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Abstract Over the last decades, tests on the standard model
of cosmology, the so-called �CDM model, have been widely
analysed and compared with many different models for
describing dark energy. Modified gravities have played an
important role in this sense as an alternative to �CDM
model. Previous observational data has been always favour-
ing �CDM model in comparison to any other model. While
statistically speaking, alternative models have shown their
power, fitting in some cases the observational data slightly
better than �CDM, the significance and goodness of the fits
were not significantly relevant to exclude the standard model
of cosmology. In this paper, a generalisation of exponen-
tial F(R) gravity is considered and compared with �CDM
model by using the latest observational data. Also some well-
known model independent parameterisations for the equation
of state (EoS) of dark energy are explored. These scenarios
are confronted with the renewed observational data involving
the Pantheon plus datasets of supernovae type Ia, the Hub-
ble parameter estimations, data from the cosmic microwave
background and baryon acoustic oscillations, where the lat-
ter includes the data provided by Dark Energy Spectroscopic
Instrument Collaboration. Results of this analysis suggest
that standard exponential F(R) models provide much bet-
ter fits than �CDM model, which is excluded at 4σ . More-
over, the parameterisations of the equation of state suggest a
non-constant EoS parameter for dark energy, where �CDM
model is also excluded at 4σ .

a e-mail: odintsov@ice.csic.es
b e-mail: diego.saez@uva.es (corresponding author)
c e-mail: sharov.gs@tversu.ru

1 Introduction

Modern cosmology aims to approach an exhaustive explana-
tion of available observational data. To do so, many different
approaches are followed in the literature. The Cosmological
Standard model assumes General Relativity (GR) to be valid
but at the price of assuming additional unknown components,
such as dark matter, dark energy. Other well-known ways to
explain the observations lies on considering different types
of modifications of GR [1–6]. From time to time cosmolo-
gists have to improve the corresponding theories in order to
achieve to describe new release of observational data.

Recent measurements of baryon acoustic oscillations
(BAO) from the Dark Energy Spectroscopic Instrument
(DESI) from Data Release 1 point to corrections in the predic-
tions of some known cosmological models [7–9]. The DESI
Data Release 1 includes BAO data from clustering of galax-
ies, quasars and the Lyman-α forest in the redshift range
0.1 < z < 4.16. For some popular cosmological scenar-
ios these new data in combination with the Pantheon+ com-
pilation of type Ia supernovae (SN Ia) data [10] and other
observational datasets can improve the estimations of the
free model parameters, particularly the equation of state for
dark energy, the Hubble constant as well as other parame-
ters [7–9,11,12]. Moreover, new data, particularly late-time
data, might help to infer about the solution to the Hubble
constante tension [13], which seems to be eluded when one
just considers early-time data [14].

In this paper, the new BAO and SN Ia observations are
considered in the framework of modified gravity. In partic-
ular, the so-called F(R) gravity, an extension of GR with a
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Lagrangian that depends non-trivially on the Ricci scalar R
is analysed. F(R) gravity models have been widely analysed
in the literature because they can successfully describe both
the inflationary era and the late-time epoch with accelerat-
ing expansion of the universe [1–6,15]. In addition, some
observational limitations that include local constraints, as in
the Solar system, together with a reasonable limit to recover
the usual cosmological evolution along radiation and matter
dominated epoch have been analysed and some viable mod-
els that accomplish some particular constraints have been
considered in the literature [16–20], which can also describe
well the SN Ia, BAO, CMB observational data related to the
late-time cosmological evolution [21–23].

One of the most interesting models of this type of viable
F(R) gravities is a class of exponential gravities [18,24–
26]. These models contain a term that consists on a negative
exponential of the Ricci scalar R, such that it mimics �CDM
model asymptotically (at early times), when the exponential
becomes negligible. Such scenario generally occurs in two
cases: (a) as far as the Ricci scalar is large enough at the
early epoch and/or (b) for a large value of the parameter that
modulates the exponential. Indeed, when the Ricci scalar
is below a particular scale, the exponential term plays an
important role, and the resulting cosmological evolution can
essentially differ from that predicted by the �CDM model.
As shown previously in the literature, this type of exponential
gravity can successfully describe observational data in com-
parison with other models [27–30]. Moreover, exponential
gravities may reproduce the whole cosmological evolution,
unifying early-time inflation and late-time acceleration. For
this purpose an action should include an inflationary term (for
example, based on R2 inflation) that act effectively at early
times but is suppressed or vanishes at the end of inflation
[24–26,29]. Some modifications of exponential gravity with
extra logarithmic terms motivated by quantum gravity and
with an axion scalar field have been also studied and tested
versus observational data in some previous papers [31–33].
Some other generalisations of exponential F(R) gravity have
been considered, where a term of the type e f (R) is included
in the action [23,34,35].

