
Eur. Phys. J. A          (2025) 61:281 
https://doi.org/10.1140/epja/s10050-025-01744-w

Regular Article - Experimental Physics

High-precision Q-value measurement and evaluation of nuclear
matrix elements for 122Sn and 124Sn neutrinoless double beta
decays

Elina Kauppinen1,a , Jouni Ruotsalainen1,b , Vikas Kumar1,2 , Jouni Suhonen1,3 , Anu Kankainen1 ,
Tommi Eronen1 , Jenni Kotila4 , Maxime Mougeot1

1 Accelerator Laboratory, Department of Physics, University of Jyväskylä, P.O. Box 35 (YFL), 40014 Jyvaskyla, Finland
2 Department of Physics, Banaras Hindu University, Varanasi, Uttar Pradesh 221005, India
3 International Centre for Advanced Training and Research in Physics, P.O. Box MG12, 077125 Bucharest-Mǎgurele, Romania
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Abstract We have determined the decay energy (Q value)
of the double beta decay of 122Sn with the JYFLTRAP
double Penning trap mass spectrometer using the Phase-
Imaging Ion Cyclotron Resonance technique. Our new Q
value, 373.58(12) keV, agrees with the literature value but
is 20 times more precise. We also measured the Q value for
the double beta decay of 124Sn with unprecedented preci-
sion, 2293.542(83) keV. The Q values of 122Sn and 124Sn
were used to calculate precisely the phase-space factors for
the neutrinoless double beta (0νββ) decay mode of these
nuclei. With the phase-space factor and our computed nuclear
matrix elements (NMEs) we predict the 0νββ-decay half-life
of 122Sn based on the recently extracted upper limit of the
effective neutrino mass by the KamLAND-Zen experiment.
We used three nuclear-structure frameworks to compute the
NMEs, namely the proton-neutron quasiparticle random-
phase approximation (pnQRPA), the microscopic interacting
boson model (IBM-2), and a hybrid model exploiting both
the pnQRPA and the nuclear shell model (NSM). We find
that including the short-range components enhances the total
NME in the IBM-2 model, making it significantly larger than
the NMEs calculated with the pnQRPA and hybrid models.
Nevertheless, for all models, the obtained half-lives are very
long for 122Sn ( ≈ 1027–1029 years), making the observation
of 0νββ decay of 122Sn experimentally challenging. On the
other hand, the hybrid-model calculated value of the NME
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for 124Sn goes, interestingly enough, toward those previously
computed by the NSM and the ab initio model.

1 Introduction

Double beta decay (β−β−) is a rare weak-interaction pro-
cess, where two neutrons in the nucleus transform simul-
taneously into two protons [1], bypassing the energy bar-
rier preventing a single beta decay from happening. It is
known that the process can proceed via two modes: neu-
trinoless (0νβ−β−) and two-neutrino (2νβ−β−) decays [1].
In the already experimentally observed 2νβ−β− mode [2],
two electrons and electron antineutrinos are released from
the nucleus. In contrast, in the 0νβ−β− mode, no antineutri-
nos are released, and this constitutes a violation of the con-
servation of lepton number in the Standard Model of elec-
troweak interactions. In addition, in order for the 0νββ decay
to be possible, the neutrino should be its own antiparticle (so-
called Majorana neutrino) and should have a non-zero effec-
tive mass mββ , being a linear combination of the neutrino-
mass eigenstates [1,3–5]. Observing the decay mode would
thus be an indication of physics beyond the Standard Model,
and hence all 0ν decays have recently been a subject of great
interest in both nuclear and particle physics [5].

As the expected half-life of the 0νβ−β− decay is on the
order of 1028 yr for the so-called inverted mass ordering,
choosing the right nucleus for experiments aiming to observe
the decay is paramount. One of the most important factors
in selecting the nucleus is the energy released in the decay
known as the Q value. As the observation of 0νββ decay
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is based on measuring the kinetic energy of the emitted two
electrons, a large Q value allows separating the 0νβ−β−
signal from the background consisting of various radioactive
decay chains and the tail of the continuous 2νβ−β− spec-
trum. In the 0νβ−β− decay, a peak at the decay endpoint
energy (Q value) in the energy spectrum of the sum of the
electron kinetic energies would be an indication of the decay,
while 2νβ−β− decay results in a continuous spectrum till the
endpoint energy.

