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We demonstrate a two-qubit variational quantum eigensolver (VQE) implementation using two
spatially separated single-photon processors connected via a 3 km optical fiber network. Our
approach leverages local operationsonpre-shared entanglement to evaluate two-qubit Hamiltonians.
By incorporating parameterizedweakmeasurement operationswithin the local operations framework,
we enable access to the complete Hilbert space across distributed quantum processors – a capability
typically requiring complex non-local operations. Our experimental results show accurate ground
state energy estimation for Hamiltonians including H-He+ cation and the Schwinger model, validating
both the necessity of weak measurements and high-quality entanglement in distributed quantum
computing. This work establishes a promising direction for resource-efficient, scalable quantum
network architectures that maintain full computational capabilities through local operations and
controlled entanglement manipulation.

Implementing large-scale quantum systems presents a major challenge,
requiring scalable architectures that ensure high-fidelity state preparation
and operations1,2. One promising approach is distributed quantum com-
puting (DQC), where small, well-controlled qubit modules are inter-
connected via pre-shared entangled states, known as network qubits3–6.
Within eachmodule, circuit qubits execute local quantumoperations, while
network qubits mediate inter-module interactions, enabling cooperative
large-scale quantum computation. To fully exploit the computational space
of distributed circuit qubits, pre-shared entanglements across network
qubits is essential for facilitating inter-module connectivity control.

In traditional DQC approaches, non-local operations based on
quantum gate teleportation allow the implementation of a universal gate
set across the network7–10. However, these methods typically require
complicated protocols involving multiple gates, additional ancilla qubits,
and classical communication, which can introduce errors and reduce
fidelity as the system scales. This raises the question: can we simplify the
distributed quantum computing paradigm while maintaining access to
the full computational Hilbert space?

Weak measurement offers a promising alternative for controlling
entanglement in distributed quantum systems11–13. Unlike projective mea-
surements that collapse quantum states entirely, weak measurements
induce partial collapses, allowing for the tuning of entanglement between

distant qubits. By controlling the measurement strength, one can access
quantum states that would otherwise require non-local operations.

In this paper, we demonstrate the feasibility of distributed quantum
computing by employing parameterized weak measurement. Using a basic
configuration in which two modules each host a network qubit, we show
that thenon-local operations traditionally required for establishing arbitrary
entangled states can be effectively replaced by local operations combined
with weak measurement. Specifically, we prove that this approach enables
the preparation of any arbitrary two-qubit state, thus accessing the full
Hilbert space necessary for quantum algorithms. We integrate this techni-
que into a variational quantum eigensolver (VQE) framework14–16, which
relies on parameterized quantum state preparation and measurement,
validating that high-fidelity quantum computations remain achievable in
distributed architectures.Our experimental implementationusing photonic
qubits demonstrates that weakmeasurement can serve as a practical tool for
entanglement manipulation in networked quantum processors, potentially
simplifying the requirements for scaling up quantum computing resources.

Results
Variational quantum eigensolver
The variational quantum eigensolver (VQE) is a hybrid quantum-classical
algorithm designed to find the ground state energy of a quantum system
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described by a Hamiltonian H14–16. VQE leverages the variational
principle of quantum mechanics, which states that for any trial wavefunc-
tion ∣Ψð θ!Þ

E
, the expectation value of the Hamiltonian provides an upper

bound to the ground state energy:

Eð θ!Þ ¼ Ψð θ!Þ
D

∣H∣Ψð θ!Þ
E
≥ Eg ; ð1Þ

where Eg is the true ground state energy, and θ
!

represents a set of varia-
tional parameters that characterize the trial wavefunction.

The VQE algorithm operates as follows: First, a parameterized quan-

tumcircuit prepares a trial state ∣Ψð θ!Þ
E
, commonly referred to as an ansatz

state. To measure the expectation value of the Hamiltonian Eð θ!Þ, the
Hamiltonian is decomposed into a linear combination of Pauli strings:

H ¼ P
i
ciPi; ð2Þ

where ci are real coefficients and Pi are tensor products of Pauli operators
(e.g., X ⊗ Y ⊗ Z). This decomposition allows the expectation value to be
calculated as a weighted sum of expectations of Pauli operators,
hHi ¼ P

i cihPii, which can be measured directly on the quantum hard-
ware throughappropriate basis rotations.Aclassical optimizer subsequently
updates the parameters θ

!
to minimize this energy expectation value:

Eg ¼ min
θ
! ½Eð θ!Þ�: ð3Þ

This iterative process continues until the energy converges, at which
point the algorithm has approximated the ground state energy and corre-
spondingwavefunction of the system. The effectiveness of VQEdepends on

the expressibility of the ansatz, which determines the algorithm’s ability to
represent the true ground state within the parameterized family of states.

