

Three validation tests on MC are presented in the following:
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Figure 6.15: Extrapolation of the fakes background method to the A and B regions.

• Closure test in C, which is only a sanity check and is expected to work by
construction;

• Extrapolation test, where the generalisation is tested on the pass ID regions;

• Toy model, where the whole method is tested on MC.

Closure in C The first test to be performed on MC is to plot the final distri-
butions for different variables in region C, to check the agreement between data
and fakes. This is essentially a sanity check and is expected to be conclusive by
design, as its purpose is to predict the fake contributions in the region used for
training. Figure 6.16 illustrates some of these plots, which show a good agreement,
validating the method in region C.

6 7 8 9 10

)2 (GeV2q

500

1000

1500

2000

2500

3000

3500

ev
en

ts
 / 

bi
n

τν+τΨJ/→+
cB µν+µΨJ/→+

cB µν+µ(2S)Ψ→+
cB

  µν+µ)c(c→+
cother B (h1...)

(*)
c HΨJ/→+

cB  mesonsbH

 baryonsbH   +µcomb. dimuon + fakes 

observed stat. unc.

 (13 TeV)-159.7 fbCMS  Private Work

6 7 8 9 10

)2 (GeV2q

0.9
1

1.1

ob
s/

ex
p 4− 2− 0 2 4

 IP3DσIP3D / 

1000

2000

3000

4000

5000

ev
en

ts
 / 

bi
n

τν+τΨJ/→+
cB µν+µΨJ/→+

cB µν+µ(2S)Ψ→+
cB

  µν+µ)c(c→+
cother B (h1...)

(*)
c HΨJ/→+

cB  mesonsbH

 baryonsbH   +µcomb. dimuon + fakes 

observed stat. unc.

 (13 TeV)-159.7 fbCMS  Private Work

4− 2− 0 2 4

 IP3DσIP3D / 

0.9
1

1.1

ob
s/

ex
p 2 4 6 8

)2 (GeVmiss
2m

200

400

600

800

1000

1200

1400

ev
en

ts
 / 

bi
n

τν+τΨJ/→+
cB µν+µΨJ/→+

cB µν+µ(2S)Ψ→+
cB

  µν+µ)c(c→+
cother B (h1...)

(*)
c HΨJ/→+

cB  mesonsbH

 baryonsbH   +µcomb. dimuon + fakes 

observed stat. unc.

 (13 TeV)-159.7 fbCMS  Private Work

2 4 6 8

)2 (GeVmiss
2m

0.9
1

1.1

ob
s/

ex
p

Figure 6.16: Closure test plots in region C for fakes estimation method for some
interesting variables.
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Extrapolation test The second part of the validation consists in testing the
extrapolation of the method to the pass ID regions, B and A, Fig. 6.15. For this,
the MC sample Hb → J/ψ+X is used requiring X ̸= µ. To test the extrapolation
in the SR, two validation tests on MC are performed. The first one compares the
shape of the fakes MC in region A with the shape predicted applying the frISO(xi)
weights found as output of the NNs to the region B. This comparison is done for
the four variables that will be used in the fit model. The shapes comparisons are
shown in Fig. 6.17, and the Kolmogorov-Smirnov test (KS) for each one of the
comparisons shows a good agreement, therefore it is possible to conclude that the
shapes are compatible. A non-closure concerning the normalisation, up to 13%, is
taken into account in the systematic uncertainties for the fakes in the fit, as it will
be explained in Sec. 8.3.

Toy model Another extrapolation test is performed building a toy model using
the fakes MC as background and the MC for the µ signal as the only signal. For the
latter just a limited number of events is considered, to make it comparable with the
limited statistics of the fakes MC sample. The toy data is assumed to be composed
only of signal and background events. This approach allows for a comprehensive
test of the entire procedure for fakes estimation, based on MC, testing both the
generalisation capability and the accuracy of subtraction when there are multiple
contributions. The whole method is tested by obtaining the frISO(xi) weights
using the toy model, starting from the training of the three NNs (adapted to this
simplified case) in regions C and D, and checking the closure test in region C. This
closure test is performed also in region A, and results are shown in Fig 6.18 and
Fig. 6.19. A good agreement, limited by the finite stats, is obtained, successfully
validating the fakes strategy. The KS tests for these comparisons result in 88%
for q2, 98% for m(3µ), 99% for Lxy/σLxy

and 99% for IP3Dsig. The differences in
normalisations are up to 15%, and accounted for in the fit.

6.3.4.2 Validation on data

In this section, a validation of the fakes estimation method on data is pre-
sented. Four regions are defined, designed to be sufficiently distant from the SR to
ensure minimal real-µ contamination, thus removing almost any reliance on MC
inputs for the sake of this test. These regions, denoted as B’, B”, D’, and D”, are
illustrated in Fig. 6.20, with B’ and B” defined with ∆βcorriso > 1.5 to minimise
MC contamination.

The method is then tested in these control regions: the NN is trained in the
new fail ID regions D’ and D”, and applied in the new pass ID region B” to find the
final shape in B’. The ultimate goal is to achieve good agreement between data
and predicted fakes background in region B’. The closure test in the D’ region
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Figure 6.17: Fakes MC distribution in region A (black) compared with the distri-
bution derived from region B (red), which has been reweighted using frISO(xi)
weights calculated in the fail softMVA ID regions. Four distributions of interest
for this analysis are shown: q2 (top left) with KS test of 88 %, m(3µ) (top right),
with KS of 66%, Lxy/σLxy

(bottom left) with KS of 24 % and IP3Dsig (bottom
right) with KS of 34 %.

is shown for q2, IP3Dsig and Lxy,sig in Fig. 6.21 to verify the correct training of
the networks. The final validation in B’ is displayed for the same distributions in
Fig. 6.22, which shows a good agreement between data and the predicted fakes
background.

This test, combined with the tests described in the previous section performed
on MC, confirms the robustness of the method implemented to derive the fakes
shape in the SR.



6.3.5 Uncertainties on the fakes background estimation 85

6 7 8 9 10

ciao

20

40

60

80

100

120

140

160

180

200

ev
en

ts

µν+µΨJ/→+
cB toy data

fakes MC stat. unc.

 (13 TeV)-1L = 59.7 fbCMS  Private Work

6 7 8 9 10

)2 (GeV2q

0.5
1

1.5

ob
s/

ex
p 4− 2− 0 2 4

ciao

50

100

150

200

250

300

350

ev
en

ts

µν+µΨJ/→+
cB toy data

fakes MC stat. unc.

 (13 TeV)-1L = 59.7 fbCMS  Private Work

4− 2− 0 2 4

 IP3DσIP3D / 

0.5
1

1.5

ob
s/

ex
p 0 0.5 1 1.5

ciao

20

40

60

80

100

120

140

160

180

200

220

240

ev
en

ts

µν+µΨJ/→+
cB toy data

fakes MC stat. unc.

 (13 TeV)-1L = 59.7 fbCMS  Private Work

0 0.5 1 1.5

xyLσ/ xy L
10

log

0.5
1

1.5

ob
s/

ex
p

Figure 6.18: Validation of the fakes strategy using the toy model described in the
text, in region C, fail softMVA ID and ∆βcorriso < 0.2.
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Figure 6.19: Validation of the fakes strategy using the toy model described in the
text, in region A, pass softMva ID and ∆βcorriso < 0.2.

Figure 6.20: New regions far from the SR defined for the validation on data.

6.3.5 Uncertainties on the fakes background estimation

Several systematic uncertainties come from the method employed to derive the
fakes background in the SR. Given that this represents the primary background,
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Figure 6.21: q2 (left), IP3Dsig (centre) and Lxy,sig (right) distributions in the D’
region, which show good agreement between data and fakes background.
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Figure 6.22: q2 (left), IP3Dsig (centre) and Lxy,sig (right) distributions in the B’
region, which show good agreement between data and fakes background.

the methodology has been meticulously derived, ensuring that uncertainties are
thoroughly accounted for. While the most significant of these uncertainties are
discussed in this section, a more exhaustive list can be found in Sec. 8.3.

6.3.5.1 Limited statistics in the validation samples

Bin-by-bin uncertainties, which are uncorrelated across each bin, are calculated
for the final fakes background shape. These are derived from the validation test on
data outlined in the previous section, Fig. 6.22. Each bin uncertainty is computed

as
√

(statidata)
2 + (statifakes)

2, where statidata indicates the statistical uncertainty on

data of each bin of the distribution used in this test, and statifakes indicates the
resulting statistical uncertainty in the corresponding bin of the fakes background
template.

This uncertainty, shown in Fig. 6.23, is added in the final fit, uncorrelated for
each bin of the fakes and for each category.
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Figure 6.23: q2 shape uncertainty for the fakes contribution. The upper shape

is computed as the nominal fakes value plus
√

(statidata)
2 + (statifakes)

2 from the

validation on data test, while for the lower value, the same quantity is subtracted.
This uncertainty is added in the fit as a bin-by-bin uncertainty, i.e., each bin can
be varied independently of all others in the fit.

6.3.5.2 “Rotated” method

The method described thus far, hereafter referred to as the “nominal” method,
follows the scheme in Fig. 6.24 (left). The NNs are trained to compute frISO,
and this training is conducted in the !ID regions. Region B is where the frISO(xi)
weights are applied to determine the fakes shape in A. This reasoning is equally
applicable when following the scheme in Fig. 6.24 (right), hereafter called the
“rotated” method. In the rotated method, NNs are trained in the !ISO regions,
and frISO(xi) is applied in region C to find the fakes shape in region A. The same
diagnostic and closure plots have been successfully produced.

By using the two methods, two fakes shapes are found for region A. This intro-
duces a systematic uncertainty to the fakes strategy (see Sec. 8.3). The nominal
shape is derived from the final fakes shape using the ”nominal” method, while
the up shape is obtained from the fakes shape found with the ”rotated” method.
The down shape is defined as the variation between the up and nominal shapes,
mirrored with respect to the nominal one. Fig. 6.25 illustrates the comparison of
the three shapes in region A. This is treated as a single nuisance parameter in the
fit model.

6.3.5.3 Statistical uncertainty on the NN trainings

A statistical uncertainty must be associated to the training of the three NNs.
To compute this, the training sample is divided into 5 sub-samples, referred to as
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Figure 6.24: ABCD region scheme for the “nominal” method (left), where the
training of the NNs to compute frISO is done in the !ID regions, while region B
is where frISO(xi) weights are applied to find the fakes shape in region A. ABCD
region scheme for the “rotated” method (right), where the training of the NNs is
performed in the !ISO regions, and frISO(xi) weights are applied in region C to
find the fakes shape in region A.

Figure 6.25: The q2 distribution (left) and Lxy,sig =
Lxy

σLxy

(right) for the nominal

shape of fakes (black), the up (red) and down (green) uncertainties. The nominal
shape comes from the “nominal” method, with up and down being the fakes shapes
resulting from the “rotated” method, considered once as a positive variation and
once a negative variation from the nominal value.

“chunks,” that are statistically independent. The three NNs are then trained five
times, each using a different chunk as the training sample. A fakes shape is derived
in region A for each of the training runs. In Fig. 6.26 (left), the fakes shape for the
different training runs is shown. The mean of the five histograms is computed bin
by bin.
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Figure 6.26: The fakes contribution in q2 computed with different training chunks
is shown (left). In the same plot, the mean, computed bin per bin, of the five chunks
and the nominal fakes shape (red) is shown. The q2 distribution for the nominal
fakes shape is shown (right), with the up and down shapes computed adding and
subtracting to the nominal shape the standard deviation of the mean computed
bin per bin from the chunks. This uncertainty is added in the fit as a bin-by-bin
uncertainty.

The standard deviation of the mean is also computed, bin per bin, and applied
to each bin of the nominal fakes shape, to form an up and down shape, Fig. 6.26
(right). Eventually, this uncertainty is implemented in the fit as a 5% uncertainty,
uncorrelated for each bin of the fakes shape. This is added in quadrature to the
uncertainty from the validation of the fakes method on data, for a total average of
11% uncertainty for each bin.

6.4 Combinatorial J/ψ dimuon background

In addition to the background sources described above, a J/ψ dimuon combi-
natorial background contributes to the SR. Two unrelated muons can accidentally
return an invariant mass within the J/ψ mass window selected in the analysis.