The Q value is also essential for the calculation of half-life
estimates to explore the feasibility of the decay modes. The
expected half-life of the decay is inversely proportional to the
fifth power of the Q value, and therefore the Q value should
preferably be large and known with a high precision. Current
double-beta experiments have focused on studying β−β−
decaying nuclei, as their half-lives are expected to be shorter
than for the other double-beta-decay types. Notable currently
ongoing and future experiments include CANDLES [6] for
48Ca, LEGEND [7] for 76Ge, SuperNEMO [8] for 82Se,
CUPID [9], AMoRE-II [10] and CROSS [11] for 100Mo,
CUORE [12] for 130Te, and KamLAND-Zen [13], nEXO
[14], NEXT [15], PandaX [16] and LZ [17] for 136Xe.

While many current double-beta decay experiments focus
on a few isotopes with favorable decay properties, such as
large Q values and high natural abundances, a systematic
investigation of a broader set of candidate nuclei remains
crucial. Precision measurements of Q values across differ-
ent isotopes refine nuclear data and serve as essential bench-
marks for the theoretical models used to interpret the result-
ing double-beta decay data. Even isotopes such as 122Sn,
which have relatively low Q values and are not considered
ideal for direct 0νβ−β− searches, can contribute significantly
to the field by enabling the cross-validation of experimental
techniques and theoretical frameworks. In particular, com-
parative measurements of 124Sn and 122Sn provide valuable
consistency checks for the JYFLTRAP setup, enhancing con-
fidence in the reliability of the results obtained.

We have utilized the measured Q values to calculate
phase-space factors for the decays of 122,124Sn and com-
puted the 0νβ−β− nuclear matrix elements (NMEs) for
the decay of 122Sn using the microscopic interacting boson
model (IBM-2), the proton-neutron quasiparticle random-
phase approximation (pnQRPA), and the nuclear shell model
(NSM). Estimates for these NMEs were still missing while
the 2νβ−β− NMEs for the 122Sn decay were already com-
puted using the pnQRPA model by Pirinen et al. [18] and
Deppisch et al. [19]. With the new NMEs, we have also com-
puted half-life estimates for the 0νβ−β− decay of 122Sn.
The IBM-2 and NSM feature a small single-particle model
space, typically one major shell between two neutron and pro-
ton magic numbers. This prevents both models to go beyond
closure approximation in the double-beta-decay calculations,
in particular in the present case. In this model space, the

NSM can include, in principle, all the achievable many-
nucleon configurations, whereas IBM-2 can only access con-
figurations built using seniority 0 and 2 nucleon pairs. This
makes the NSM more accurate for low-energy nuclear exci-
tations. Contrary to those two models, pnQRPA features a
large single-particle model space but a limited many-nucleon
configuration space, like IBM-2. The notable advantage of
pnQRPA is that it can be used for beyond-the-closure double-
beta-decay calculations, in particular for the NMEs of the
0νββ decay.

Furthermore, this study introduces a novel new model, the
hybrid model, used for both the 122Sn and 124Sn 0νββ decays.
The hybrid model combines the strengths of the pnQRPA and
NSM, and it is applied for the first time to 0νββ decay in this
work. This new approach combines the ability of the NSM
to produce reliable details of nuclear structure at relatively
low excitation energies, below some few MeV. This strength
of the NSM can be combined with the strong features of the
pnQRPA being able to go to high excitation energies, even
beyond the giant-resonance regions of nuclear excitations,
the giant Gamow-Teller resonance being one example [20].
Hence, the hybrid model provides a complementary perspec-
tive to existing methods and helps explore the robustness
of NME predictions across different modeling strategies, in
particular if the model would be extended in the future to
treatment of the most popular nuclei used in 0νββ experi-
ments. At the same time, by extending the scope of experi-
mental and theoretical studies to less commonly investigated
isotopes such as 122Sn, we promote a more comprehensive
understanding of double-beta-decay systematics and support
the development of future experimental programmes with
broader isotope coverage.

For determining the Q value of radioactive decays,
Penning-trap mass spectrometry has become the state-of-
the-art method (see e.g. [21,22]). It has been used to mea-
sure, e.g., the Qβ−β− of 98Mo [23] and 96Zr [24] and double
electron-capture Q value for 190Pt [25]. In this work, we
applied the Phase-Imaging Ion Cyclotron Resonance (PI-
ICR) method [26,27] at the JYFLTRAP double Penning
trap setup [28] at the Ion Guide Isotope Separator On-Line
(IGISOL) facility [29] to determine the Q value of 122Sn
β−β− decay. The already well-known Qβ−β− value of 124Sn
was also measured.