While VQE has been primarily implemented on single quantum
processors with various physical platforms17–24, the growing interest in
quantum networks opens new possibilities for distributed quantum
computing25,26. In a networked environment, quantum processors at dif-
ferent locations can collaborate to solve computational problems thatmight
be intractable for individual nodes. This distributed approach to VQE
requires careful consideration of how entanglement and quantum opera-
tions are managed across the network.

VQE on quantum network
Figure 1 presents the schematic diagramofVQEbetweendistant parties. Let
us beginby a central partydistributes aBell state ∣Ψþ� ¼ 1ffiffi

2
p ∣01i þ ∣10ið Þ to

two distant parties, Alice and Bob, via quantum channels. Without loss of
generality, we can present the shared state between Alice and Bob in the
form of

∣Ψi ¼ ðIA � CBÞ∣Ψþ� ¼ 1ffiffiffi
2

p ð∣0i � ∣ψb

�þ ∣1i � ∣ψ?
b

�Þ; ð4Þ

where IA and CB are Alice’s identity channel and Bob’s arbitrary unitary
channel which satisfies CB∣1i ¼ ∣ψb

�
and CB∣0i ¼ ∣ψ?

b

�
. Note that ∣ψb

�
and ∣ψ?

b

�
are orthogonal, i.e., ψb

�
∣ψ?

b

� ¼ 0. It is notable that Eq. (4)
remains in a perfect entangled state since local unitary channels do not
change the amount of entanglement27. This means that, with only local
unitary operations,Alice andBob cannot access the fullHilbert space tofind
the solution of a given Hamiltonian.

In order to adjust amount of entanglement of distributed states, we
apply weak measurements or partial collapse measurements on Bob’s
qubit11–13. The weak measurements on an arbitrary state ∣ψb

�
can be

represented as

MðψbÞ
0 ¼ ∣ψb

�
ψb

�
∣þ ffiffiffiffiffiffiffiffiffiffiffi

1� p
p

∣ψ?
b

�
ψ?
b

�
∣;

MðψbÞ
1 ¼ ffiffiffi

p
p ∣ψ?

b

�
ψ?
b

�
∣;

ð5Þ

where 0≤p≤1 represents the weak measurement strength. Note that while
MðψbÞ

1 leads to a complete projection onto ∣ψ?
b

�
, MðψbÞ

0 produces only a
partial collapse towards ∣ψb

�
, thus called weak measurement.

Now, we apply this weak measurement operation MðψbÞ
0 to the pre-

shared state, yielding the post-measurement state:

ðI �MðψbÞ
0 Þ∣Ψi / 1ffiffiffi

2
p ð∣0i �MðψbÞ

0 ∣ψb

�þ ∣1i �MðψbÞ
0 ∣ψ?

b

�Þ; ð6Þ

and the normalized post-selected state becomes

∣ΨðpÞ� ¼ 1ffiffiffiffiffiffiffiffiffiffiffi
2� p

p ð∣0i � ∣ψb

�þ ffiffiffiffiffiffiffiffiffiffiffi
1� p

p
∣1i � ∣ψ?

b

�Þ: ð7Þ

FromEq. (7), we can understand the role ofweakmeasurement in the
networked VQE as a tuning knob for the amount of entanglement. For
example, when p = 0, the measurement has no effect, equivalent to a
perfect transmission channel that preserves maximal entanglement. On
the other hand, p = 1 corresponds to a complete projection onto
∣Ψðp ¼ 1Þ� ! ∣0i∣ψb

�
, collapsing the entangled state into a fully separ-

able state. Quantitatively, the concurrence of the output state in Eq. (7),
which quantifies the amount of entanglement, is given as

CðpÞ ¼ 2
ffiffiffiffiffiffiffiffiffiffiffi
1� p

p
2� p

: ð8Þ

Then, Alice and Bob perform local unitary operations (UA, UB) to
explore theminimumstate energy. TogetherwithBob’sweakmeasurement,

Distributed quantum processor units (QPUs)
| ⟩Ψ
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Linear calculation,
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Fig. 1 | Schematic diagram of distributed VQE. Two spatially separated QPUs
share N pairs of Bell states, with Alice performing local unitary operations UAð θ

!
AÞ

and Bob implementing both local unitaries UBð θ
!