The number of combinatorial J/ψ dimuon events, NSR
µµ , is estimated by per-

forming a fit to the dimuon invariant-mass distribution in the SR. A first attempt is
performed by applying all the cuts defining the SR in each of the different analysis
categories. However, the SR lacks sufficient statistics in most of the analysis cate-
gories resulting in a fit of poor quality. Therefore, a Loose Signal Region, “Loose
SR”, is defined by applying only the preselection cuts, as described in Sec. 5.4. The
final normalisation in the SR of each category is later determined by extrapolating
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the number of combinatorial J/ψ dimuon events from the Loose SR to the SR via
a data-based Transfer Factor, TF, defined as:

NSR
µµ = NSRloose

µµ × TF = NSRloose
µµ × NSR

events

NSRloose
events

(6.9)

The bulk of the J/ψ peak is modelled by a Crystal Ball function [108] plus a
Gaussian function centred on the Crystal Ball function in order to better model the
tails of the distribution. The non-resonant combinatorial background is described
by an exponential function. The free parameters in the fit are the mass scale and
the width σ(mµµ) of the J/ψ resonance, the Crystal Ball parameters, the Gaussian
contribution to the fit function and the number of signal and background events.
Due to a trigger cut vetoing the region 5σ-away from the J/ψ peak, the whole
invariant mass distribution is fitted in the range 2.96 < mµµ < 3.23 GeV. This does
not allow for a proper modelling of the non-resonant combinatorial background.
Therefore, an additional dataset, DoubleMu4 LowMass, is examined, and triggers
including a track are selected. A region populated only by dimuon combinatorial
background is defined with 2.4 < mµµ < 2.8 GeV. From this region, the slope of
the exponential is extrapolated and later fixed in the fit performed in the Loose
SR. The result of the fit to extract the combinatorial shape is shown in Fig. 6.27.

Figure 6.27: Fit to the invariant mass in the region 2.4 < mµµ < 2.8 GeV to extract
the shape of combinatorial J/ψ dimuon events.

The result of the fit in the Loose SR is shown in Fig. 6.28.
In order to estimate the J/ψ dimuon combinatorial shape, a sideband (SB)-

based technique is introduced. Due to the analysis trigger cut, in each analysis
category a sideband - 3σ away from the J/ψ peak - is defined. The final state
observable q2 used to perform the final fit (see Ch. 8) is kinematically constrained
by the invariant mass. Hence, in each analysis category the shape is extrapolated to
the SR by scaling the J/ψ four-momentum by the mass ratio mJ/ψ,PDG/ < mSB >
where < mSB > is the SB centre-of-mass. The method is tested by defining another
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Figure 6.28: Fit to the invariant mass in the Loose SR to extract the contribution
of combinatorial J/ψ dimuon events (green).

SB, target SB, and comparing the extrapolated shape with the known shape for
this SB. The scale factor used for the target SB is < mtargetSB > / < mSB >. The
result of this test can be seen in Fig. 6.29.

Figure 6.29: q2-shape comparison between the extrapolated SB to the target SB
and the known shape of the target SB. The extrapolation method is described in
the text.

In order to include this data-driven background in the fakes background estima-
tion, it should be added in the NN training, as described in Sec. 6.3.2.2. However,
the strategy for obtaining the normalisation of this background in each individ-
ual category of the analysis makes it challenging to include it in the training of
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the NN without significant approximation. Considering that this background con-
tributes only about ∼ 2-3% of data events (depending on the different analysis
categories), it has been decided not to include it in the training of the networks.
Instead, it is simply added to all the categories, influencing the fakes estimate
through the subtraction method in the reweighted regions between data and the
other contributions.



Chapter 7

Correction of MC Simulations

Correcting simulation is necessary to account for experimental effects that may
be poorly modelled. This ensures that the simulation aligns with the actual con-
ditions of real data taking. The corrections implemented can be categorised into
five main groups, each detailed in the following sections:

• Corrections to Bc form factors;

• Corrections to pileup;

• Corrections to Bc meson kinematic properties;

• Corrections to topological variables;

• Corrections to J/ψ resonance kinematic properties;

• Corrections to muon efficiencies.

7.1 Form factors

Each MC sample involving hadrons is generated using a hadronic model, rep-
resented by a form factors (FF) parametrisation. The Bc MC sample is initially
produced using the Bc FF presented in Ref. [81], which are referred to as Kiselev,
after the name of the main author of Ref. [81], as the only option available in
EvtGen. Recent studies propose alternative values, such as the Boyd, Grinstein,
and Lebed (BGL) parametrisation [38]. To update the FF, the MC samples have
to be reweighted. To accomplish this, the Hammer tool [83] [109] is employed, as
it is specifically designed for updating the FF at GEN level.

A global analysis of lattice-QCD data, employing the model-independent FF
parametrisation of BGL, is performed in Ref. [38], where lattice-QCD data refers

93
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to the results obtained from numerical simulations performed on a lattice (four-
dimensional grid approximation to describe non-perturbative aspects of QCD). A
multi-variable fit to the lattice-QCD data is performed, and the set of BGL FF
parameters for Bc decaying into J/ψ is found, with the FF parameters indicated
as g, f, F1, F2 in Ref. [38], Fig. 7.1. Every functional form of FF can be expressed

Figure 7.1: Bc → J/ψ FF. V and A1 are proportional respectively to g and f . V (q2)
(red circles) and A1(q

2) (blue triangles) from the HPQCD Collaboration [110].
The interior bars represent the statistical uncertainty quoted by HPQCD. The
exterior bars represent the result of including a flat 20% systematic uncertainty.
The coloured bands are the one-standard-deviation, 1σ, best-fit regions obtained
from the global analysis [38].

in terms of a set of Taylor coefficients ain, reported in Table 7.1 [38].

FF ai0 [×102] ai1 [×102] ai2 [×102]
g 0.47(9) -2(3) 20(60)
f 0.34(5) -2.6(2.0) 40(60)
F1 0.058(10) -0.3(3) 9(8)
F2 4(10) 21(16) 0.8(9)

Table 7.1: The BGL coefficients ain for the Bc → J/ψ process [38].

Given the correlation among these parameters, a crucial step involves conduct-
ing a principal component analysis (PCA). In this analysis, the eigenvectors and
eigenvalues of the covariance matrix for these coefficients are computed. This pro-
cess aims at identifying the principal components, revealing the primary directions
of maximum variance attributed to the BGL FF.
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Finally, the Hammer software library is employed to reweight the signals MC
samples to the desired BGL FF. It requires the truth-level computation of the
ratio of the differential rates:

rI =
dΓ new

I /dPS
dΓ old

I /dPS
(7.1)

applied event-by-event via the mapping wI → rIwI , where Γ is the partial width
and PS the phase space, with the index I that denotes the event and w the
associated weight. Additionally, variations to these central weights are computed
with the Hammer tool, and these variations are uncorrelated among each other,
thanks to the PCA described before.

To validate the entire procedure, a closure test is conducted on both the τ
signal and the µ signal. Specifically, two dedicated MC samples are generated for
each decay: one with Kiselev weights and the other with the Ebert, Faustov and
Galkin (EFG) weights [111]. The Hammer library is employed to transform the
latter into the former, and the resulting shapes are compared. In Figure 7.2, the
closure test for the µ signal is shown. The KS test yields a result of 0.88 for the
comparison between the reweighted EFG and Kiselev, and 10−5 for the original
EFG and Kiselev.

Figure 7.2: Closure test for the form factor reweighting procedure. The test is
performed on the µ signal sample, reweighting EFG (red) using Kiselev weights, to
find that Kiselev (black) and EFG reweighted (blue) distributions are compatible.
The distributions are plotted for the E∗

µ variable, and both the normalised shapes
(left) and ratio shapes with respect to Kiselev (right) are shown.

The same closure test has been performed for the τ signal, with similar results.
The validation test was successful, and consequently, weights have been com-

puted for both τ signal and µ signal processes. The uncertainty weights have been
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incorporated as shape systematic uncertainties in the fit (refer to Ch. 8 for details),
for a total of 10 uncertainties.

As detailed in Sec. 5.2.1, the various Bc decays are simulated with the correct
proportions. The FF weights modify not only the shapes but also the normalisa-
tions of these decays. Since these normalisations are controlled and accurate only
for the FF used in generation, the Kiselev model, any discrepancies in the normal-
isation introduced by the application of the BGL weights must be corrected. To
effectively make these adjustments, a sample that has not been subjected to any
filters or selections has to be used. This sample is utilised to compute the aver-
age values of FF weights for both τ signal and µ signal. The mean weights were
determined to be w̄τkis→BGL = 0.55 for the τ signal and w̄µkis→BGL = 0.60 for the µ
signal. Consequently, the yields are divided by w̄τkis→BGL and w̄µkis→BGL respectively
to maintain the relative abundances of processes. The same procedure is applied
for the derivation of the systematic uncertainties. In Figure 7.3 the central value
is compared to the 1σ variation of the first parameter, for both τ signal (left) and
µ signal (right).
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Figure 7.3: q2 distribution for µ signal (left) and τ signal (right). The nominal value
(black) is compared with the up (red) and down (green) distributions obtained
applying the Hammer weights for the first parameter of the FF variations.

7.2 Pileup

Pileup is the amount of simultaneous pp interactions per bunch crossing. The
MC samples have to be reweighted to have the same number of PV per event as
data. The weights and the uncertainties are computed comparing the 2018 centrally
produced histogram for UL data with the number of PVs of the MC samples [112].
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Pileup weights are applied to each event in the histograms, and uncertainties
are added as shape nuisances in the fit, as shown in Fig. 7.4. The impact of this
uncertainty on the shapes is very small.
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Figure 7.4: q2 distribution is shown for µ signal (left) and τ signal (right). The
nominal value (black) is compared with the up (red) and down (green) distributions
obtained applying the pileup weights for 1σ systematic uncertainty.

7.3 Bc meson properties

7.3.1 Bc kinematics

The distributions of the decay products of the signals of interest depend on the
kinematic distributions of the Bc meson. The study for possible mismodeling fo-
cuses on the pT −η spectrum. MC distributions are compared to the observed ones
aiming for a correction map or systematic uncertainty to treat residual mismod-
eling effects. Experimentally, the presence of the invisible neutrino contributions
in the final states of the signal processes prevents any use of them to study Bc

kinematic distributions. Hence, the fully-visible control sample Bc → J/ψπ is used
to characterise the Bc kinematics. The selection of Bc → J/ψπ candidates is as
close as possible to the signal selection described in Sec. 5.4. The J/ψ candidates
are initially reconstructed. Once J/ψ candidates are produced, π tracks from the
PF collection are coupled with the J/ψ candidates. The selections applied to the
final state muons and π are:

• pT,lead > 6 GeV, pT,sublead > 4 GeV, where lead(sublead) refers to the muon
with the highest(lowest) pT in the pair of muons;
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• pT,π > 8 GeV;

• |η| <2.5 and transverse impact parameter dxy <0.05 cm for the three tracks;

• both muons passing the Medium ID criteria;

• ∆dz12 = |dzµ1 − dzµ2
| < 0.2, ∆dz13 = |dzµ1 − dzπ | < 0.2 and ∆dz23 = |dzµ2 −

dzπ | < 0.2

• pion track passing pT > 0.5 GeV, |η| < 2.5 and the isolation requirements.

The reconstructed J/ψ properties are:

• the probability of the dimuon vertex fit better than 0.001%;

• pT (µµ) > 3 GeV;

• a η-dependent mass cut in order to take into account the different mass
resolution when moving from the barrel to the endcap regions of the detector:
|mµµ −mJ/ψ,PDG| < 70 MeV for one muon in the endcap regions and one in
the barrel, |mµµ − mJ/ψ,PDG| < 50 MeV for both muons in the barrel and
|mµµ −mJ/ψ,PDG| < 100 MeV for both muons in the endcap regions.