Since the NMEs for the 124Sn have already been exten-
sively studied, we are only performing the novel hybrid
model calculations concerning that isotope. For reference,
the 2νβ−β− NMEs of 124Sn have been addressed in [18,30]
using the pnQRPA, in [31] using the NSM, and in [32,33]
using the IBM-2 for both the ground-state and excited-state
decays. For the ground-state transition the 0νβ−β− NMEs
for 124Sn have been addressed using the NSM in [31,34] the
pnQRPA in [30,35–38], the IBM-2 model in [32,33,39–41],
an energy density functional in [42] and the beyond-mean-
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field covariant density functional theory in [43]. Transition
to the first excited 0+ state has been treated using the NSM in
[31], the pnQRPA in [30,37,44,45] and the IBM-2 in [32,33].

2 Experimental methods

We measured the Qβ−β− values of 122Sn and 124Sn with the
JYFLTRAP double Penning trap [28,46,47] at the IGISOL
facility [29] in the Accelerator Laboratory of the Univer-
sity of Jyväskylä. The Q values were obtained by measuring
the cyclotron frequency ratios of the singly-charged parent
and daughter ions, 122Sn-122Te and 124Sn-124Te, respectively.
The tin and tellurium ions were produced in two different
electric discharge sources. The tellurium ions were produced
in a source located inside the IGISOL target chamber, while
the tin ions were created in the separate offline ion source
station [48]. Ions from both sources were accelerated to 30
keV. An electrostatic bender was used to select ions from
one source at a time while blocking the ions from the other
source. The isotopes of interest were mass-separated using a
dipole magnet with a mass resolving power M/�M ≈ 500
and sent to the radiofrequency quadrupole (RFQ) cooler-
buncher [49,50]. In the cooler-buncher, the continuous ion
beam was stopped and confined in the helium-filled vol-
ume, which allowed the ions to thermalize. After cooling, the
captured ions were released as temporally narrow bunches,
which could be efficiently injected into the JYFLTRAP dou-
ble Penning trap.

The JYFLTRAP double Penning trap system consists of
two Penning traps inside a 7 T superconducting solenoid [28].
First, the ion bunch from the cooler-buncher was captured in
the helium-filled purification trap. There, the mass-selective
buffer gas cooling [51] was performed to remove possible
contaminant ions and prepare the ions-of-interest for trans-
fer to the second trap, known as the measurement trap. The
Phase-Imaging Ion Cyclotron Resonance (PI-ICR) method
[26,46,47] was employed in the measurement trap to deter-
mine the free-space cyclotron frequency

νc = 1

2π

q

m
B, (1)

where q and m are the charge and mass of the ion in the
magnetic field strength B.

The Q value of the double-beta decay is obtained from
the cyclotron frequency ratio between the singly-charged
double-beta decaying parent (p) and its daughter (d) ions,
r = νc,d/νc,p, as

Qβ−β− = (mp − md)c
2 (2)

= (md − me)(r − 1)c2 + (r · Bd − Bp),

wheremp andmd are the atomic masses of the parent and the
daughter isotopes,me is the electron mass, and Bd and Bp are
the binding energies of the outermost electron in the daughter
and the parent atoms. Since the term r · Bd − Bp is small
(∼2 eV [52]) compared to the experimental uncertainty, it
has been neglected in the analysis.

In the PI-ICR technique, the cyclotron frequency is
obtained as the sum of the magnetron (ν−) and reduced
cyclotron (ν+) frequencies, νc = ν− + ν+. These radial fre-
quencies are obtained by measuring the phases of the two
motions after a certain phase accumulation time tacc. The
measurements are performed by projecting the ions onto a
position-sensitive microchannel plate detector, which leads
to a so-called phase spot for each of the motions, see e.g.
Ref. [47] for details. With the difference in the angles of the
measured magnetron (α−) and cyclotron (α+) spots relative
to the center, we obtain the cyclotron frequency of the ion
species as

νc = (α+ − α−) + 2πnc
2π tacc

, (3)

where nc is the number of turns the ions would perform
during the accumulation time tacc at the frequency νc. Fig-
ure 1 shows an example of the measured magnetron (α−) and
cyclotron (α+) spots for 122Sn+.

To determine the Qβ−β− value of 122Sn, altogether 56
frequency ratios were measured against the 122Te+ daugh-
ter ions over 14 h. A weighted average r , with the larger
of the internal and external error [53] as the uncertainty,
was taken as the final frequency ratio. An accumulation
time of 1135 ms was used in the measurements, with the
exact time set to be an integer multiple of the period of νc.
This minimizes the difference in the magnetron and reduced
cyclotron spot angles, reducing the systematic shift of the
ratio caused by differences in ion trajectories. To minimize
the effect of the magnetic field fluctuation, measured to be
δB/(Bδt) = 2.01×10−12 min−1 [47], measurements of the
parent and the daughter cyclotron frequencies were done in
alternating order, switching between the species every 8 min.
The magnetic field strength at the middle of the frequency
measurement of the daughter was then linearly interpolated
from the measurement of the parent’s cyclotron frequency.
Before applying the excitations in the PI-ICR measurement
cycle, the ions are centered in the precision trap by driving the
magnetron motion to zero. To average over any magnetron
motion left over from the centering, the start of the exci-
tation pulse at ν+ was scanned over one magnetron period
(∼600 µs) and similarly, any residual cyclotron motion of
the extracted ions was averaged by scanning the extraction
delay from the trap over one cyclotron period (∼1µs). A sim-
ilar treatment was done to measure the already well-known
Qβ−β− value of 124Sn to cross-check the performance of the
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Fig. 1 The final phases of the magnetron and cyclotron motions and
their measured angles α− and α+ with respect to the trap centre on the
microchannel plate detector for 122Sn+ ions after an accumulation time
of 1135 ms. The data are from a ≈ 8-min measurement