BÞ and weak measurements
WMð p!Þ.Measurement outcomes are sent to classical processing units (CPU)which
computes the expectation value of the Hamiltonian and updates the parameters for
subsequent iterations.
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these local unitary operations enable them to explore entire space of pure
two-qubit states. To prove this, let us rewrite Eq. (7) in the general Schmidt
decomposition with a parameter θ where

ffiffiffiffiffiffiffiffiffiffiffi
1� p

p ¼ tan θ27. Then Eq. (7)
can be represented as

∣ΨðθÞ� ¼ cos θ∣0i � ∣ψb

�þ sin θ∣1i � ∣ψ?
b

�
: ð9Þ

This explicitly takes the form of the Schmidt decomposition.
According to the Schmidt decomposition theorem, any arbitrary two-

qubit pure state can be represented as:

∣ϕ
� ¼ ðUA � UBÞðcos θ∣e0

�� ∣f 0
�þ sin θ∣e1

�� ∣f 1
�Þ; ð10Þ

where ∣e0
�
; ∣e1

�
and ∣f 0

�
; ∣f 1

�
areorthonormal bases for thefirst and second

qubits, respectively. Therefore, by applying appropriate local unitary
operations to the state in Eq. (9), Alice and Bob can generate any arbitrary
two-qubit pure state:

∣Ψarb

� ¼ ðUA � UBÞ∣ΨðθÞ
�
; ð11Þ

where ∣0i; ∣1if g!UA f∣e0
�
; ∣e1

�g and f∣0i; ∣1ig!UB ∣f 0
�
; ∣f 1

�� �
.

We can generalize our method to the d-dimensional case with d = 2n.
The resources required to explore the whole d × d Hilbert space are a
maximally entangled two-qudit state and local operations and classical
communication (LOCC)28,29. The maximally entangled state can easily be
prepared with n pairs of Bell states, written as

∣Φþ��n ¼
On�1

m¼0

1ffiffiffi
2

p
X1
xm¼0

∣xm; xm
� ¼ 1ffiffiffiffiffi

2n
p

X2n�1

k¼0

∣k; ki; ð12Þ

where x0x1x2 � � � xn�1ð2Þ is a binary representation of k.
Starting from the maximally entangled state, it is possible to explore

the whole d × dHilbert space using LOCC transformation, provided that
arbitrary local operations are available to both Alice and Bob. In general,
implementing arbitrary operations on d qubits requires nonlinear two-
qubit operations. In particular, a joint weak measurement on two qubits,

represented as

M0 ¼ ∣00i 00h ∣þ ∣01i 01h ∣þ ∣10i 10h ∣
þ ffiffiffiffiffiffiffiffiffiffiffi

1� p
p

∣11i 11h ∣;
ð13Þ

M1 ¼
ffiffiffi
p

p
∣11i 11h ∣; ð14Þ

cannot be implemented simply by applying two separate weak measure-
ments on each qubit individually. In such cases, we can expand the
experimentally accessible Hilbert space by employing nonlocal measure-
ments acting jointlyonmultiple qubits30–34. Itwouldbe interesting to explore
optimization strategies within experimentally reliable nonlocal measure-
ments. However, the goal of VQE is to find ground states of given Hamil-
tonians rather than prepare arbitrary quantum states. Investigating which
classes of Hamiltonians admit ground states accessible through local weak
measurements alone constitutes an important direction for future research.

Scaling to n Bell pairs distributed across the network, our approach
maintains practical resource efficiency. The weak measurement strategy
requires OðnÞ strength parameters-one per Bell pair-enabling tunable
entanglement control across all network qubits. Combined with local
unitary operations, this provides access to a wide range of 22n-dimen-
sional Hilbert space needed for VQE. The total number of parameters
remains polynomial:OðnÞ toOðn2Þ for typical hardware-efficient ansatz
andOðnÞweakmeasurement parameters16,18. This avoids the complexity
of gate teleportation, which requires additional Bell pairs and classical
communication for each non-local gate, with overhead scaling with the
circuit depth rather than just the system size. By leveraging pre-shared
entanglement as a foundation and using weak measurements to tune
entanglement levels, our approach provides a resource-efficient pathway
for scaling quantum networks with multiple Bell pairs between nodes.