The final Bc candidate has to follow the requirements:

• the Bc candidate with mass 6 GeV < mBc
< 10 GeV and a vertex-fit pointing

cosine cos(∆αBc
PV ) > 0.999;

The final selection has been designed to maximise the overlap with the analysis
phase-space. In Fig. 7.5 the pT and η distributions of the selected µµπ MC candi-
dates are compared with the corresponding µµµ MC distributions of this analysis.
In contrast to the analysis signature, the control-sample final state does not in-
clude any invisible neutrino contributions to the transverse momentum available.
This motivates a higher pT threshold for the pion (8 GeV) compared to that of the
third muon in the analysis signature (4 GeV), the trailing muon in the analysis
selection reported in Sec. 5.4. While the pT -distribution overlap is satisfying, some
disagreement is observed for the η distribution. To facilitate the extrapolation of
the correction maps from the control sample to the analysis samples, a prelimi-
nary data-based reweighting of the η-distribution is applied. Before deriving any
correction map, the η distribution of the µµπ-control sample is reweighted event
by event aiming for a better agreement with the η distribution observed in µµµ-
data. The final result is shown in Fig. 7.6, where a satisfying agreement is achieved.

The strategy to derive the correction map can be summarised as follows:
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Figure 7.5: Comparison between the Bc pT (left) and η distributions (right) in the
simulated µµµ (red) and µµπ samples (green).

Figure 7.6: The η distribution in the µµπ (green) sample is reweighted to better
reproduce the µµµ (red) phase-space.

1. a fit to the data µµπ-invariant mass is performed to separate background
and signal contributions. In order to neglect the resolution of the muons, the
variable to be fitted is corrected by the J/ψ assumption, meaning that mµµπ

is redefined as mcorr
µµπ = mµµπ −mµµ +mJ/ψ,PDG.

2. the probability density function extracted from the fit is used as input for
the sPlots routine [113] resulting in computed signal sWeights, which allow
the production of a signal-only sample.

3. the signal-only sample is compared to the MC µµπ sample and pT -weights
are derived.
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4. the pT -correction map is fitted to derive a global correction, which will be
used as a systematic uncertainty for the µµµ simulated sample, as it will be
described in Sec. 8.3.

The fit function modelling includes different contributions:

• the searched Bc signal is modelled by a double-Gaussian function sharing the
same mean, which corresponds to the average reconstructed Bc mass. The
double Gaussian modelling is required to take into account the degrading Bc

mass resolution when moving from the barrel to the endcap regions. The fit
returns a narrow width of 23 MeV and a wide width of 50 MeV, in agreement
with results obtained in the recently published CMS paper on the Bc excited
states [114]. In addition, a small contribution from Bc → J/ψK decays
must be included. The shape is taken from simulation and the normalisation
is fixed taking into account the PDG branching ratio with respect to the
Bc → J/ψπ yield, which is a free parameter in the fit.

• uncorrelated J/ψ-track combinations parameterised by a first-order polyno-
mial. This is referred to as combinatorial background.

• partially reconstructed Bc → J/ψπX decays parameterised by a generalised
ARGUS function with a Gaussian resolution. This contribution is relevant
only in the low-mass spectrum, below 6.2 GeV.

The result of the fit to the data µµπ-invariant mass is shown in Fig. 7.7. A fit
to the pT -correction map results in a global factor of 0.008. Considering that the
effect is very small and that this measurement has some limitations, this is not
used as a correction but as a systematic uncertainty in the analysis.

Figure 7.7: Fit to the data µµπ-invariant mass.
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7.3.2 Bc lifetime

The Bc MC sample is produced with a different lifetime cτ from the one indi-
cated in the PDG:

• τ pdg = (0.510± 0.01) · 10−12s

• τ MC = 0.507 · 10−12s

The central values have a difference of few %, hence a correction is applied. To
evaluate this correction, events are weighted with factors obtained from the ratio of
two exponentials with the different mean lifetimes. Also a systematic uncertainty
is computed, due to the Bc lifetime uncertainty from the PDG, and it is shown in
Fig. 7.8.
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Figure 7.8: q2 distribution is shown for µ signal. The nominal value (black) is
compared with the up (red) and down (green) distributions obtained applying the
lifetime uncertainty for 1 σ systematic uncertainty.

7.3.3 Not-yet-measured Bc decays

There are possible Bc decays that are not seen or measured yet and that could
have an impact on the analysis. A comprehensive study has been conducted to
assess the potential impact of these not-yet-measured decays. New MC samples,
hereafter referred to as “not-yet-measured samples”, are generated for each poten-
tial decay. These samples, distinct from the Bc MC sample described in Sec. 5.2.1
that encompass the decays listed in Table 5.2, are specifically produced only up
to the GEN step with EvtGen, to save production time and resources. Their q2

shape and yield are compared to the one of the τ signal and other decays as shown
in Fig. 7.9.
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Figure 7.9: q2 distribution for the produced Bc decays. The contributions with
thick lines indicate the decays present in the Bc MC sample, while the others
are part of the not-yet-measured samples. On the right, a list of the decays and
their yield relative to B+

c → J/ψ µ+νµ and B+
c → J/ψ τ+ντ is shown. Only the

distributions of the decays with a yield > 10% of that of the τ signal are shown in
the plot.

In the simulation of these decays, if no specific model is available in EvtGen,
a generic phase space model is used (PHSP), which averages the spins of all par-
ticles in the initial and final state. Therefore spin and its possible impact on q2

is here neglected. Kinematic selections are applied on the three muons in the fi-
nal state, pT,lead > 6 GeV, pT,sublead > 4 GeV and pT, trailing > 4 GeV, where
lead(sublead)(trailing) refers to the muon with the highest(medium)(lowest) pT
in the triplet, to mimic the final selection. Isolation requirements are not applied
in this study because the MC samples are simulated only up to GEN level and, at
this stage, the isolation variable cannot be computed, because pileup and detector
simulation are still missing. Applying a selection based on isolation would decrease
contamination from higher multiplicity decays. Therefore, the results presented in
this study represent a worst-case scenario.

Eventually, assumptions are made on the branching ratio when estimating the
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yields. With these assumptions on the yields, some of these new processes might
have non-negligible contributions. Consequently, in the following, a more detailed
study is conducted to determine how they might be appropriately handled in the
analysis.

• In Fig 7.10 (left), the decay topology Bc → J/ψD(any)K(+/∗0) is shown. The
shapes of the not-yet-measured samples (thin lines) are compatible with the
ones from the Bc MC sample (thick lines).
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Figure 7.10: q2 distribution for two types of decays: Bc → J/ψD(any)K(+/∗0) (left)

and Bc → J/ψD(any)K(+/∗0)π(any) (right). Thick lines represent contributions from
decays in the Bc MC sample, while others belong to not-yet-measured samples.
The shapes of these not-yet-measured decays align with those already present in
the Bc sample.

• Neglecting phase-space or Cabibbo suppression for excited D states or high-
multiplicity decays, the same decays with an additional pion, J/ψD(any)K(+/∗0)π(any),
can still have sizeable yields. However, their shapes are compatible to the ones
already accounted for in the Bc MC sample, as shown in Fig. 7.10 (right).

• Decays into J/ψD(excited) also could have non-negligible yields. In Fig.
7.11 (left), a comparison of several excited Bc → J/ψDs states is shown,
along with four decays already included in Bc: Bc → J/ψDs, Bc → J/ψD+,
Bc → J/ψD∗+, or Bc → J/ψD∗

s . Their shapes are very different. However,

the J/ψD(∗) in the Bc MC sample have been produced with decay modes SVS
and SVV, while the not-yet-measured samples have been produced via phase
space (PHSP). The SVS and SVV modes indicate respectively the decay of
a scalar to a vector and a scalar, e.g. Bc (scalar) → J/ψ (vector) Ds (scalar),
and the decay of a scalar to two vectors, e.g. Bc (scalar) → J/ψ (vector)
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D∗ (vector). To ensure that the decay mode used to produce these decays
does not influence their shapes, two samples, J/ψD+ and J/ψDs(2317), have
been produced with both modes, as depicted in Fig. 7.11 (centre and right),
showing minimal differences between the two.

Figure 7.11: q2 distribution for the produced Bc → J/ψD(excited) decays (left).
The decays from the Bc MC samples are Bc → J/ψDs (thick light blue), Bc →
J/ψD+ (thick red), Bc → J/ψD∗+ (thick dashed red), Bc → J/ψD∗

s (thick dashed
light blue). All the contribution with thin lines include all the not-yet-measured
decays of the type Bc → J/ψD(excited). Comparison between SVS and PHSP
EvtGen models for Bc → J/ψD+ (centre) and Bc → J/ψDs (right).

The treatment of systematic uncertainties to account for the not-yet-measured
decays is discussed in Sec. 8.3.

7.4 Topological variables

In this analysis, special emphasis is placed on two variables, the IP3D and Lxy,
because their significance is used in the final fit.

7.4.1 IP3D correction

The IP3D distribution, its uncertainty and its significance are shown in Fig.
7.12. The plots in Fig. 7.12 reveal a disagreement between data and MC. To address
this MC mismodeling, specifically related to vertex simulation challenges, a simple
dilation factor is introduced for the MC. To determine the best correction value
for the IP3Dsig, several fits to this variable are performed, with the same fit model
described in Sec. 8, each with a different correction value. The absolute likelihood
is saved for each fit and a likelihood scan of the correction value is shown in Fig.
7.13 (left).
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Figure 7.12: IP3D,σIP3D and IP3Dsig distributions in the A region.

From this likelihood scan, the optimal value for the IP3Dsig correction is de-
termined to be 1.055. The final corrected IP3Dsig distribution is displayed in Fig.
7.13 (right).

An uncertainty is introduced for this correction by considering the distribution
with a correction value of 1.0 as the up variation and the distribution with a
correction value of 1.1 as the down variation. As this variable is utilised in defining
the categories (see Sec. 8.1), this uncertainty results in event migrations between
different categories. Further details and plots are available in Sec. 8.3.

7.4.2 Lxy correction

In addition to IP3D, the data/MC agreement level for the Lxy,sig distribution of
the J/ψ meson is also low, as shown in Fig. 7.14 (left). To address this discrepancy,
a correction is applied to this variable in the form of a dilation factor on the MC
samples. The correction factor used is 9%.
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Figure 7.13: For each correction value for IP3Dsig, a fit is performed and the abso-
lute likelihood is here added. This resulting likelihood scan (left) indicates the best
correction value to apply to the IP3Dsig variable. Corrected IP3Dsig distribution
(right) is shown, with a dilation factor of 1.055, as found from the likelihood scan.
The application of these corrections results in an improved agreement compared
to the case where no correction is applied.

This correction is then applied to the analysis samples, resulting in improved
data/MC agreement, as illustrated in Fig. 7.14 (right).
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Figure 7.14: Lxy,sig distributions in the A region before (left) and after (right) the
correction.

Also in this case an uncertainty is added to the correction, taking as up distri-
bution the one with dilation factor of 1.0 and the down distribution the one with
factor 1.2. Plots are shown in Sec. 8.3.
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7.5 J/ψ resonance kinematic properties

The m(J/ψ) distribution exhibits a data/MC disagreement, as indicated by
the slope in the ratio plot in Fig. 7.15 on the left. To address this discrepancy, the
shape is corrected for each MC sample using a correction factor of 0.001. Event
weights are then computed from the ratio of the corrected to the non-corrected
distributions of J/ψ mass histograms and applied to the MC samples. Fig. 7.15
displays the data/MC agreement of the m(J/ψ) distribution before (left) and after
(right) the correction. The achieved agreement is satisfactory for the purposes of
this analysis.
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Figure 7.15: Distribution of m(J/ψ) before (left) and after (right) applying the
MC correction. There is evident improvement in the slope within the ratio pads
in the corrected plot.

7.6 Muon efficiencies

In order to account for discrepancies in muon efficiencies between data and
simulation, a series of scale factors (SF) are computed and applied to MC sam-
ples. Official muon SFs provided by the CMS collaboration have been used for the
reconstruction efficiencies of the three muons and the Medium ID efficiencies of
the two muons originating from the J/ψ [115]. These were the only SFs centrally
available and the remaining SFs have been computed specifically for this analy-
sis using the tag and probe method [116] on the J/ψ resonance, considering the
dependence on the pT and η of the individual muons. The SF are computed from
data and MC efficiencies ϵ as:

SF (pT , η) =
ϵdata
ϵMC

. (7.2)
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The overall efficiency for muon reconstruction, ID, ISO, and trigger is computed
by factorising each contribution:

ϵµTOTAL = ϵµRECO · ϵµID|RECO · ϵµISO|ID · ϵTrg|ISO (7.3)

Each “step” of the efficiency computation is measured with the denominator in-
cluding only the muons passing the previous selection step.