JYFLTRAP mass spectrometer. For this case, 103 ratios over
24 h were measured using an accumulation time of 1015 ms.

3 Experimental results

The measured frequency ratios and the resulting Q values
are presented in Table 1 and Fig. 2 We provide the first direct
measurement of the Qβ−β− value for 122Sn. The determined
Qβ−β− is 373.58(12) keV, which is in line with the value
given in the Atomic Mass Evaluation 2020 (AME20) [54],
373.3(24) keV, but 20 times more precise. We also improve
the precision for the mass-excess (ME) value of 122Sn, yield-
ing ME = −89939.7(14) keV. In the AME20, the ME
value of 122Sn is based on the 122Sn(d, t)121Sn [55] and
122Sn(n, γ )123Sn [56,57] reactions, while 122Te is linked
via (n, γ ) measurements [58–61] to the mass of 124Te deter-
mined with SHIPTRAP Penning trap in [62], see Ref. [63]
for details.

For 124Sn, we obtained a frequency ratio r = 1.00001987
227(72) and Qβ−β− = 2293.542(83) keV, which is
0.84(41) keV larger but within two standard deviations (2σ )
from the AME20 value [54]. The AME20 value is based
mainly on a measurement performed with the SHIPTRAP
Penning trap [62], as the SHIPTRAP value, Qβ−β− =
2292.64(39) keV [62], is much more precise and devi-
ates from the earlier measurement done using the Mani-
toba II mass spectrometer by 2.6(1.0) keV. With the PI-ICR
method and measured 103 frequency ratios, our precision
is nearly 5 times better than obtained at SHIPTRAP with
their 36 frequency ratios measured using the time-of-flight
ion cyclotron resonance (ToF-ICR) technique [64,65] apply-
ing a Ramsey excitation pattern [66,67] of 25–950–25 ms.
The agreement within 2σ is reasonable. It is worthwhile to
note that on one hand, also for the Qβ−β− of 130Te reported
in Ref. [62], around 0.6(3) keV deviation was found to the

earlier JYFLTRAP [68] and Canadian Penning Trap mea-
surements [69], which agreed very well with each other. On
the other hand, there are several cases where the SHIPTRAP
and JYFLTRAP results agree with each other, such as the
double electron-capture Q value for 102Pd [70–72].

4 Theoretical methods and results

The half-life for the neutrinoless double beta decay can be
written as

T 0ν
1/2 =

(
g4

AG0ν |M (0ν)|2 m
2
ββ

m2
e

)−1

, (4)

where gA is the (effective) axial vector coupling, G0ν and
M0ν are the phase space factor and nuclear matrix element
(NME), respectively, for 0νββ decay, mββ is the effective
mass of the neutrino and me is the electron rest mass.

The phase-space factor for the 0νβ−β− decay is calcu-
lated using the newly measured, very precise Q value of the
decay as explained in detail in Ref. [73]. For the calculation
of the phase-space factors, the wave functions of the two
electrons emitted in the double beta decay are needed. The
wave functions are derived from exact Dirac solutions, tak-
ing into account finite nuclear size and electron screening.
The value for the 0νβ−β− phase-space factor for 122Sn was
calculated to be G0ν = 7.76 × 10−17 yr−1. Since there is
only a minor difference between the new and old Q values,
the phase-space factor is not greatly affected by the new Q
value. However, as the new Q value is much more precise,
the margin of error when calculating the phase-space fac-
tor has been significantly reduced. The error of the Q value
is directly related to phase-space factor uncertainty in neu-
trinoless double beta decay, as 3 × δQ/Q as stated in Ref.
[73]. With the older Q value of 373.3(24) keV, the uncer-
tainty in the phase-space factor cumulates to 1.9%. With the
new, more precise value of 373.58(12) keV, the uncertainty
in the phase-space factor due to the Q value is now reduced
to 0.096%.