Experimental results
Figure 2 shows the experimental setup of the photonic VQE,which consists
of pre-shared entanglement and two distant QPUs. At the center of the
setup, a Sagnac interferometer with a periodically poled KTP crystal gen-
erates Bell states:

∣Ψþ� ¼ 1ffiffiffi
2

p ð∣HVi þ ∣VHiÞ; ð15Þ

PBS
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Fig. 2 | Experimental setup of the VQE on distributed quantum processors. The
central source produces telecom-wavelength Bell states, which are distributed to
Alice and Bob via 1.5 km optical fiber links. Each QPU contains waveplates (H, Q)
for local operations, with Bob’s QPU additionally incorporating a Mach-Zehnder

interferometer with polarization beam displacers (PBDs) to implement weak mea-
surements. Measurement results from superconducting nanowire single-photon
detectors (SNSPDs) are collected by the central coincidence counting unit (CCU).
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where ∣Hi and ∣Vi represent horizontal and vertical polarization states,
respectively, corresponding to the spin eigenstates ∣0i and ∣1i35–37. It gen-
erates high quality Bell state with the purity and concurrence of P = 0.98 ±
0.01, and C = 0.98 ± 0.01, respectively.

Each single-photon state is then transmitted to Alice and Bob via
two 1.5 km-long optical fibers. Upon receiving a single-photon, Alice’s
QPU applies an arbitrary local unitary transformation using a combi-
nation of a half-wave plate and a quarter-wave plate (H1, Q1). Addi-
tionally, she has a half waveplate HP placed between two quarter
waveplates at 45∘, which modifies the relative phase between the two
components of the initial Bell state of Eq. (15)38. Overall, Alice has three
parameters θ

!
A ¼ H1;Q1;HP

� �
for her ansatz state preparation via

UAð θ
!

AÞ. Following this, the Pauli basis measurements are performed by
sets of waveplates (H3, Q3), a polarizing beamsplitter (PBS), and a single-
photon detector (D1). The measurement results {PA} and θ

!
A are sent to

a classical process unit (CPU) located between Alice and Bob for further
processing in the VQE loop.

Bob’s QPU operates in a similar manner to Alice’s, but with an addi-
tional weak measurement stage. Upon receiving a single-photon, Bob first
implements the weak measurement using a Mach-Zehnder interferometer
with twopolarization beamdisplacers (PBDs) and twohalf-wave plates. The
PBD transmits horizontal (vertical) polarization state without (with) lateral
displacement. While one of the half waveplates is fixed at 45∘ (H45� ), the
other’s angle is controlled by an input parameter HWM. This way, Bob can
change the weak measurement strength p by adjusting the angle of HWM.
After the weak measurement, the local unitary operation and Pauli mea-
surement areperformedusing a set ofwaveplates ofH2,Q2 andH4,Q4, aPBS
anda single-photondetector (D2).Overall, Bob’s local operations canalsobe
parametrized with three wavelplate angles of θ

!
B ¼ HWM;H2;Q2

� �
. The

input parameters θ
!

B with thePaulimeasurement results {PB} are sent to the
CPU in the middle as well.

After bothQPUs complete their executions, a home-made coincidence
counting unit (CCU) in themiddle of Alice and Bob receives the joint Pauli

measurement results39,40. With the six input parameters of θ
!

A; θ
!

B

n o
¼

H1;Q1;HP;HWM;H2;Q2

� �
and the joint Pauli measurement results, the

CPU performs linear calculation and classical optimization. In the linear
calculation process, the CPU calculates the expectation value of Hamilto-
nian at the i-th VQE iteration 〈H〉i in Eq. (3). Then, with the six input

parameters θ
!

i and 〈H〉i, the classical optimizer updates the next input

parameters, θ
!

iþ1, to find the minimum expectation value hHimin and

transmits to Alice and Bob for the next VQE run. In our experiment, we
employed the COBYLA algorithm to perform the classical optimization
with tol = 0.01 and rhobeg=π/241, with a 200 max iteration cap that was
typically sufficient for convergence and restarts otherwise21. SeeMethods for
details. The experimental values and error bars are obtained by taking
averages and standard deviations of the five lowest energy points during a
single VQE run.