The tag and probe method used to compute the missing SF comprises the
following steps:

1. Reconstruct resonance pairs with one muon passing a tight identification
(tag) and the other passing a loose identification (probe) criterium. The
tag ensures the selected events represent the signal (J/ψ), warranting the
application of stringent criteria. The probe muon is utilised to estimate the
single muon efficiency. Pair selection criteria (e.g., opposite sign, invariant
mass range, beamspot constraints) are applied to ensure the chosen dimuon
pair is the signal.

2. Independently fit line shapes for tag + passing probe and tag + failing probe
configurations using a signal + background model. An example is shown in
Fig. 7.16.

Figure 7.16: Fit to the invariant mass of tag and passing probe muons (left) and
tag and failing probe muons (right), both using a fit model including a signal and
a background.

3. Compute the efficiency by determining the ratio of signal yields in the two
line shapes.
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4. Repeat the procedure in bins of probe variables (e.g., pT , η ...) to generate
efficiency histograms as functions of those variables.

The method assumes there are no correlations between tag and probe, which is not
the case for this analysis. However, the test presented later in Fig 7.20 demonstrates
that the approach remains valid.

This method offers a detailed assessment of single muon efficiencies, utilising a
well-defined resonance (tag) for signal event identification. Efficiency is estimated
through the second muon (probe), and the analysis considers dependencies on
key kinematic variables by conducting the procedure across various bins of these
variables. In the following, results are shown for:

• softMVA ID SF;

• ∆βcorriso SF;

• Trigger SF.

7.6.1 Identification

The µ3 is required to satisfy the softMVA ID requirement in regions A and B,
as shown in Fig. 6.9, and to fail it in regions C and D, where the NN for the fakes
estimation method is trained. Consequently two sets of ID SF are computed for
µ3, that already passed the reconstruction step:

• pass softMVA ID (for regions A and B);

• fail softMVA ID (for regions C and D).

In the following, only the pass softMVA ID SFs are presented, as the second
set of SF can be easily derived from the first one by inverting the efficiencies,
ϵpass = 1 − ϵfail. Specific datasets and triggers, requiring at least a single muon
with pT > 20GeV, are utilised for this study. The simulation includes J/ψ prompt
samples. The selection employed to calculate the efficiencies requires a high-quality
tag muon that satisfies a tight ID requirement and pT > 20 GeV. Both tag and
probe muons are required to be tracker muons. The efficiencies for both data and
MC in four bins of η are shown in Fig. 7.17. The final softMVA ID SF weights
along with their statistical uncertainties are eventually computed and applied to
the analysis events.

A total uncertainty of 3% is incorporated in the fit model, Sec. 8.3, to also
account for potential systematic effects.
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Figure 7.17: µ3 pT distributions for MC (red) and data (black) softMVA ID effi-
ciencies. Each plot shows a different bin in η: |η| ≤ 0.9 (top left);0.9 < |η| ≤ 1.2
(top right); 1.2 < |η| ≤ 2.1 (bottom left);2.1 < |η| ≤ 2.4 (bottom right).

7.6.2 Isolation

The µ3 is required to satisfy the ∆βcorrisoµ3 < 0.2 criterion in regions A and
C, and to fail the same criterion in regions B and D. Consequently, taking into
account that the ISO efficiencies are computed on top of the ID ones, four sets of
ISO SFs need to be derived:

• Pass ISO & Pass ID (region A)

• Pass ISO & Fail ID (region C)

• Fail ISO & Pass ID (region B)

• Fail ISO & Fail ID (region D).

The method employed is the tag and probe method, utilising the J/ψ resonance.
For this computation, events requiring the presence of two high-quality muons is
utilised. Both tag and probe muons are required to pass the ID selection. For the
MC sample, the non-prompt J/ψ sample is used, as the isolation variable is not well



7.6.3 Trigger 111

simulated in prompt J/ψ samples. The problem arises from the pythia simulation
difference between Charmonium and QCD minimum bias. The selection applied
to compute the efficiencies includes high-quality tag and probe muons, with both
passing the softMVA ID. Additionally, the two muons are required to originate
from a non-prompt J/ψ, thanks to requirements on impact parameters and vertex
displacement. The isolation efficiencies for data and MC in region A in two different
bins of η are shown in Fig. 7.18.

Figure 7.18: pT of µ3 distributions for MC (red) and data (black) ISO efficiencies.
Each plot shows a different bin in η: |η| ≤ 1.4 (left);1.4 < |η| ≤ 2.4 (right).

The final ISO SFs with their statistical uncertainty are computed and applied
to the µ3 in the corresponding categories.

A total uncertainty of 3% is added in the fit model to take into account possible
systematical effects.

7.6.3 Trigger

The three muons have to pass a trigger requiring the presence of three muons
in the final state, two of which coming from a J/ψ vertex. Trigger efficiencies (HLT
+ L1) must be measured for the J/ψ and µ3 part. To compute these SFs, the tag
and probe method is used on the J/ψ resonance, using the same dataset of the
analysis and the same non-prompt MC sample used to compute the ISO SFs. The
efficiencies are measured separately for the J/ψ and µ3 part. Alternative methods,
like orthogonal datasets, do not have sufficient statistics.

• J/ψ part

The goal is to assess the HLT + L1 efficiency specific to the J/ψ part of the
analysis trigger. This involves determining the efficiencies of a secondary trigger
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that demands the presence of two muons originating from a J/ψ, with trigger
requirements similar to those of the main analysis trigger.

The tag muon is matched with a trigger that requires at least one muon with
pµT > 8 GeV. Both the tag and probe muons must satisfy the Medium ID criterion,
as mandated in the analysis for muons originating from the J/ψ. The J/ψ mass
window is of ±0.12 GeV around the nominal mass value mJ/ψ=3.0969 GeV, and no
mass fits are conducted for the tag and probe method, because the background is
considered negligible.

Due to the trigger requirements of the J/ψ trigger, additional selections are
required, namely that the J/ψ has to be displaced, cos(θ) > 0.91, SV probability
> 0.12 and vertex displacement uncertainty > 3. In addition each muon is required
to have |η| < 1.45.

In Fig. 7.19, the HLT + L1 efficiencies for the J/ψ trigger are illustrated for
both data and MC, considering the pT and η of the single muons, as well as the
∆R of the two muons.

Figure 7.19: HLT + L1 efficiencies for the J/ψ trigger as a function of pT and η
of the single muons and ∆R for the two muons. The data distribution (black) is
compared with the non-prompt J/ψ MC distribution (red).

The inefficiencies at high pT and small∆R are indicative of the same underlying
effect and exhibit a perfect correlation. Hence, correcting pT also will correct ∆R.
As a result, the SF can be computed solely for pT and η, extending the values at
high η from the closest bins. These SFs are applied to each muon coming from the
J/ψ, namely µ1 and µ2.

To assess the validity of the assumption that the total efficiency can be repre-
sented as the product of J/ψ and µ3 trigger efficiencies, a test was conducted using
the recently computed J/ψ trigger efficiencies. In Fig. 7.20, the ∆R distribution
for the MC sample is presented for three scenarios: in black, all events that pass
the J/ψ part of the offline selection without any trigger requirement; in red, events
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that in addition pass the J/ψ trigger; in blue, events with the efficiencies applied.
The blue and red distributions match in both shape and normalisation within

the assigned uncertainty. This outcome serves as evidence supporting the validity
of this factorisation assumption.

Figure 7.20: The∆R distribution for the MC sample is examined in three scenarios.
In black all events that fulfil the J/ψ part of the offline selection are included,
without any trigger requirement. In red, events that in addition pass the J/ψ
trigger. In blue events with the SF applied.

• µ3 part

To finalise the trigger SF, a last step is required, which is to measure the HLT +
L1 efficiency for the µ3 part of the analysis trigger.

Four sets of trigger SF are computed for the third leg, one for each of the four
categories used in the analysis for the third muon, Fig. 6.9, with respect to the
ISO and ID requirements. A preselection is applied to ensure the reference trigger
and offline analysis selections are satisfied. The tag muon is required to pass the
J/ψ trigger described earlier, and the probe muon the final analysis trigger. In
Fig. 7.21 the HLT efficiencies in the first region are shown.

The final SFs for the µ3 part are finally computed for each region and applied
to the respective µ3 candidates.

The influence of the trigger SFs on the R(J/ψ) ratio is negligible. This is
due to the perfect cancellation of overall normalisation effects in the ratio, which
additionally are treated as free parameters in our fit. Consequently, the impact of
SFs on normalisations is irrelevant.

Concerning the shape, as shown in Fig. 7.22, the q2 distribution for the τ signal
over the µ signal bin-by-bin ratio (assuming the SM prediction) is presented with
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Figure 7.21: HLT efficiency for the µ3 part of the analysis trigger, for the pass ISO
and pass ID requirements (region A).

and without the trigger SFs. The shapes are found to be compatible, reaffirming
the negligible effect of the trigger SFs on the final ratio. A final 5% uncertainty is
added for each sample, to account for possible systematic effects.
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Figure 7.22: q2 distribution for the τ signal over µ signal bin-by-bin ratio (assuming
SM prediction). In blue the shape without applying the trigger SFs, in red the
distribution with trigger SFs (both J/ψ and µ3 part).



Chapter 8

Fit Strategy

To measure the R(J/ψ) ratio, a binned maximum likelihood fit is performed,
including all the signal and background processes. The fit employs the observables
q2, IP3Dsig, Lxy,sig, and m(3µ), and uncertainties are integrated into the fit as
nuisance parameters.

The overall normalisation for the Bc background contributions is allowed to
float via a free parameter in the fit across all the categories. Therefore the correla-
tion between the two signal processes is experimentally established by employing
the same normalisation parameter. An independent normalisation parameter is
attributed to the τ signal and is treated as the parameter of interest (POI), which
corresponds to the R(J/ψ) ratio.

The normalisation for Hb backgrounds constitutes another free parameter in
the fit, constrained to maintain correlation among differentHb contributions. In to-
tal, the fit includes 16 samples, including the two signals τ and µ. Sec. 8.1 explains
the 7x2 categories defined to fit the R(J/ψ) value and to constrain and measure
the background contributions. Sec. 8.2 reports the details of the incorporation of
the fakes background estimation in the fit model. The systematic uncertainties in-
cluded in the fit are all described in Sec. 8.3, and the blinding strategy is explained
in Sec. 8.4. Eventually, all the tests performed to validate the fit model strength
and stability are shown in Sec. 8.5.

8.1 Definition of categories

Events are divided into 7 categories, each chosen to improve the sensitivity or
constrain and measure the background contributions. The categorisation is based
on the observables m(3µ), q2, and IP3Dsig. The fitted variables in these categories

are either q2 or Lxy,sig. A summary of the categories is found in Table 8.1 and the
distributions of all the observables used in the fit are shown in Fig. 8.1.

115
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Definition Fit observable Purpose

m(3µ) ≤ 6.3 GeV & q2 > 5.5 GeV & IP3Dsig ≤ −2 q2 Measure τ -signal

m(3µ) ≤ 6.3 GeV & q2 > 5.5 GeV & −1 <IP3Dsig ≤ 0 q2 Measure τ -signal

m(3µ) ≤ 6.3 GeV & q2 > 5.5 GeV & 0 <IP3Dsig ≤ 2 q2 Measure τ -signal

m(3µ) ≤ 6.3 GeV & q2 > 5.5 GeV & IP3Dsig > 2 q2 Most sensitive category

m(3µ) ≤ 6.3 GeV & q2 < 4.5 GeV & IP3Dsig < 0 Lxy,sig constrain µ/Bc

m(3µ) ≤ 6.3 GeV & q2 < 4.5 GeV & IP3Dsig ≥ 0 Lxy,sig constrain µ/Bc

m(3µ) > 6.3 GeV Lxy,sig constrain Hb bkg

Table 8.1: Table that summarises the 7 categories defined for the fit model.
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Figure 8.1: Shape comparison of τ -signal (purple), µ-signal (blue), fakes back-
ground (red) and Hb background (teal) for the m(3µ) (top left), q2 (top right),
Lxy,sig (bottom left) and IP3Dsig (bottom right) observables.

The observable m(3µ) is categorised based on the Bc meson mass, mBc
= 6.3

GeV, leading to the following selections:

• High Mass (HM): m(3µ) ≥ 6.3 GeV;



8.1 Definition of categories 117

• Low Mass (LM): m(3µ) < 6.3 GeV.