Also, the phase-space factor for the 0νβ−β− decay of
124Sn was calculated with the new Q value. The new phase-
space factor was calculated to be 9.13 × 10−15 yr−1. This
phase-space factor was studied earlier in [73], and it was cal-
culated to be 9.04 × 10−15 yr−1. The slight difference in the
phase-space factors is due to a small increase in the measured
Q value. As in the case of 122Sn, the uncertainty of the phase-
space factor cumulating from the measured Q value can be
estimated. For 124Sn phase-space factor, the uncertainty from
the Q value is 0.011%, making it negligible compared to
other sources of uncertainty; the estimated radius R (7%)
and used electron screening model (0.10%)[73].
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Table 1 The mean frequency ratios r between the daughter and
the parent ions, and the corresponding Q values, Qβ−β− (122Sn) and

Qβ−β− (124Sn), determined in this work. The literature values from
Ref. [54] and the differences between the measured and the literature
values are also shown

Parent Daughter r Q (keV) Qlit. (keV) �Q (keV)

122Sn 122Te 1.0000032899(10) 373.58(12) 373.3(24) 0.28(240)
124Sn 124Te 1.00001987227(72) 2293.542(83) 2292.7(4) 0.842(409)

Fig. 2 The individual measured frequency ratios from which the
weighted average r has been subtracted, and the corresponding Qβ−β−
values. The red band indicates the uncertainty of the measured ratio,
taken to be the larger of the internal and external errors, while the blue

band indicates the Q value given in [54]. In (a), an accumulation time of
1135 ms was used, while in (b), an accumulation time of 1015 ms was
used. The vertical dashed lines in (b) indicate breaks in the measurement
and adjustment of the excitation frequencies

Another key factor in studying 0νβ−β− decay is the NME.
We have calculated the NME of the 0νβ−β− decay of 122Sn
using the microscopic interacting boson model (IBM-2), the
proton-neutron quasiparticle random-phase approximation
(pnQRPA), and the so-called hybrid model, which combines
the nuclear shell model (NSM) and pnQRPA.

For the 0νβ−β− decay NME, the Gamow–Teller (GT),
Fermi (F), and tensor (T) matrix elements are needed. The
NME can then be constructed as

M (0ν) = ±
(
gV
gA

)2

MF ∓ MGT + MT , (5)

where the upper signs are used for the IBM-2 [40] and lower
signs for pnQRPA and the hybrid model [36]. It should be
noted that the relative sign of the tensor term differs depend-
ing on whether the calculation is performed in momentum or
coordinate space, as discussed in Ref. [74]. Here gV = 1.0
is the vector coupling. The bare value of the axial-vector
coupling gA = 1.27 was chosen in our analyses. Also, the
Jastrow-type short-range correlation (SRC) was used with
the CD-Bonn parametrization. The SRC can be applied to
wave functions to take into account the nuclear repulsive
force at short distances, thus making the NME calculation
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more realistic. The used SRC is of the form

f (r) = 1 − ce−ar2
(1 − br2), (6)

where r represents the relative distance between the two
nucleons and the used parameter values are a = 1.52 fm−2,
b = 1.88 fm−2, and c = 0.46 [75].

Our shell-model calculations were conducted with the
sn100pn interaction [76,77] in the 50 − 82 valence major
shell, which includes the orbits 0g7/2, 1d5/2, 0h11/2, 2s1/2,
and 1d3/2. The sn100pn interaction has four parts; neutron-
neutron, neutron–proton, proton–proton and Coulomb repul-
sion between the protons. For neutrons, the single-particle
energies (SPEs) are −10.608, −10.289, −8.717, −8.694,
and −8.816 MeV for 0g7/2, 1d5/2, 1d3/2, 2s1/2 and 0h11/2

orbitals, respectively. For protons, the SPEs are 0.807, 1.562,
3.316, 3.224, and 3.605 MeV for 0g7/2, 1d5/2, 1d3/2, 2s1/2,
and 0h11/2 orbitals, respectively. The NuShellX@MSU [78]
code has been used to diagonalize the energy matrices of
the NSM. To reduce the computational burden, we have
employed truncations for the neutron orbitals. The orbital
ν 0g7/2 was left completely filled, and we forced a minimum
of four particles in the ν1d5/2 orbital. No truncations were
applied for the proton occupancies.