In order to verify our photonic VQE on two distributed QPUs, we
estimated the ground state energy of theH-He+ cation. TheHamiltonian of
this simple cation is described by twoPauli operators, providing an ideal test
case for our distributed VQE setup14. The detailed form of the Hamiltonian
with respect to the interatomic distance R is given in the Methods.

Figure 3a shows the input parameters and corresponding estimated
ground state energy with respect to the number of iterations at the intera-
tomic distance of R = 0.9Å. With a sufficient number of iterations, the
estimated ground state energy converges to its theoretical value
Eg =−2.863MJ/mol. It is worth noting that the optimal eigenstate of the
H-He+ cationHamiltonian at this interatomic distance is a nearly separable
state, ∣ψ

�
min � ∣00i. Indeed, as shown in Fig. 3a, the input parameterHWM,

which determines the weakmeasurement strength p, converges to HWM→

π/4 which means p→ 1.
Figure 3b presents the ground state energy as a function of the

interatomic distance R. The black line represents the theoretical values,
while the red circles indicate our experimental data at various interatomic
distances. The minimum ground state energy of hHimin ¼
�2:86 ± 0:02MJ=mol was obtained at the interatomic distance ofR = 0.9Å.
The error bars represent the standard deviation calculated from the five
lowest energy points during each VQE run.

To investigate the role of weak measurements, we conducted a com-
parative experiment without the weak measurement. For this test, we
removed the weak measurement setup, the Mach-Zehnder interferometer
with two PBDs, from Bob’s experimental setup. The results of this modified
experiment are shown as blue triangles in Fig. 3b. Details and interpretation
are discussed in the Discussion.

In order to further investigate the role of pre-shared entanglement in
distributed quantum computing, we tested the Schwinger Hamiltonian.
Thismodel describes the interaction betweenDirac fermions via photons in
a two-dimensional space20. The simplest form of the Schwinger Hamilto-
nian is presented as:

HðmÞ ¼ 1þ XX þ YY �mþ 1
2

ZI þ 1
2
ZZ þm

2
IZ; ð16Þ

Only U
WM + U
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Fig. 3 | Experimental results for the evaluation of the H-He+ cation using dis-
tributed quantum processors. a Convergence of the estimated energy and input
parameters during a singleVQE run atR = 0.9Å.bGround state energy as a function

of interatomic distance, comparing results with and without weak measurement.
Error bars are smaller than the size of markers.
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wherem denotes the particlemass. The optimal eigenstate of the Schwinger
Hamiltonian is computed as:

∣ψðmÞ�min � ∣01i � f ðmÞ∣10i; ð17Þ

where f ðmÞ ¼ 1
4 ð

ffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffiffi
4m2 þ 4mþ 17

p
þ 2mþ 1Þ. For m = − 1/2, f(m) = 1

and the ground state becomes a maximally entangled Bell state ∣Ψ�i ¼
1ffiffi
2

p ð∣01i � ∣10iÞ with eigenvalue E−1/2 = − 3/2. For other values of m, the
ground state is only partially entangled.

To verify the critical role of pre-shared entanglement, we introduced
variable noise to the initial stateEq. (15)by addingdifferent lengthsof quartz
in Alice’s quantum channel, which induce group velocity differences
between ∣Hi and ∣Vimodes. This causes dephasing noise to the initial state,
so the pre-shared state becomes:

ρðλÞ ¼ 1� λ

2

� �
σyII ∣Ψ

þ� Ψþ�
∣σII þ

λ

2
σyIZ∣Ψ

þ� Ψþ�
∣σIZ ð18Þ

where λ represents the strength of noise. The VQE results with different
amounts of noise are presented in Fig. 4a. In addition to the no-noise case
(red circles for λ = 0), we present the experimental minimum eigenvalues
with noise of λ = 0.5 and 1 with green squares and blue triangles,
respectively. The minimal eigenvalues at m = − 1/2 are
hHimin ¼ �1:40 ± 0:02;�0:71 ± 0:02, and 0.25 ± 0.05 for λ = 0, 0.5 and
1, respectively. It is clear that increasing noise λ introduces increasingly
erroneousminimal eigenvalues nearm =−1/2, highlighting the importance
of high-fidelity pre-shared entanglement.