In the HM region, there is no contribution from the Bc MC sample because the
invariant mass of the three muons in the final state has to exceed the mass of the
Bc meson. This makes the HM region ideal for controlling the normalisation of the
Hb background, with the fakes background being the other significant contributor.
With only these two residual processes in the HM region, it becomes crucial to fit
an observable that provides clear discrimination between them. For this purpose,
the variable Lxy/σLxy

is chosen due to its distinct shapes for the two contributions.
The prefit distribution of Lxy/σLxy

in the HM category is shown in Fig. 8.2 on the
left.
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Figure 8.2: Prefit Lxy/σLxy
distribution in the HM category (left). q2 distribution

for region C in the LM category (right).

A specific selection criterion is also applied to the q2 variable:

• Low-q2 (LQ2): q2 < 4.5 GeV;

• High-q2 (HQ2): q2 > 5.5 GeV,

The range 4.5 ≤ q2 ≤ 5.5 GeV is excluded to eliminate the B+ → J/ψK+

background. This background is characterised by a distinct peak, making its ex-
clusion straightforward, as illustrated in Fig. 8.2 on the right. This figure shows
the q2 distribution in the region failing the softMVA ID, where the peak is notably
prominent.

It is useful to define the LQ2 region because there is no τ -signal, allowing for a
more precise constrain of the µ-signal and the overall Bc normalisation. Conversely,
the HQ2 region is enriched with τ -signal.
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The IP3Dsig variable plays a crucial role in this analysis, as it significantly
enhances the signal sensitivity. It differentiates between the µ and τ signals, and
it is not correlated to the already employed q2 observable as the other kinematic
variables like m2

miss. For the µ signal, the impact parameter is expected to be more
peaked near zero, whereas for the τ signal, it extends to higher values. The IP3Dsig

variable plays also role in differentiating background contributions. It becomes
instrumental in refining the analysis and enhancing the precision of the results.

The HQ2 category is split into four IP3Dsig categories, to enhance the signal-
over-background ratio, particularly in the last category. The subcategories are
defined as follows:

• IP3Dsig ≤ −2

• −2 <IP3Dsig ≤ 0

• 0 <IP3Dsig ≤ 2

• IP3Dsig > 2.

The q2 distributions for these four IP3Dsig categories are shown in Fig. 8.3.
In the LQ2 region, the IP3Dsig variable plays a crucial role in decorrelating

the normalisation of the fakes background from that of the Bc sample. In fact, by
implementing a further categorisation based on the IP3Dsig variable, the analysis
gains more insights into the relative abundances of these two contributions. Two
distinct IP3Dsig regions are defined as:

• IP3Dsig < 0

• IP3Dsig ≥ 0.

The prefit Lxy/σLxy
distributions for the two IP3Dsig categories are shown in Fig.

8.4.
Fig. 8.5 presents a comprehensive summary of all the categories considered in

this analysis. The fitting procedure includes a total of 7 categories. This categori-
sation ensures an accurate measurement of the background contributions, and an
increase of the analysis sensitivity.
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Figure 8.3: Prefit q2 distributions for the HQ2 category split into four differ-
ent IP3Dsig categories: IP3Dsig < −2 (top left), −2 <IP3Dsig ≤ 0 (top right),
0 <IP3Dsig ≤ 2 (bottom left) and IP3Dsig > 2 (bottom right). The τ -signal
contribution here shown is an unknown value between 0.5 and 8 times the SM
prediction, see Sec. 8.4.
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Figure 8.4: Prefit Lxy/σLxy
distributions in the LQ2 region in the IP3Dsig < 0 cate-

gory (top right). Prefit Lxy/σLxy
distributions in the LQ2 region in the IP3Dsig ≥ 0

category (bottom). The τ -signal contribution here shown is an unknown value be-
tween 0.5 and 8 times the SM prediction, see Sec. 8.4.

Figure 8.5: Summary of the analysis categories in m(3µ), q2 and IP3Dsig used for
the fitting procedure.
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8.2 Fakes background method implementation

Each of the 7 categories just described is splitted into two categories to allow
the estimation of the fakes background during the fit. These two categories, defined
in Sec. 6.3, are respectively:

• A: Pass ISO & Pass ID (∆βcorriso < 0.2 and pass softMVA ID);

• reweighted-B: Fail ISO & Pass ID (∆βcorriso > 0.2 and pass softMVA ID).

To accurately assess the fakes contribution in region A, it is in fact essential to
incorporate the reweighted-B region. The latter is defined as the B region events
reweighted using the frISO(xi) weights derived from the fakes estimation method.

The normalisations of Bc and Hb samples are treated as floating parameters in
the fit, and their shapes are allowed to dynamically evolve during the fitting process
in response to associated systematic uncertainties. Consequently, discrepancies be-
tween data and MC in the reweighted-B region may undergo modifications during
the fit, influencing the fakes shape in region A. Therefore, each bin of the fakes
shape identified in the reweighted-B region is defined as a floating parameter in
the fit, capable of compensating for the difference between data and MC samples
in the reweighted-B region. In Fig. 8.6 a scheme illustrating how the two categories
interact during the fit is shown.

Eventually the fit model includes a total of 7x2 categories.

8.3 Systematic uncertainties

This analysis takes into account various sources of systematic uncertainties,
which are incorporated as nuisance parameters and profiled in the fitting process.

Detailed information about each systematic uncertainty, including its type (af-
fecting either normalisation or shape), the samples it applies to, the affected re-
gions, and any correlation between regions A and B, is reported in Table 8.2. The
following sections outline each systematic uncertainty involved in this analysis,
categorised by type. Each uncertainty is assigned a number corresponding to its
respective row in the summary table.

8.3.1 Theoretical uncertainties

1. Systematic uncertainties associated with the Bc FF, detailed in Sec. 7.1,
include 10 distinct shape contributions. They are exclusively applied to the
two signal samples, and they are correlated between regions A and B. All
the theoretical systematic uncertainty shapes are shown in Appendix 10.1.
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Figure 8.6: This scheme illustrates the fakes estimation process during the fit.
It depicts how the fakes background bins, identified in the reweighted-B region
through the subtraction of MC from data contributions, are subsequently utilised
as nominal fakes bins in the A region.

8.3.2 Fakes background uncertainties

2. A systematic uncertainty of 13% is attributed to the normalisation of the
fakes background. This specific uncertainty comes from the observed non-
closure of yields in the closure test described in Sec. 6.3.4.1.

3. A free floating parameter is assigned to each bin of the fakes background.
This approach is a direct consequence of the methodology used for estimat-
ing the fakes background, as described in Sec. 8.2. The inclusion of this
parameter accounts for both statistical and systematic effects coming from
other contributions that impact the fakes background bins during the fitting
process.

4. Systematic uncertainty that comes from the method employed to determine
the fakes background. The nominal approach, referred to as the “nominal”
method, is complemented by an alternative one, called the “rotated” method.
This alternative approach is described in Sec. 6.3.5.2. Due to the differences
between these two methodologies, a single systematic uncertainty is applied
to account for the variations in the fakes background estimation they pro-
duce.
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5. A systematic uncertainty on the shape of the fakes background is introduced
due to fluctuations in the various MC samples normalisations. As explained in
Sec. 6.3, deriving the fakes shapes includes calculating three sets of weights.
Notably, the α(xi) weights depend on the prefit normalisation of the MC

samples, as they are defined as α(xi) =
MC(D)
data(D)

. A second order effect is also

present in the TFMC(xi) weights, because, being defined as TFMC(xi) =
MC(C)
MC(D)

, they depend on the relative normalisation of the two MC samples.
Since MC normalisations in the fit are treated as floating parameters, even
if constrained by category definition, the shape of the fakes background in
region A is expected to adjust in response to changes in the normalisation
of the Bc and Hb samples. Such changes would modify the event-by-event
weights applied to region B, which can not be directly incorporated into
the fit. Therefore a conservative shape systematic uncertainty is introduced,
which accounts for a 10% variation (both upward and downward) in the
Bc sample normalisation. This decision is also supported by the observation
that the nominal Bc normalisation aligns with the final fitted normalisation.
The resulting shape-systematic uncertainty is shown in Fig. 8.7. Other MC
changes during the fit have been studied, but their contribution is negligible
to the final fakes shape, see Appendix 10.2.
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Figure 8.7: Up and down shape uncertainty for the fakes background to take into
account a possible 10% change in the normalisation of the Bc MC samples during
the fit.

6. Systematic uncertainties are assigned to each bin of the fakes shape in this
analysis. These uncertainties are calculated as the square root of the sum in
quadrature of two distinct bin-by-bin uncertainties related to the fakes shape.
The first component of this uncertainty is 5% (both upward and downward)
for each bin. This comes from the limited statistics available for the NN
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training, as elaborated in Sec. 6.3.5.3. The second component, around 10%
uncertainty, originates from the validation of the fakes method on data, which
is detailed in Sec. 6.3.4.2 and shown in Fig. 6.23.

8.3.3 Uncertainties on the MC corrections

7. A systematic uncertainty to account for the pileup correction, detailed in
Sec. 7.2, is added. The MC samples are reweighted to have the same number
of primary vertices per event as in data. The weights and the uncertainties
are computed comparing the distribution of PV number as measured in UL
2018 data and MC. The uncertainties are added as shape nuisances in the
fit, as shown in Fig. 8.8.
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Figure 8.8: Up and down q2-shape uncertainties for the pileup systematic uncer-
tainty for the µ signal sample (left) and the B+ → J/ψ+µ sample from Hb (right).

8. Systematic uncertainties associated with MC corrections are applied to all
Bc MC samples, addressing potential kinematic mismodelings. The sPlots
method is utilised to derive a slope, which is then used to quantify the
uncertainty related to the Bc meson due to kinematic mismodeling. A signal
µ MC sample, produced without MC filters, is employed to compute the
up (down) weights by shifting the Bc meson pT up (down) according to the
computed slope. The ratio of the nominal pT to the shifted one is taken as
the distribution for the up (down) weights. Subsequently, these weights are
assigned to each event in the Bc MC samples, and an up and down shape
variations are defined for each Bc sample. An example for the two signals is
shown in Fig. 8.9.

9. Bc decay-time systematic uncertainties are applied to all the Bc MC samples,
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Figure 8.9: µ and τ signals shape uncertainties for the Bc kinematic mismodeling
in region A.

to account for the uncertainties coming from the lifetime corrections of Bc

explained in Sec. 7.3.2.

10. As described in Sec. 7.4.1, this analysis includes a correction to the IP3Dsig

variable, to which a specific systematic uncertainty is also applied. The up-
ward shape variations are defined by applying a 1.1 dilation factor to the
IP3Dsig value, while the downward shape variations correspond to the orig-
inal MC shapes, hence using a correction factor of 1.0. Given the role of
the IP3Dsig variable in categorising events within the HQ2 and LQ2 regions,
any shape uncertainty associated with this variable leads to potential bin
migration across these regions.

This shape uncertainty is applied to all MC samples used in the analysis
and is correlated both between different samples and across categories. Fig.
8.10 shows examples of how this uncertainty can lead to bin migration across
adjacent bins.

11. A systematic uncertainty for the correction applied to the Lxy,sig variable, as
detailed in Sec. 7.4.2, is included. This uncertainty is specifically introduced
in the fit model for the regions where Lxy,sig is a fitting variable, namely the
LQ2 and HM regions. The up shape uncertainty for this variable is defined by
applying a 1.2 correction factor to the MC samples, whereas the downward
shape uncertainty is based on the original MC, with a correction factor of
1.0.

This systematic uncertainty is uniformly applied to all MC samples used in
the analysis. Furthermore, it is correlated across all samples and categories
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Figure 8.10: IP3Dsig correction shape uncertainties applied on the q2 variable in
HQ2 region. The B+

c → J/ψ µ+νµ sample distribution, in the HQ2 region, in the
IP3Dsig > 2 bin (left) and 0< IP3Dsig ≤ 2 bin (right). The two bins are adjacent,
therefore the event migration due to the IP3Dsig correction shape uncertainty is
shown: the shape corresponding to the up value of the correction is in different
position with respect to the nominal shape in the two plots.

where the Lxy,sig variable plays a role in the fitting process. Fig. 8.11 provides
several examples.
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Figure 8.11: Lxy,sig correction shape uncertainties. On the left the B+
c →J/ψ µ+νµ

sample, in the LQ2 region, on the right the B0 → J/ψµX distribution, in the HM
region.