In this paper, the standard exponential gravity model pro-
posed in Refs. [18,24–26] is considered together with a gen-
eralisation of such a model. Both are tested with observa-
tional data and compared to �CDM model. Results of these
tests strongly favour exponential F(R) gravity models in
comparison to �CDM model, even when considering the
fact that the number of free parameters is larger for the F(R)

gravity cases. In this sense,�CDM model is excluded at more
than 3σ for both exponential gravity models, reaching 4σ in
the case of standard exponential gravity. Moreover, in order
to check and support such results, some well-known model
agnostic parameterisations for the dark energy equation of
state (EoS) are considered, namely: wCDM and Chevallier–

Polarski–Linder (CPL) models [36,37], where the former
assumes a constant EoS parameter and the latter a dynamical
one. Results also favour in this case a dynamical EoS for dark
energy versus a constant one. Indeed, wCDM provides better
fits than �CDM model, which lies within the 2σ confidence
region i.e. with no statistically relevance, whereas CPL mod-
els fit much better the data and excludes �CDM at 4σ . These
analysis confirm previous conclusions by some recent papers
[7–9,38–43] where the recent DESI BAO data points to an
evidence for modified gravity or dynamical dark energy. In
addition, despite other older analysis also favoured the pos-
sibility of modified gravity [44], the evidence now turns out
much stronger. Such an evidence is also supported by other
different analysis where CMB anisotropy power spectra is
studied [45]. Moreover, for long time the possibility that the
EoS parameter deviates from −1 has been pointed out, also
by some recent analysis [46], such that all these results sup-
port the idea that �CDM model might be ruled out definitely.

The paper is organised as follows: in Sect. 2, the dynami-
cal equations for the exponential F(R) gravity are obtained.
In Sect. 3, SN Ia, BAO, H(z) and CMB observational data
are briefly described. The models are confronted with the
observations and results are analysed in Sect. 4. In the next
section we compare our F(R) gravity tests with wCDM and
CPL scenarios. Finally, conclusions are provided in Sect. 6.

2 Dynamics in F(R) gravity

The so-called F(R) gravity models are described by the fol-
lowing gravitational action: [18,24–29]

S =
∫

d4x
√−g

[
F(R)

2κ2 + Lm

]
, (1)

where Lm is the matter Lagrangian, κ2 = 8πG with G being
the Newtonian gravitational constant. Here, we are assuming
a flat Friedmann–Lemaître–Robertson–Walker metric:

ds2 = −dt2 + a2(t) δi j dx
i dx j . (2)

Then, by varying the action (1), FLRW equations are
obtained [29,32]:

3H2FR = RFR − F

2
− 3H ḞR + κ2ρ ,

−2Ḣ FR = F̈R − H ḞR + κ2(ρ + p) . (3)

Here FR ≡ dF(R)
dR , H = ȧ/a is the Hubble parameter and

the dot denotes derivatives with respect to the cosmic time t ,
whereasρ and p are the energy density and the pressure for all
the species (including dark matter and all the species), respec-
tively. The continuity equation for the energy-momentum
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tensor takes the usual form:

ρ̇ = −3H(ρ + p) . (4)

For the purposes of this paper, we might use the relation
R = 6Ḣ + 12H2 to rewrite the FLRW equations (3) as a
dynamical system as follows [29,33]:

dH

d log a
= R

6H
− 2H, (5)

dR

d log a
= 1

FRR

(
κ2ρ

3H2 − FR + RFR − F

6H2

)
. (6)

Here, we are considering a particular model of F(R) grav-
ity, given by:

F(R) = R − 2�
(
1 − e−βRα )