The pnQRPA calculations were performed in the way
described in the 0νβ−β−-decay calculations of Jokiniemi et
al. [79] (see a general account on the use of pnQRPA-type the-
ories in this context in [1, p. 31]). The single-particle valence
space consisted of three major shells, 1p0 f − 2s1d0g −
2p1 f 0h, including 15 single-particle orbitals for both pro-
tons and neutrons. All spin-orbit partners were included in
the single-particle model space. The single-particle energies
were obtained from the Woods–Saxon mean-field potential
[80], and the Hamiltonian was based on the Bonn one-boson-
exchange G-matrix [81], fine-tuned in its isoscalar part by the
particle-particle interaction parameter gpp(T = 0) = 0.91
and in its isovector part by gpp(T = 1) = 0.94. The particle-
hole parameter was set to the bare G-matrix value gph = 1.0.
The pairing part was adjusted separately in the even-even ref-
erence nuclei 122Sn and 122Te to yield the proton (neutron)
pairing strength gpair = 1.07 (gpair = 1.06) in 122Sn and
gpair = 1.03 (gpair = 1.01) in 122Te. Since the intermedi-
ate Jπ states were calculated using both the initial and final
0νβ−β−-decay nuclei as reference nuclei, the expression for
the 0νβ−β−-decay amplitude has to contain an overlap fac-
tor in order to achieve a state-by-state matching, see, e.g., the
review [3].

The cumulative NME of 122Sn 0 ν β− β− decay is shown
in Fig. 3, obtained utilizing a hybrid technique (NSM +
pnQRPA) and the extreme values of the low-energy constants
(LEC) of the included meson-exchange two-body currents
(2BC) (hatched region). These 2BC are the same as utilized
in the ordinary muon capture (OMC) in the work of Gimeno

et al. [82], exploiting the reduction of the 2BC to an effective
one-body current in the Fermi-sea approximation [83]. Since
the NSM is more accurate for low excitation energies than
the pnQRPA, we have treated the excited states in the inter-
mediate nucleus 122Sb up to some 1.5 MeV of excitation
by the NSM. Upward from this cut-off, marking the satu-
ration of the NSM cumulative strength, we continued with
the pnQRPA-computed nuclear wave functions. By means
of this procedure, we are able to combine the precision of
the low-energy description of the NSM with the capability
of the pnQRPA in describing high-energy excitations up to
and beyond the giant-resonance regions. For a pure pnQRPA
calculation, Fig. 4 shows the cumulative NME of 122Sn 0 ν β

β decay without the 2BC, but with the positive- and negative-
parity components separated. This is to demonstrate that the
1+ Gamow-Teller giant resonance is the source of the nega-
tive contribution around 13 MeV.

In the IBM-2 nuclear many-body framework, the nucleus
is considered to consist of an inert core and valence nucle-
ons. The core and valence nucleons are separated by the clos-
est magic shell for both protons and neutrons. The valence
nucleons above or holes below the magic shell are considered
to pair up to create bosonic particles or holes with angular
momentum and parity of 0+ and 2+, the so-called s- and d-
bosons. The relevant equations and derivation for the IBM-2
can be found in Ref. [84]. In IBM-2 calculations, the isospin
restoration formalism and closure approximation are used.
In neutrinoless double beta decay, the closure approximation
has only a minor effect on the final results since the closure
energy is much smaller than the typical neutrino momentum
[32]. Nevertheless, it greatly simplifies the computational
process by eliminating the need to explicitly sum over inter-
mediate nuclear states. The IBM-2 Hamiltonian parameters
used in this work are shown in Table 2, and the single particle
energies used in the mapping are taken from Ref. [85].

In addition to long-range NME calculations, we have pro-
ceeded with novel calculations for the short-range component
of the NME of the 0νβ−β− decay using the IBM-2 frame-
work. This component was recently found to be of impor-
tance in Ref. [86] and was shown to be a crucial part of
the total NME of neutrinoless double beta decay. In ab initio
calculations [87], it was shown that the new short-range com-
ponent enhances the total nuclear matrix element. Therefore,
it can be taken into account as an additional contribution to
the NME by summing the long-range and short-range com-
ponents of the NME together as

Mtot = ML + MS, (7)

where ML is the long-range NME and MS is the short-range
NME. For the calculation of short-range NMEs, we adopted
the same set of plausible parameters as those used in Ref.
[38]. It should be noted that these parameters cannot currently
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Fig. 3 Cumulative value of the 0νβ−β− decay NME of 122Sn in the
hybrid model (NSM + pnQRPA) with 2BC included as a function of
the excitation energy in the intermediate nucleus. The insert shows the
extreme values of the LECs [82] adopted in the computations

Fig. 4 Cumulative value of the pnQRPA-computed NME (without
2BC) of 122Sn as a function of the excitation energy in the intermediate
nucleus. For more information, the contributions of the negative-parity
(π = −1) and positive-parity (π = +1) have been separated

be determined from experimental data, and therefore, the
resulting short-range NME values should be interpreted as
theoretical estimates. The calculated values for the individual
NMEs and the total NME for 122Sn are shown in Table 3.