12–15. The analysis accounts for systematic uncertainties associated with the re-
construction and identification of the three final state muons. Specifically,
the uncertainties to the SF for the reconstruction of all three muons and
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the Medium ID for muons originating from the J/ψ are included in these
uncertainties, which are estimated to be in the range of 2-4%.

16. A systematic uncertainty is incorporated in the analysis to account for the
efficiency of the identification selection of the third muon µ3 using the soft-
MVA ID variable. The SF associated with this variable are detailed in Sec.
7.6.1.

17. The efficiency of the isolation criterium chosen for µ3 is accounted for in the
SF, described in Sec. 7.6.2. The uncertainties associated to this correction are
anti-correlated between A and B regions, because of the regions definition.

18. Systematic uncertainties for the trigger SFs, described in Sec. 7.6.3, are also
accounted for in the fit. After assessing whether to consider them as shape
uncertainties, it is concluded that their effect is only on the normalisation.
In fact a final 5% uncertainty on the normalisation is added for each sample,
to account for possible systematic effects.

8.3.4 Other uncertainties

19–25. Systematic uncertainties due to the Bc BRs are included in the fit model. In
order to have the most accurate predictions of these BR, many theoretical
models and methods have been studied. Table 8.3 summarises some of these
branching fraction predictions and their uncertainties for the semileptonic
decays of the B+

c . A weighted average for each branching fraction can be
extracted from the values listed in the table. Assuming that the predictions of
each decay channel are not correlated, the weighted average can be computed
through the least-squares procedure as described in Eq. 8.1: xi and δxi are
the branching fraction value and its relative uncertainty coming from the
i-th experiment and N represents the number of models:

x̄ =

N∑
i=1

wixi

N∑
i=1

wi

; δx̄ =

√√√√√ 1
N∑
i=1

wi

wi =
1

(δxi)
2 . (8.1)

Results of this procedure are listed in Table 8.4. The normalised χ2 values are
not near 1. Even if the branching fraction predictions vary in a wide range,
the relative errors of the weighted averages are small (3% - 7%) suggesting
that the errors might have been underestimated and that the measurements
are correlated.
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Ref. J/ψµ+νµ χc0µ
+νµ χc1µ

+νµ χc2µ
+νµ hcµ

+νµ ψ(2S)τ+ντ ψ(2S)µ+νµ
[117] 0.19±0.06 0.18±0.05 0.34±0.10 0.21±0.06
[118] 1.4±04
[119] 1.90±0.06 0.11±0.02
[120] 2.3±0.7 0.17±0.05 0.09±0.03 0.17±0.05 0.27±0.07
[121] 2.7±0.8
[122] 1.64±0.27
[123] 1.69±0.09 0.23±0.02 0.14±0.07 0.29±0.02 0.36±0.04
[124] 1.7±0.5
[125] 1.90±0.19 0.011±0.001 0.13±0.01
[126] 2.30±0.05
[81] 2.2±0.2 0.0080±0.0008 0.094±0.009
[127] 2.6±0.5 0.36±0.07 0.36±0.07 0.36±0.07 0.11±0.02
[128] 2.53±0.25
[129] 1.5±0.2 0.20±0.02
[130] 1.7±0.1
[131] 1.44±0.02 0.33±0.03 0.11±0.03 0.17±0.04 0.17±0.02
[132] 1.90±0.02 0.141±0.007 0.116±0.04 0.13±0.01 0.305±0.009 0.12±0.01
[133] 2.24±0.53

Table 8.3: Branching fraction predictions (%) from different models

J/ψµ+νµ χc0µ
+νµ χc1µ

+νµ χc2µ
+νµ hcµ

+νµ ψ(2S)τ+ντ ψ(2S)µ+νµ
Avg(%) 1.73±0.01 0.093±0.004 0.068±0.003 0.097±0.006 0.164±0.005 0.0053±0.0004 0.068±0.003

χ2
Norm 28 12 3 12 11 5 5

Table 8.4: Branching fractions weighted averages (Avg) and normalised χ2 (χ2
Norm)

for the semileptonic decays of the B+
c .
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Two more conservative procedures can be implemented following the PDG
[134]. If it’s clear that χ2

Norm > 1 means that some uncertainties have been
underestimated, it is less clear which models underestimated the uncertainty.
Assuming that every uncertainty is underestimated by the same factor, a
possible solution is to scale each of them by a factor S, given by:

S =

√
χ2

N − 1
(8.2)

This results in δx′i = S · δxi, meaning that the average δx̄′ will be scaled
by the same factor and the normalised χ2 will become 1. This procedure
includes all the N measurements.

The models listed in Table 8.3 have mean values and uncertainties that vary
over a wide range. Alternatively, it is possible to discard measurements with
an uncertainty greater than a fixed cutoff. Following the PDG, a reasonable
cutoff can be δ0 = 3

√
Nδx̄: measurements with an an uncertainty δxi > δ0

are then discarded. Since measurements with a big uncertainty do not affect
much x̄ and δx̄, but they may increase the χ2, it is possible to scale the
uncertainties below the cutoff by a factor S ′:

S ′ =

√
χ2

N ′ − 1
(8.3)

where N ′ represents the number of measurements that have an uncertainty
below the cutoff.

BR can be finally computed as the ratio between the branching fractions
and the B+

c → J/ψµ+νµ branching fraction, used as normalisation factor.
Results of the three different procedures to determine their uncertainties are
summarised in Table 8.5.

Eventually the uncertainties derived in the first method are chosen to be used
in the fit model, i.e. the scaled statistical uncertainties without the cutoff.

In addition to these systematic uncertainties, there is the one associated with
the hadronic decays of the B+

c . The decay chains, the measurements and the
weighted means are shown in Table 8.6. The parameter used in the fit is the
branching ratio of the B+

c → J/ψHc, where Hc is a charmed hadron. The
mean value and its relative error can be extracted from the linear sum of each
component described in Table 8.6. The weighted mean is used as the central
value for the channels that have been measured from different experiments.

By summing up the components listed above, it is possible to get BR(J/ψHc)
BR(J/ψµ)

=

0.55± 0.21, which means a relative uncertainty of about 38%
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Systematic Mean Value (%) Stat. unc. Scaled stat. unc. Scaled stat. unc. with cutoff
BR(χc0µ)
BR(J/ψµ)

0.093 4% 16% 24%
BR(χc1µ)
BR(J/ψµ)

0.068 4% 10% 6%
BR(χc2µ)
BR(J/ψµ)

0.097 6% 22% 24%
BR(hcµ)
BR(J/ψµ)

0.164 3% 15% 16%
BR(ψ(2S)τ)
BR(J/ψµ)

0.0053 7% 15% 17%
BR(ψ(2S)µ)
BR(J/ψµ)

0.068 5% 13% 14%

Table 8.5: Results of the weighted average for the branching fractions of the
semileptonic decays of the B+

c and the three different treatments of their un-
certainties.

Decay Channel Ref. Mean Value Error

J/ψD+
s [135] 0.14 0.04

[136] 0.13 0.02
Weighted Mean 0.132 0.018

J/ψD∗+
s [135] 0.3 0.2

[136] 0.25 0.05
Weighted Mean 0.252 0.049

J/ψD0K+ [91] 0.020 0.009

J/ψD0∗K+ [91] 0.1 0.008

J/ψD∗+K∗0 [91] 0.04 0.04

J/ψD+K∗0 [91] 0.01 0.01

Table 8.6: Branching fraction measurements (%) from different experiments

26. Systematic uncertainty on the Bc → J/ψ+ Hc and Bc → J/ψ+ Hc + h1
(with h1 being an hadron different from Hc) samples are incorporated in
the fit to address the impact of not-yet-measured Bc decays. The study per-
formed on not-yet-measured decays has been described in Sec. 7.3.3. These
decays can be accounted for in the analysis adding shape and normalisation
systematic uncertainties on the Bc MC samples.

The Bc decays into a charmed hadron (c-hadron), that are already included
in the MC dataset, are categorised into two distinct subgroups:

• The Bc → J/ψ Hc sub-sample includes:

– Bc → J/ψDs;

– Bc → J/ψD∗
s ;

– Bc → J/ψD+;

– Bc → J/ψD+∗.
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• The Bc → J/ψ Hc h1 sub-sample contains:

– Bc → J/ψD+K0∗;

– Bc → J/ψD0K+;

– Bc → J/ψD∗0K+;

– Bc → J/ψD+∗K0∗.

The q2 distributions of these two sub-samples are shown in Fig. 8.12.

Figure 8.12: q2 distributions for the Bc → J/ψ Hc (left) and Bc → J/ψ Hc h1
(right) samples. The normalisation is the same used in the prefit plots.

To approximate the deviation of the existing decay shapes to those of the
not-yet-measured Bc decays, a hyperbolic tangent function is employed. The
formula for the complete correction applied to the q2 variable is given by:

x · [1 + p0 · [1− tanh(p1 · x− p2)]] . (8.4)

The chosen parameters for this function are p0 = 0.2, p1 = 0.53, and p2 = 4,
as they provide the best approximation to the shape characteristics of the
not-yet-measured decays. The impact of this shape shift is shown in Fig. 8.13.
This figure compares the adjusted shapes of the existing decays with those of
the not-yet-measured decays, highlighting the accuracy of the approximation.

Given the good agreement of the approximation, the chosen function is
utilised to estimate the new shapes for the not-yet-measured decays. How-
ever, as these decays have not been experimentally measured yet, several
approximations are necessary to determine the yield:
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Figure 8.13: q2 distributions for the decays in the Bc MC sample (thick lines) and
the not-yet-measured ones (non-thick lines). The shapes of the already measured
decays are scaled (thick dashed) using Eq. (8.4). The dashed shapes well approxi-
mate the non-thick lines.

• The ratio of branching fractions B(B+→D
0
Dsπ

0
)

B(B+→D
0
Ds)

is assumed to be analo-

gous to B(Bc→J/ψDsπ
0
)

B(Bc→J/ψDs)
.

• The ratio B(B+→D
0
Ds(#))

B(B+→D
0
Ds)

is used as abundance ratio also between Ds(#)

and Ds in the Bc decays.

• Cabibbo suppressed processes are estimated to have a BR of 10% com-
pared to the non-Cabibbo suppressed ones.

Regarding the last point, the b → cc̄s transitions are not CKM suppressed,
while the b → cc̄d ones are. Based on these assumptions, an additional
normalisation up to 14% is added for the Bc → J/ψ Hc sample, and up to
34% for the Bc → J/ψ Hc h1 sample, to accommodate the not-yet-measured
decays. These normalisation approximations do not account for the phase
space, making the estimations here presented conservative.

With these approximations in place, the not-yet-measured decays now have
estimated shapes and normalisations, and are added in the analysis. Using
the “old” central values as baselines, in Fig. 8.12, the “max” shifts derived
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from these studies are computed and presented in Fig. 8.14.

Figure 8.14: q2 distributions for the Bc → J/ψ Hc (left) and Bc → J/ψ Hc h1
(right) samples shifted with the function in Eq. 8.4, to approximate the shape of
the not-yet-measured Bc decays. The normalisation for these distributions is 14 %
of the Bc → J/ψ Hc (left) and 34% of Bc → J/ψ Hc h1 (right), as described in
the text.

Eventually, the shape systematic uncertainty and the new central values are
defined for Bc → J/ψ Hc and Bc → J/ψ Hc h1 sub-samples as:

• Up Shape: This is calculated by combining the “old” shape, as shown
in Fig. 8.12, with the “max” shift shown in Fig. 8.14.

• Central Value: The central value is determined by taking the “old”
shape (Fig. 8.12) and adding half of the “max” shift (Fig. 8.14).

• Down Shape: The down shape variation corresponds to the “old”
shape, as illustrated in Fig. 8.12.

In Fig. 8.15 the final shape uncertainties are shown.

Incorporating these shape uncertainties ensures that the Bc → J/ψ Hc and
Bc → J/ψ Hc h1 processes now effectively account for the not-yet-measured
Bc decays. Consequently, both the normalisation and the shape of these
processes can be adjusted during the fitting process. This shape systematic
uncertainty has been computed specifically for the q2 variable but, in parallel,
a consistent normalisation uncertainty has been introduced for the same
processes also for Lxy/σLxy

variable, employed as fitting variable in some
control categories (e.g. HM and LQ2).
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Figure 8.15: q2 distributions for the Bc → J/ψ Hc (left) and Bc → J/ψ Hc h1
(right) samples shifted with the function in Eq. 8.4, to approximate the shape of
the not-yet-measured Bc decays. The normalisation for these distributions is 14 %
of the Bc → J/ψ Hc (left) and 34% of Bc → J/ψ Hc h1 (right), as described in
the text.