, R = R

2�
, (7)

where β is a dimensionless parameter and R is the normal-
ized Ricci scalar. As shown in some previous literature, an
additional term Finf might be considered in the action (7),
which would correspond to the dominated term during infla-
tion [29]. However, such inflationary contribution is consid-
ered to become negligible at late-times, such that is not con-
sidered in this paper. Note also that by setting α = 1 in (7),
one recovers the well-known exponential F(R) gravity that
has been considered in previous literature [18,24–26,29]. In
addition, for α > 0 the model (7) reduces to the usual �CDM
model for the limits β → +∞ and/or R → +∞, where the
latter turns out at early times. In this sense, the analysis of
this paper considers observational data (see Sect. 3 for more
details) for late times, since the earliest data comes from the
Cosmic Microwave Background (CMB), which is located
at redshifts z � 1100. Other observational data, as SN Ia,
CC and BAO, are located at much less redshifts z ≤ 2.4. The
epoch with redshifts z < 104 corresponds toR < 1013 when
any inflationary term Finf becomes negligible, since the nor-
malised Ricci scalar at the end of inflation is many orders
of magnitude larger, R0 ∼ 1085 [47]. During the matter
domination epoch at z < 104, pressureless matter contains
baryons and dark matter: ρm = ρb + ρdm . Then, cosmolog-
ical evolution for the matter and radiation energy densities
are obtained by the continuity equation, which yield: (4):

ρ = ρ0
ma

−3 + ρ0
r a

−4, (8)

where ρ0
m and ρ0

r are the energy densities at the present time
t0, where a(t0) = 1. In order to reduce the number of free
parameters, the radiation-matter ratio is fixed by Planck data
[33,47,48] as:

Xr = ρ0
r

ρ0
m

= 2.9656 · 10−4 . (9)

As pointed above, for the limit R → +∞ or more precisely,
for βRα 	 1, the model (7) becomes close to �CDM model,
such that one can assume with no loss of generality that the
Hubble parameter and the Ricci scalar would be close to the
ones given for the �CDM model asymptotically, which are
given by: [29,33,47]:

H2

H∗2
0

= 
∗
m

(
a−3 + Xra

−4) + 
∗
� ,

R

2�
= 2 + 
∗

m

2
∗
�

a−3 .

(10)

Here H∗
0 , 
∗

m and 
∗
� are the Hubble constant, matter/�

cosmological parameters for the �CDM model that mim-
ics the exponential F(R) model at asymptotically at early
times. Nevertheless, in general, the values for the cosmo-
logical parameters will differ for the F(R) gravity model
(7), since even under the assumption that the F(R) model
matches (10) at high redshifts 103 ≤ z ≤ 105, the late-
time evolution will deviate from the �CDM scenario. In this
sense, the parameters for both models are related as follows
[33]:


0
mH

2
0 = 
∗

m(H∗
0 )2 = κ2

3
ρm(t0),


�H2
0 = 
∗

�(H∗
0 )2 = �

3
. (11)

Then, by using H∗
0 , the Hubble parameter can be normalised

as E = H
H∗

0
. Whereas the dynamical equations (5) and (6) can

be expressed in terms of the dimensionless variables E(a)
and R(a), which lead to:

dE

dx
= 
∗

�

R
E

− 2E, x = log a, (12)

dR
dx

=

[

∗
m(a−3 + Xra−4) + 
∗

�

(
1 − (1 + αβRα) e−βRα )]

/
E2 − 1 + αβRα−1e−βRα

αβ(αβRα + 1 − α)Rα−2e−βRα .

(13)

By following some previous analysis (see for instance
[29,33]) the system of Eqs. (12), (13) can be solved numer-
ically by starting at some appropriate initial redshift where
the �CDM asymptotical conditions (10) hold, which are then
imposed as initial conditions for the equations. This means
that at the initial point the factor ε = e−βRα

ini should be
much smaller than unity. For the calculations of this paper,
ε ∼ 10−9 is assumed, which can be used to obtain the inte-
gration starting point through Eq. (10), which gives:

xini = −1

3
log

{
2
∗

�


∗
m

[(
log ε−1

β

)1/α

− 2

]}
. (14)

Thus, the solutions E(a),R(a) can be obtained for the partic-
ular F(R) model that is considered here, while the Hubble
parameter H(a) or H(z) is obtained via Eq. (11). Remind
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that z = a−1 − 1 and a(t0) = 1. Hence, the cosmological
evolution for this F(R) model can be compared with obser-
vational data, which is described in the next section.

3 Observational data

In order to fit the model (7) with observational data, Super-
novae Ia (SNe Ia), baryon acoustic oscillations (BAO), esti-
mations of the Hubble parameter H(z) or Cosmic Chronome-
ters (CC) and parameters from the cosmic microwave back-
ground radiation (CMB) are considered.