As shown in Table 3, the calculated NMEs for the 122Sn
using different nuclear models differ quite a bit. The IBM-2
gives the highest values, the hybrid model the lowest, and
pnQRPA lies in between those. Using 2BCs lowers the NME
values in pnQRPA and hybrid model calculations by about
20–35 % depending on the used parameters. In IBM-2 calcu-
lations, adding the short-range component to the total NME
enhances the NME by approximately 20–40 %, depending
on the parameters.

The half-lives of the decay can be calculated using Eq. (4)
and inserting the NMEs obtained with different nuclear mod-

Fig. 5 Cumulative value of the 0νβ−β− decay NME of 124Sn in the
hybrid model (NSM + pnQRPA) with 2BC included as a function of
the excitation energy in the intermediate nucleus. The insert shows the
extreme values of the LECs [82] adopted in the computations

Fig. 6 Cumulative value of the pnQRPA-computed NME (without
2BC) for 124Sn as a function of the excitation energy in the intermediate
nucleus. For more information, the contributions of the negative-parity
(π = −1) and positive-parity (π = +1) have been separated

els. In Fig. 7, minimum half-life estimates are presented.
The mass range for the used effective neutrino mass mββ is
0.036–0.156 eV, which is obtained using the currently most
stringent half-life limit from the KamLAND-Zen experiment
[88]. The effective neutrino mass limits are extracted from
the half-life limit by the use of Eq. (4), the phase-space fac-
tor for the decay, and the NMEs calculated with different
nuclear models, as explained in [88], giving the upper lim-
its for the effective neutrino mass. The half-life limit from
the KamLAND-Zen experiment is also visible in Fig. 7. It
includes half-lives obtained with the NMEs using pnQRPA
and the hybrid model, with and without the 2BCs, and also the
IBM-2 results, using only the usual long-range NME and the
total NME where long- and short-range NMEs are summed
together.
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Table 2 Parameters used in the IBM-2 Hamiltonian for 122Sn and 122Te

Nucleus εdν εdπ κ χν χπ c(0)
ν c(2)

ν c(4)
ν wν yν

122Sn 1.14 − 0.19 0.5 − 0.10 − 0.01 0.02
122Te 0.8 0.8 − 0.12 − 0.25 − 1.20

Table 3 Neutrinoless double beta decay NMEs for 122Sn calculated with pnQRPA, IBM-2, and the hybrid model. In the pnQRPA and hybrid model
calculations, the NMEs are obtained with and without 2BCs. In the IBM-2 model, the short-range component of the NME is also calculated

pnQRPA IBM-2 Hybrid

wo2BC 2BC wo2BC 2BC

M (0ν)
F 1.394 1.394 to 1.394 0.704 1.081 1.081 to 1.081

M (0ν)
GT − 2.965 − 1.504 to − 1.909 − 3.606 − 1.614 − 0.817 to − 1.028

M (0ν)
T 0.239 0.099 to 0.122 0.153 0.308 0.129 to 0.158

|M (0ν)| 3.589 2.268 to 2.651 4.196 1.976 1.574 to 1.808

|M (0ν)
S | – – 0.811 to 1.743 – –

Table 4 Neutrinoless double beta decay NMEs for 124Sn calculated with pnQRPA and the hybrid model. In the pnQRPA and hybrid model
calculations, the NMEs are obtained with and without 2BCs

pnQRPA Hybrid

wo2BC 2BC wo2BC 2BC

M (0ν)
F 1.368 1.368 to 1.368 1.058 1.058 to 1.058

M (0ν)
GT − 2.899 − 1.468 to − 1.865 − 1.692 − 0.853 to − 1.083

M (0ν)
T 0.242 0.101 to 0.124 0.295 0.123 to 0.152

|M (0ν)| 3.506 2.216 to 2.590 2.053 1.502 to 1.721

Although the achievable sensitivity of an experiment
observing the 0νβ−β− decay depends on the experimen-
tal setup and the properties of the nucleus, in particular the
decay Q value, the estimated half-lives of 122Sn significantly
exceed the current experimental sensitivity, as shown in Fig.
7. This is primarily due to the very low Q value of the decay,
which substantially suppresses the phase-space factor.