27–32. Systematic uncertainties on the normalisations of the Hb background sam-
ples are included in the fit model. The Hb MC sample is composed of several
decays from different b-hadrons, as explained in Sec. 5.2.2, therefore conduct-
ing a study on the uncertainties similar to that for the Bc MC is not feasible.
A systematic uncertainty of 10% is assigned to the normalisation of each Hb

decay within the sample.

33. A 20% systematic uncertainty on the normalisation of the combinatorial J/ψ
dimuon background, described in Sec. 6.4, is included.

34–35 Bin-by-bin systematic uncertainties are introduced for regions A and B,
focusing on the Hb background, which is characterised by relatively lower
statistics. The explicit inclusion of these uncertainties in the fitting process
is necessary for technical reasons related to the fitting tool. As mentioned
in Sec. 6.1, the Hb background is categorised into different decay modes. To
simplify the fitting process, the bin-by-bin uncertainties are assessed for each
decay mode separately. Notably, the B+, B0, and B0

s decays exhibit minimal
impact from statistical uncertainty. Consequently, only the Σ, Ξ, and Λ0

decays are considered for this systematic uncertainty.

To further decrease the number of bin-by-bin systematic uncertainties, a
composite uncertainty for each bin is computed using the formula:

erri =

√
(Σerr

i )2 + (Ξerr
i )2 + (Λerri )2.
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The bin-by-bin uncertainty is then assigned only to the sample with the
highest statistical uncertainty in each bin.

8.4 Blind strategy

The blinding strategy employed in this analysis involves multiple stages. Ini-
tially, both the postfit plots and the postfit comparison plots between data and
overall MC have not been examined. Ultimately, given that the final result of the
fit is the R(J/ψ) value, this specific value has been masked to ensure unbiased
analysis.

TheBc MC sample is generated setting theR(J/ψ)prefit value toR(J/ψ)prefit =
1, as detailed in Sec. 5.2.1. The blinding strategy involves multiplying this number
by an unknown random factor, R, ranging between 0.125 and 2 (equivalent to 0.5
to 8 times the SM prediction): R(J/ψ)blind = rfit∗R. This value was chosen blindly
at the beginning and has remained unchanged throughout the development of the
analysis. This ensures that the outcome of the fit, represented by rfit, diverges
from the true R(J/ψ) value.

The unblinding process was performed in stages and the results presented in
Ch. 9 is the output derived from this unblinding procedure.

8.5 Fit diagnostics

8.5.1 Expected sensitivity

An Asimov dataset [137] is created by replacing real data with pseudodata that
matches the sum of the expected contributions. The key characteristic of an Asimov
dataset is that the maximum likelihood best-fit values for all the parameters align
with their generated values. The event count in each bin is set to the expected
event yield calculated for the chosen model parameters. This construction allows
for the simulation of a dataset that mirrors the expected behaviour according to
the specified model.

The expected value is set to be the result from the previous LHCb measurement
R(J/ψ) = 0.71 [78]. Using the fit model described in the previous sections, the
Asimov fit has a result of R(J/ψ) = 0.71+0.30

−0.28(Syst)
+0.17
−0.16(Stat) = 0.71+0.34

−0.33.
Fig. 8.16 displays the likelihood scan for the fitted R(J/ψ) value from the Asi-

mov fit. The uncertainty is divided into three distinct contributions: solely statisti-
cal uncertainty (dashed blue), statistical plus theoretical uncertainty (dashed red),
and the total uncertainty (black). The result, with this separation, is R(J/ψ) =
0.71+0.17

−0.16(Stat)
+0.19
−0.18(Theo)

+0.22
−0.22(Syst).
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Figure 8.16: Likelihood scan for the R(J/ψ) result of the Asimov fit, assuming
the LHCb result as expected value: only statistical uncertainty (dashed blue),
statistical plus theoretical uncertainties (dashed red), and total observed sensitivity
(black).

The Asimov fit can be computed for different expected values of the result,
shown in Fig. 8.17, and in Appendix 10.3.

8.5.2 Blind fit to data

A fit to real data, incorporating the blinding procedure outlined in Sec. 8.4, is
performed. Various diagnostic plots are generated to evaluate the fit quality.

Fig. 8.18 illustrates the post-fit values and impacts for the 30 most significant
systematic uncertainties implemented in the fit model as nuisance parameters. The
post-fit values and corresponding uncertainties are represented as (θ̂ − θ0)/∆θ,
where θ0 denotes the prefit value of the nuisance parameter θ, θ̂ its best-fit value,
and ∆θ indicates the 1σ prefit deviation. The coloured bands on the right side
of the plot indicate the impact of the nuisance error on the error of the POI,
expressed relative to the total error on the POI, i.e., ∆µ̂/∆µ̂tot.

Fig. 8.19 presents the goodness-of-fit (GoF) plots, which assess the compat-
ibility of the observed data with the model. The evaluation involves generating
hundreds of fake datasets, called toys, from the model, and their compatibility
with the data is assessed using two algorithms: the saturated and KS tests. The
saturated test also considers the difference between postfit and prefit values of
the systematic uncertainties. Both tests collectively indicate a good quality of the
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Figure 8.17: Signal injection plot. The Asimov fit is performed for different ex-
pected values of R(J/ψ). The red bar indicates the statistical uncertainty of the
measurement, while the blue one indicates the total uncertainty. In the ratio plot,
the σ from the SM prediction is shown for each measurement.

fit.

8.5.3 Bias test

Two sets of toy models are generated, each with an expected signal value:
one with rtruth set to the LHCb result of R(J/ψ) = 0.71, and the other with the
SM prediction of R(J/ψ) = 0.25. For each toy model, the fitted value rfit and
its uncertainty σfit are utilised to calculate the pull value P , computed as P =
(rtruth− rfit)/σfit. By repeating this process for numerous toys, a pull distribution
is derived for each rtruth, as shown in Fig. 8.20. If there is no bias, the distribution is
expected to resemble a normal distribution centred in 0 with a standard deviation
of 1. In this case, the distribution follows the expectations, indicating the absence
of bias.
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Figure 8.18: Post-fit values and impacts for the 30 most relevant systematic uncer-
tainties in the analysis, listed in order of impact on the result. The total uncertainty
on the result does not correspond to the sum in quadrature of the impacts, because
correlations are included. More can be found in Appendix 10.6.

Figure 8.19: Goodness of fit plots for the KS test for the highest sensitive region
(left), and with the saturated test (right).
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Figure 8.20: Bias tests with toy models produced with the LHCb expected result
(left), and SM expected result (right). Both distributions can be fitted with a
Gaussian centred in 0 and with a standard deviation of 1.



Chapter 9

Results

The analysis has been conducted applying the blinding strategy outlined in Sec.
8.4. After having established a robust fitting strategy, assessed and incorporated
all relevant systematic uncertainties, and verified the stability and reliability of the
fit model, the unblinding process can be initiated.

The first step of the unblinding strategy involves looking at the “blind” post-fit
plots, where the parameters that can change during the fit are set to their best fit
value, and where different contributions from the simulation are masked, Appendix
10.5.

Once it is assessed that the plots meet the desired quality, the fit can be per-
formed without scaling the prefit value of signal τ by the random number described
in Sec. 8.4. This approach ensures that the prefit R(J/ψ) value remains equal to 1,
so that the outcome of the post-fit represents the final R(J/ψ) with its associated
uncertainty.

In this Chapter, post-fit plots in all categories are shown in Sec. 9.1, and the
final R(J/ψ) result is presented in Sec. 9.2.

9.1 Post-Fit plots

The initial phase of the unblinding process involves an examination of the post-
fit plots and which are presented in Fig. 9.1 and Fig. 9.2. These plots also display
the final fit yield of the signal τ .

141
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Figure 9.1: Post-fit distributions for the HQ2 LM regions, split into IP3Dsig cate-
gories. The plots in the rows show the distributions in different IP3Dsig categories,
from the first to the last row: IP3Dsig < −2, −2 < IP3Dsig ≤ 0, 0 < IP3Dsig ≤ 2
and IP3Dsig > 2. First column shows A regions, ∆βcorrisoµ3 < 0.2, while second
column shows reweighted-B regions, ∆βcorrisoµ3 > 0.2.
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Figure 9.2: Post-fit distributions for the LQ2 LM regions (first two rows), split
into IP3Dsig categories, and HM regions (last row). The plots in the first two
rows show the distributions in different IP3Dsig categories, in order: IP3Dsig < 0
and IP3Dsig ≥ 0. First column shows A regions, ∆βcorrisoµ3 < 0.2, while second
column shows reweighted-B regions, ∆βcorrisoµ3 > 0.2.
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The most sensitive category is also shown in logarithmic scale in Fig. 9.3.
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Figure 9.3: Post-fit distribution of the q2 variable for the most sensitive category,
HQ2 and IP3Dsig > 2 in logarithmic scale on the y-axis.

9.2 Final result

The final fit result is R(J/ψ) = 0.17 ± 0.33, as shown in the likelihood scan
in Fig. 9.4. The uncertainty can be split into several components as R(J/ψ) =
0.17+0.18

−0.17 (stat)+0.21
−0.22 (syst)+0.19

−0.18 (theo).
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Figure 9.4: Likelihood scan for the R(J/ψ) value.
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The impact of the systematic uncertainties on the final result is shown in Table
9.1.

Contribution Unc. type ∆R(J/ψ) · 10−2

Theory S 19
fakes stat.
nonclosure S (bin-by-bin) 13
fakes N 8
fakes S 7
finite MC size S (bin-by-bin) 9
IP3D/σIP3D,
Lxy/σLxy

corr. S 9

muon ID, iso, trigger N 6
Hb sample N 0.8
B+

c bkg. BRs N 0.6
dimuon comb. norm. N 0.1
pileup, B+

c lifetime and kinematics N < 0.1

Total systematic uncertainty 28

Table 9.1: Leading systematic uncertainties for the measurement of R(J/ψ). The
second column reports the uncertainty type: shape (S) or normalisation (N). The
last column shows the resulting uncertainty on the R(J/ψ) measurement.

This result is compatible with the SM prediction within 0.3σ, and the LHCb
measurement within 1.3σ.

9.3 Outlook

The result presented in this thesis is the first search for LFU violation within
the b→ clνl transitions in CMS. Given that the measurements in this channel show
a deviation of 3σ from the SM predictions, it is ever more important to test these
anomalies. The CMS collaboration has only presented one other result related to
LFU violation studies, focusing on a different channel, the b → sll transitions,
through the measurement of the RK ratio [138].

This achievement marks CMS entrance into LFU studies and highlights the
experiment potential to make meaningful contributions to this domain. Tradition-
ally, such investigations were dominated by the b-factories like Belle II and BaBar,
or LHCb at the LHC. For the specific measurement described in this thesis, the
fact that the Bc mesons can only be produced at the LHC made it necessary to
have an alternative experiment to validate the LHCb findings.
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Given that it is the first analysis of its kind within the entire CMS collaboration,
expertise and methodologies needed to be developed, making this the first iteration
of what has the potential to evolve into a better refined, sensitive, and competitive
analysis. The R(J/ψ) measurement presented here has a larger uncertainty than
the corresponding LHCb one, but in a next iteration of the analysis in CMS,
various improvements that would enhance its sensitivity could be applied.

One potential improvement could be to incorporate additional data to the anal-
ysis. Currently, only the 2018 dataset is utilised, because the primary focus of this
initial version was dedicated to building a robust analysis. Therefore, the addition
of other datasets has been postponed to subsequent iterations. Moreover, there
was an initial expectation that the analysis would be more limited by systematic
uncertainties than statistical ones. While this assumption remains true, some of
the systematic uncertainties are of statistical nature and therefore they can be
reduced with more data.

The luminosity projections likelihood scan, as detailed in Appendix 10.4, demon-
strates that if the 2018 luminosity is increased by a factor of 3, the expected out-
come is a straightforward decrease in the statistical component of the uncertainty
by 1/

√
3. This reduction could be achieved by incorporating the remaining data

from Run 2, with a total integrated luminosity of 137 fb−1, and the dataset from
Run 3, which has collected 67.37 fb−1 to date.