Furthermore, we investigated the role of weak measurements in
accessing the full Hilbert space. Figure 4b shows experimental results
comparing VQE implementations with and without weak measurements.
Without weak measurements, the algorithm consistently converged to an
eigenvalue of − 1.5 regardless of m. In contrast, enabling weak measure-
ments allowed convergence to the true ground state energies across different
mass values. Further interpretation is provided in the Discussion.

Discussion
In order to clearly demonstrate the crucial role of weak measurement in
the networked VQE implementation, we conducted a comparative
experiment in Fig. 3b. Without weak measurement, the experimentally
obtained ground state energies consistently fail to reach the theoretical
values across all interatomic distances. This significant discrepancy
demonstrates that without weakmeasurement, the system cannot access
the full Hilbert space required to accurately represent the ground state of
the Hamiltonian. This result confirms our theoretical prediction that

weak measurement is essential for enabling distributed quantum pro-
cessors to explore the completeHilbert space necessary for effectiveVQE
implementation.

In the case of the Schwinger Hamiltonian, the impact of noise is par-
ticularly pronounced nearm =− 1/2, where the ground state approaches a
maximally entangled Bell state. In this region, the entanglement reduction
caused by channel noise λ significantly degrades the VQE performance, as
the algorithm cannot reach the required high entanglement level. Con-
versely, for larger ∣m∣ values, the ground states become increasingly separ-
able (as indicated by Eq. (17)), making them less sensitive to entanglement
degradation. This explains why the error induced by noise decreases as ∣m∣
increases. The results clearly demonstrate that maintaining high-fidelity
pre-shared entanglement is crucial for accurately finding ground states
across the entire parameter range.

Beyond entanglement quality, we also investigated the role of
weak measurements in accessing the full Hilbert space. In our
experimental setup with an initially shared maximally entangled Bell
state, reaching the ground state when m = − 1/2 requires only local
unitary operations since these preserve the entanglement level.
However, for m ≠ − 1/2, where the ground state is partially entangled,
weak measurements become necessary to reduce the entanglement to
the appropriate level. Figure 4b demonstrates this critical distinction.
When employing VQE without weak measurements and starting from
a maximally entangled state, the algorithm consistently converges to
an eigenvalue of − 1.5, indicating the final state remains maximally
entangled (the ∣Ψ�i state). This occurs regardless of the target mass
parameter, as the procedure lacks a mechanism to reduce entangle-
ment to reach partially entangled ground states for m ≠ − 1/2.

In contrast, with weak measurements enabled, our procedure suc-
cessfully converges to the true ground state energy across various mass
values. These results collectively demonstrate that both high-quality pre-
shared entanglement and the ability to manipulate entanglement through
weak measurements are essential for effective distributed quantum com-
puting.This combinationprovides theflexibility needed to access stateswith
different entanglement levels based on specific problem requirements.

In conclusion, we have successfully implemented a distributed
variational quantum eigensolver using photonic quantum processors
connected through a 3 km optical fiber network. Our approach intro-
duces a fundamentally different paradigm for distributed quantum
computing by integrating parameterized weak measurements with local
unitary operations to achieve precise control over pre-shared entan-
glement. This combination provides full access to the two-qubit Hilbert
space without requiring complex non-local operations that are typically
necessary in distributed architectures.
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Notably, our scheme maintains favorable resource scaling with
only OðnÞ additional weak measurement parameters-one per Bell
pair-complementing the OðnÞ to Oðn2Þ variational parameters
required by typical VQE ansatz. This linear overhead avoids the
complexity of gate teleportation, which requires additional Bell pairs
and classical communication for each non-local gate, with overhead
scaling with circuit depth rather than system size alone. Leveraging
pre-shared entanglement and using weak measurements to tune the
amount of entanglement, our approach offers a resource-efficient
framework for scaling quantum networks with multiple Bell pairs
between nodes.

Through evaluations of both the H-He+ cation Hamiltonian and the
Schwinger model, we have demonstrated that weak measurements play a
crucial role in distributed quantum computation. Our experimental
results clearly show that without weak measurement capabilities, the
quantum processors cannot access states with the appropriate entan-
glement structure required to represent ground states of general
Hamiltonians. Additionally, we verified that high-quality pre-shared
entanglement is essential, as degradation in entanglement fidelity directly
impacts solution accuracy.