The hybrid model calculations are also performed for the
decay of 124Sn and the cumulative values for the NMEs are
represented in Figs. 5 and 6. The values for the NMEs are
also shown in Table 4. Since the 0νββ decay in 124Sn has
been extensively studied, many references to NME values are
already available. The NMEs obtained by using the hybrid
model are plotted among other nuclear model calculations in
Fig. 8. As already observed for the 122Sn decay, the NMEs
calculated with the hybrid model have lower values com-
pared to the pnQRPA results. Incorporating the 2BCs further
lowers the NME value as for 122Sn. When compared to other
models in Fig. 8, the hybrid-model NME, without the 2BCs,
is close to the NSM-computed one of Menendez et al. [34].
Adding the 2BCs to the hybrid NME brings the hybrid NME
the lowest of all the other NMEs. Interestingly, this goes
toward the effect of the ab initio calculations on the values

of 0νββ NMEs for masses below A = 82 obtained in Belley
et al. [89]: the ab initio and hybrid-model NMEs seem to
be the smallest of all for the 0νββ-decaying nuclei. Hence,
the hybrid model gives a highly complementary view on the
palette of the available NMEs, leaning toward the NME esti-
mates of the NSM and ab initio theory.

5 Conclusions

In this work, the Qβ−β− value of 122Sn was measured to be
373.58(12) keV, agreeing with the AME20 value while being
20 times more precise. The Qβ−β− of 124Sn was also mea-
sured, resulting in an agreement at the 2σ level with AME20,
while being nearly 5 times more precise. These highly pre-
cise Qβ−β− values for 122Sn and 124Sn were used to calculate
the phase-space factors for the 0νββ decay mode, leading to
significantly improved PSF accuracy. The involved NMEs
were also computed using three different nuclear models:
The pnQRPA, the hybrid model, which mixes the NSM and
pnQRPA, and, finally, IBM-2.

The calculation of NMEs using pnQRPA and the hybrid
model was done with and without 2BCs. The effect of 2BC
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Fig. 7 Minimum values for the 122Sn 0νβ−β−-decay half-lives using
the pnQRPA, hybrid model, and IBM-2. For the pnQRPA and hybrid
model, the NMEs with and without the 2BCs are used, and for IBM-2,
both long-range and the sum of the long- and short-range NMEs are
used to calculate the half-lives. The effective neutrino mass range was
set to be 0.036–0.156 eV, which is obtained from the KamLAND-Zen
half-life limit [88], which is also presented in the figure

Fig. 8 Neutrinoless double beta decay NMEs for 124Sn. Calculations
done by the hybrid model and pnQRPA are labeled as present in the
figure, and they contain the results obtained both with (the vertical
range) and without (the single mark) the 2BCs. The figure contains
calculations done by using NSM in Men09 [34], Hor16 [31], and Jok21
[38], pnQRPA in Suh11 [30], Sim13 [35], and Hyv15 [36], IBM-2 in
Bar15 [33] (with sign change in the tensor part as indicated in [40]),
Dep20 [40], and Kau25 [41], and density functional theory (DFT) based
models Rod [42] and Yao15 [43]. The NSM and pnQRPA results from
Jok21 include the usual long-range NME and the sum of the short- and
long-range NMEs. The IBM-2 result in Kau25 presents also the sum of
long- and short-range NMEs

is very noticeable, and the NMEs with 2BC are smaller,
as found in other studies as well [90]. The hybrid model,
based on both the NSM and pnQRPA calculations, also
gives a smaller total NME when compared to that of pure
pnQRPA. This is because the NSM gives smaller contribu-
tions at low excitation energies of the intermediate nucleus of
the 0νβ−β− decay than the pnQRPA. Interestingly, the mag-
nitudes of the hybrid-model NMEs converge toward those

of the nuclear shell model and the ab initio model. When
using the IBM-2 nuclear model, the short-range component
of the NME was also calculated. Depending on the cho-
sen parameters, this short-range contribution can amount to
more than 40% of the long-range NME. Its inclusion signif-
icantly enhances the total 0νβ−β− NME, resulting in val-
ues that are considerably larger than those obtained using
the pnQRPA and hybrid models. The potential impact and
enhancement due to the short-range component on the total
0νβ−β− nuclear matrix element (NME) has been investi-
gated in several previous studies [38,41,86,91], with recent
results suggesting that it contributes significantly to the total
NME.

With the use of the computed NMEs and the evaluated
phase-space factor, half-life estimates of the 0νβ−β− decay
of 122Sn could be made. Using the upper effective neutrino
mass limit, 0.156 eV, obtained in [88], the lower estimates
for the half-life range from 1.51×1027 to 1.63×1028 years,
depending on the nuclear model used. Unfortunately, no
experimental limits on the half-life are currently available.
Since the estimated half-lives are very long, exceeding the
highest experimental half-life limit, observing neutrinoless
double-beta decay of 122Sn is likely to be difficult. With the
new precise Q value, 122Sn can be used to test the theoreti-
cal and experimental frameworks used in double-beta decay
studies.
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