With the increase in the number of data events, another direct consequence
is the reduction of the uncertainty coming from the correlations between the sta-
tistical component of the fakes estimation and the systematic part. In fact the
fakes bins, defined as free floating parameters, are determined during the fit as the
difference between data and the MC samples. As more data events are included,
the part of the uncertainty due to the correlations between the statistical and
systematic aspects of the fakes estimation decreases.

Finally, the addition of more data would also reduce the uncertainties associ-
ated with the fakes background estimation. Some of the most impactful uncertain-
ties come from the dependence on data in control regions defined to measure the
fakes background. For instance, uncertainties arising from limited statistics in the
regions used for training the NNs or in the validation regions employed to validate
the fakes method would decrease with an increased dataset. This final aspect is
not accounted for in the luminosity projection.

Apart from increasing the dataset, another possible improvement includes up-
dating the Bc FFs to a recently measured set that is more accurate [37]. The new
central values of the FF corrections could potentially change the shape of the sig-
nals, but most importantly, the new FF uncertainties will be smaller. Hence, con-
sidering that the theoretical uncertainty of the current R(J/ψ) analysis accounts
for 18% of the total uncertainty, updating the Bc FFs with the latest theoretical
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calculations becomes crucial for refining the precision of the analysis.
Other improvements involve refining the methods employed, specifically focus-

ing on the fakes background estimation, which significantly impacts the sensitivity
of the analysis. For instance, specific variables could be further explored, like the Bc

meson decay length significance Lxy,sig observable. In fact this variable distinctly
shows the composition of the fakes background into prompt and non-prompt J/ψ
mesons. Although this observable is already included, a deeper investigation might
reveal better ways to employ it to improve the analysis sensitivity. In general, con-
tinue exploring the already used observables and possibly introducing new ones
could contribute to a more refined and accurate characterisation of the fakes back-
ground, improving the overall precision of the analysis.

In conclusion, while this analysis has certain limitations and its result might
not make a definitive impact in the LFU field yet, it is an initial step in the right di-
rection for CMS. It can be significantly improved in the next iterations, leveraging
the expertise and methodologies already acquired within the collaboration. This
analysis has showed CMS potential to make meaningful contributions to shedding
light on the flavour anomalies puzzle.



Conclusions

This thesis presented a direct search for Lepton Flavour Universality (LFU)
violation in the CMS experiment, with the measurement of the R(J/ψ) value,
defined as R(J/ψ) = B(B+

c → J/ψ τ+ντ )/B(B+
c → J/ψ µ+νµ). The analysis was

conducted using proton-proton collision data, collected at a centre-of-mass energy
of 13 TeV by the CMS experiment at the LHC in 2018. The dataset analysed
corresponds to an integrated luminosity of 59.7 fb−1.

The measurement of this ratio is particularly sensitive to potential deviations
from the Standard Model (SM) predictions, especially because it includes a third-
generation lepton, for which these deviations are hypothesised to be more evident.
A deviation from the SM predictions in this context could indicate the existence of
physics beyond the SM. Several theories, trying to explain these potential devia-
tions, propose the existence of new particles that mediate electroweak interactions
involving third-generation leptons. These particles could include charged Higgs
bosons, leptoquarks, or new vector bosons.

For the decays of interest, B+
c → J/ψ τ+ντ and B+

c → J/ψ µ+νµ, only the
muonic decays of the J/ψ and tau leptons are examined, because of the high re-
construction efficiency of the CMS detector for these particles. The final state of
these decays include exclusively muons and neutrinos. The neutrinos can not be
detected, therefore kinematic variables such as q2 are fundamental for distinguish-
ing between the two decay channels. Additionally, to overcome the impairment
brought by the missing momentum associated to the neutrinos, the reconstruction
of the Bc meson four-momentum is approximated assuming that the Bc trajectory
aligns with the direction of the final state muons.

The dataset utilised for this analysis includes events with J/ψ mesons, and
the trigger requirements assure that they decay into two muons, accompanied by
an additional displaced muon. Simulations account for potential background con-
tributions from other Bc decays and those arising from J/ψ mesons and muons
originating from other b-hadrons. A data-driven approach is employed to measure
the background associated with misidentified muons, through the categorisation
of events into four categories based on the isolation and identification quality of
the muon not coming from the J/ψ decay. To quantify this background, neural
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networks are employed to model the probability of misidentifying this muon and
subsequently, this is applied to find this contribution in the signal region. This
data driven method is partially integrated into the fit model, which is designed to
determine the R(J/ψ) value, and constrain and measure the various background
contributions. The final maximum likelihood binned fit to extract R(J/ψ) is organ-
ised into 7x2 categories, each defined based on specific displacement characteristics
and kinematic variables. Systematic uncertainties, including theoretical uncertain-
ties on the Bc form factors, are computed and incorporated in the fit.

The measured result for the ratio is:

R(J/ψ) = 0.17+0.18
−0.17 (stat)+0.21

−0.22 (syst)+0.19
−0.18 (theo).

This is compatible with the SM prediction within 0.3σ and the LHCb measure-
ment within 1.3σ. The uncertainty on the result includes a theoretical uncertainty
associated with the form factor estimation. The statistical component of the un-
certainty could be reduced in future iterations of the analysis with the inclusion
of additional data.

This result represents one of the first searches for LFU violations in the CMS
experiment, and the first one in the b→ cl+νl channel. This study definitely demon-
strates the potential for CMS to contribute to this intriguing field and explore new
physics in the LFU violation domain.
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Chapter 10

Appendix

10.1 Form factors: additional plots

In Sec. 7.1 corrections to the FF are described. In Figures 10.1, 10.2 and 10.3
the central value is compared to the variation of 1σ for all the parameters.
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Figure 10.1: q2 distribution is shown for signal µ (left) and signal τ (right). The
nominal value (black) is compared with the up (red) and down (green) distributions
obtained applying the Hammer weights for 1σ systematic uncertainty. For each row
a different uncertainty on the form factors is shown.
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Figure 10.2: q2 distribution is shown for signal µ (left) and signal τ (right). The
nominal value (black) is compared with the up (red) and down (green) distributions
obtained applying the Hammer weights for 1σ systematic uncertainty. For each row
a different uncertainty on the form factors is shown.
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Figure 10.3: q2 distribution is shown for signal µ (left) and signal τ (right). The
nominal value (black) is compared with the up (red) and down (green) distributions
obtained applying the Hammer weights for 1σ systematic uncertainty. For each row
a different uncertainty on the form factors is shown.
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10.2 Fakes background checks for MC variations

during fit

In the fit model, the MC samples have degrees of freedom (both shape and
normalisation) that they don’t have during the training of the NNs used to find
the fakes shape and normalisation, Sec. 6.3.2.2.

In fact, in the training of the NNs for the fakes background estimation, the
Bc and Hb normalisations are fixed to the ones found after a first fit; the relative
abundances of the various subprocesses are the same used at production level
(taken from literature and PDG values). Central weights are applied to MC during
training (like form factor corrections, pile-up corrections etc.), and the R(J/ψ)
value is fixed to be equal to 1 during training.

In the fit model, as shown in Sec. 8.3, there are many systematic uncertainties
that affect the shape and normalisation of the MC samples, and rate parameters
that allow the R(J/ψ) value, and the Bc and Hb normalisations to float during the
fit.

It is impossible to account for all the possible variations of the MC samples
in the training of the networks, because it would mean to train the networks and
find the weights for each MC variation. Therefore, few important MC variations
are studied to check their impact on the final fakes shape estimation:

• FF uncertainty number 1:
It is one of the most impacting nuisances of the fit, Fig. 8.18. If the NNs
are trained with the up value of the FF uncertainty to find the up shape
of the fakes, and with their down value to find the down shape, the fakes
shape uncertainty in Fig. 10.4 is found. This difference in shape is negligible,
therefore not accounted for in the fit.

• R(J/ψ) variation:
The NNs for the fakes shape estimation are trained with the R(J/ψ) value
equal to 1. To check the impact of the R(J/ψ) value variation on the fit result,
the NNs are trained using different values of R(J/ψ), to check how the fakes
shape change. In Fig. 10.5, fakes shapes with different R(J/ψ) values in the
NN trainings are compared, and the difference results to be negligible.

The result of the fit doesn’t seem influenced by the R(J/ψ) value used in the
training of the networks, as it can be also seen in the injection test in Fig.
8.17.

• Bc normalisation.
This is the only fakes shape systematic due to MC variation that is added
in the fit, as can be seen in Sec. 8.3.
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Figure 10.4: Fakes shape comparison between the central value, found with NNs
trainined on the central values of the FF corrections, and the up and down shapes,
found with NNs weights trained on the firsts up and down uncertainty on the FFs.

Figure 10.5: Fakes shape comparison between the central value, found with NNs
trained with R(J/ψ) = 1, and the up and down shapes, found with NNs weights
trained with R(J/ψ) = 1.5 and R(J/ψ) = 0.25 = SM .

10.3 Signal injection test

In Sec. 8.5.1, the expected sensitivity of the fit is shown in comparison to the
LHCb result. The Asimov Fit can be performed for different values of R(J/ψ),
which are compared in Fig. 8.17. In this section, the likelihood scans of each fit
are shown, Fig. 10.6.
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Figure 10.6: Likelihood scans for the results of the Asimov fits with several expected
signals. In each plot: fit with frozen systematic uncertainties and bins for the fakes
background (dashed red), fit with only frozen systematic uncertainties (dashed
blue) and total observed sensitivity of the Asimov fit with statistical+systematic
uncertainties (black). The total uncertainty does not vary significantly for different
values of R(J/ψ).
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10.4 Luminosity projection

A luminosity projection is implemented on the Asimov test to anticipate the
potential reduction in uncertainty with increased data events for the analysis. All
process yields are tripled compared to the 2018 statistics, and the resulting likeli-
hood scan is shown in Fig. 10.7. The statistical uncertainty decreases as expected,

Figure 10.7: Likelihood scan with three times the 2018 luminosity.

following a 1/
√
3 reduction. Consequently, the systematic uncertainty also expe-

riences a slight decrease, given its correlations with the statistical components of
the fakes bin nuisances.

The presented scenario represents a pessimistic situation. The simplified test
conducted here does not consider other effects resulting from the statistical in-
crease. For instance, the derivation of the fakes background is also anticipated to
improve, as the increased statistics in the training regions of the NN will likely
contribute to enhanced performance and decrease the total uncertainty of the
analysis.

10.5 “Blind” post-fit plots

The second-to-last step of the unblinding procedure involves studying the
“blind” post-fit plots. These plots show the comparison between data and the
overall MC without revealing the individual signal (and background) contribu-
tions. This allows for an evaluation of the post-fit plot quality without disclosing
the R(J/ψ) result. Figures 10.8 and 10.9 show these blind post-fit plots.
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10.6 Impacts

The firsts 120 post-fit values for the systematic uncertainties and their impact
on the analysis is shown in Figures 10.10 and Fig. 10.11.
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Figure 10.8: Blind Post-fit distributions for the HQ2 LM regions, split into IP3Dsig

categories. The plots in the rows show the distributions in different IP3Dsig cat-
egories, from the first to the last row: IP3Dsig < −2, −2 < IP3Dsig ≤ 0,
0 < IP3Dsig ≤ 2 and IP3Dsig > 2. First column shows A regions,∆βcorrisoµ3 < 0.2,
while second column shows reweighted-B regions, ∆βcorrisoµ3 > 0.2.
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Figure 10.9: Blind Post-fit distributions for the LQ2 LM regions (first two rows),
split into IP3Dsig categories, and HM regions (last row). The plots in the first two
rows show the distributions in different IP3Dsig categories, in order: IP3Dsig < 0
and IP3Dsig ≥ 0. First column shows A regions, ∆βcorrisoµ3 < 0.2, while second
column shows reweighted-B regions, ∆βcorrisoµ3 > 0.2.
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Figure 10.10: Post-fit values and impacts of the first 60 relevant systematic uncer-
tainties in the analysis, listed in order of impact on the result.
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Figure 10.11: Post-fit values and impacts of the second 60 relevant systematic
uncertainties in the analysis, listed in order of impact on the result.
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