Our demonstration highlights the versatility of photonic qubits not
only as carriers of quantum information across networks but also as capable
processing elements for quantum computation. The success of our weak
measurement-assisted distributed quantum computing approach estab-
lishes a viable and adaptable framework for future quantum information
processing technologies that harness the power of quantum networks42.

Methods
H-He+ cation Hamiltonian
In the framework of second-order quantization, any Hamiltonian can be
expressed as

H ¼
X
p;q

hp;qa
y
paq þ

X
p;q;r;s

hp;q;r;sa
y
pa

y
qaras þ � � � ; ð19Þ

where a† and a denote the creation and annihilation operators, respectively.
Through the Jordan-Wigner transformation, equation (19) can be
reformulated as a linear sum of Pauli operators: (19) an be presented as a
linear summations of Pauli operators as

H ¼
X
j

wj � σ j þ
X
jk

wjk � σ j � σk þ � � � : ð20Þ

The coefficients wj, wjk, ⋯ are calculated during the transformation. The
coefficients are presented in Table 1. Here,X,Y,Z, I correspond to the Pauli
matrices σx, σy, σz and the identity operators, respectively14.

The classical optimizer
We evaluated the hyperparameters of the COBYLA optimizer using 1000
emulation runs on a classical computer. The initial parameters were ran-
domized for each run, and we accounted for a Bell state purity of 0.98 and
used 50,000 shots to reflect the experimental conditions. Figure 5a shows the
histogram of the estimated energy, and Fig. 5b shows the number of

Table1 | ThePauli operatorsandcorrespondingweights that form theHamiltonian, shown in relation to the interatomicdistance

R [Å] II IZ ZI ZZ IX ZX XI XZ XX

0.05 33.9557 −2.4784 −2.4784 0.2746 −0.1515 0.1515 −0.1515 0.1515 0.1412

0.1 13.3605 −2.4368 −2.4368 0.2081 −0.1626 0.1626 −0.1626 0.1626 0.2097

0.2 3.633 −2.2899 −2.2899 0.1176 −0.1405 0.1405 −0.1405 0.1405 0.3027

0.5 −2.3275 −1.5236 −1.5236 0.1115 −0.157 0.157 −0.157 0.157 0.3309

0.7 −3.3893 −1.2073 −1.2073 0.1626 −0.1968 0.1968 −0.1968 0.1968 0.3052

0.9 −3.8505 −1.0466 −1.0466 0.2356 −0.2288 0.2288 −0.2288 0.2288 0.2613

1.1 −4.0539 −0.982 −0.982 0.3225 −0.243 0.243 −0.243 0.243 0.2053

1.5 −4.1594 −0.991 −0.991 0.4945 −0.2086 0.2086 −0.2086 0.2086 0.0948

2 −4.1347 −1.0605 −1.0605 0.6342 −0.1119 0.1119 −0.1119 0.1119 0.0212

2.5 −4.0918 −1.1128 −1.1128 0.701 −0.0454 0.0454 −0.0454 0.0454 0.0032

-2.87 -2.86 -2.85 -2.84

150

100

0

50

200

Energy [MJ/mol]
-2.9 -2.7 -2.5 -2.3 -2.1

ycneuqerF

200

100

0

50

250
ba

150

Number of iterations
50 100 150 2000

Fr
eq

ue
nc

y

150

100

0

50

200

Fig. 5 | The classical computer emulation test results of the classical optimizers
with 1000 trials. a The estimated energy (b) the number of iterations. In a the red
solid line represents theoretical value of our simulated Hamiltonian,

Eg =−2.863 MJ/mol. The gray region shows the optimizer’s convergence tolerance
tol = 0.01, which corresponds to the convergence criterion.
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iterations. In Fig. 5a, the red vertical line indicates the theoretical value
Eg =−2.863MJ/mol. The gray region represents the convergence tolerance
range of the optimizer, tol = 0.01. The mean estimated energy value is
−2.853 ± 0.006MJ/mol, which differs negligibly from the theoretical value
and is mainly due the Bell state purity. From Fig. 5b, the mean number of
iterations is 76, indicating that a maximum iteration cap of 200 is sufficient.

Data availability
The data and analysis scripts are available from the corresponding author
upon reasonable request.

Code availability
We cite the specific COBYLA implementation used in this study41. Sup-
porting scripts used in the analysis (including hyperparameter settings and
emulation routines) are available upon reasonable request.
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