In this paper, the Pantheon+ sample database [10] is used,
which provides NSN = 1701 datapoints that contains infor-
mation of the distance moduli μobs

i at redshifts zi from 1550
spectroscopically SNe Ia. Then, the χ2 function is computed:

χ2
SN(θ1, . . . ) = min

H0

NSN∑
i, j=1

�μi
(
C−1

SN

)
i j�μ j

�μi = μth(zi , θ1, . . . ) − μobs
i . (15)

Here θ j are free model parameters, CSN is the NSN × NSN

covariance matrix and μth are the theoretical values for the
distance moduli, which is calculated as follows:

μth(z) = 5 log10
(1 + z) DM (z)

10pc
, DM (z) = c

z∫

0

dz̃

H(z̃)
.

(16)

For evaluating the function (15), the Hubble constant H0 (or
equivalently the “asymptotical” constant H∗

0 ) is considered
as a nuisance parameter.

For BAO new data from Dark Energy Spectroscopic
Instrument (DESI) Data Release 1 [7–9] is considered. The
comparison is performed by calculating two distances:

dz(z) = rs(zd)

DV (z)
, A(z) = H0

√

0

m

cz
DV (z), (17)

where DV (z) = [
czD2

M (z)/H(z)
]1/3, zd being the redshift

at the end of the baryon drag era whereas the comoving sound
horizon rs(z) is obtained as follows: [33]:

rs(z) =
∫ ∞

z

cs(z̃)

H(z̃)
dz̃

= 1√
3

∫ 1/(1+z)

0

da

a2H(a)

√
1 + [

3
0
b/(4
0

γ )
]
a

. (18)

The estimations for zd and for the ratio of baryons and pho-
tons 
0

b/
γ are fixed by the Planck 2018 data [49].

DESI DR1 data [7–9] that includes BAO data from clus-
tering of galaxies, quasars and the Lyman-α forest in the red-
shift range 0.1 < z < 4.16 provides 6 datapoints, shown in
Table 1. In addition, another 21 BAO data points that provide
dz(z) as well as 7 data points that gives A(z) are considered
[33,47,50]. Then, the following χ2 function is obtained for
the fittings with BAO data:

χ2
BAO(
0

m, θ1, . . . ) = �d · C−1
d (�d)T + �A · C−1

A (�A)T .

(19)

Here, �di = dobs
z (zi ) − d th

z (zi , . . . ), �Ai = Aobs(zi ) −
Ath(zi , . . . ), Cd and CA are the covariance matrices for the
correlated BAO data [51,52].

Moreover, Cosmic Chronometers (CC) or the Hubble
parameter data H(z), which are measured as H(z) = ȧ

a �
− 1

1+z
�z
�t from differential ages �t of galaxies with known

�z are considered, which provides NH = 32 CC datapoints
[53–60]. The χ2 function for CC H(z) data is:

χ2
H (θ1, . . . ) =

NH∑
j=1

[
H(z j , θ1, . . . ) − Hobs(z j )

σ j

]2

. (20)

Regarding the CMB observational parameters from Planck
2018 data [49], the following values are considered [61]:

R =
√


0
m
H0DM (z∗)

c
, �A = πDM (z∗)

rs(z∗)
, ωb = 
0

bh
2,

(21)

where z∗ is the photon-decoupling redshift estimated in
Ref. [61], DM is the comoving distance (16), h = H0/

[100 kms−1Mpc−1] and rs(z) is the comoving sound hori-
zon (18). The corresponding χ2 function for the CMB data
is computed by:

χ2
CMB = min

ωb
�x · C−1

CMB

(
�x

)T
, �x = x − xPl (22)

where x = (
R, �A, ωb

)
. The observational values, which are

obtained with free amplitude for the lensing power spectrum,
are provided in [49,61].

xPl = (
1.7428 ± 0.0053, 301.406 ± 0.090,

0.02259 ± 0.00017
)
. (23)

The covariance matrix CCMB = ‖C̃i jσiσ j‖ is described in
Ref. [61].

In the following section, the model (7) and the �CDM
model are compared by using the above observational data
sources and the corresponding fits for the free parameters are
obtained.
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Table 1 DESI DR1 BAO data

zeff 0.295 0.51 0.706 0.93 1.317 2.33

z range 0.1–0.4 0.4–0.6 0.5–0.8 0.8–1.1 1.1–1.6 1.77–4.16

dz 0.1261 ± 0.0024 0.0796 ± 0.0018 0.0629 ± 0.0014 0.05034 ± 0.0008 0.04144 ± 0.0011 0.03173 ± 0.00073

4 Testing the models with observational data

The F(R) model (7) is compared to the above observational
data. To do so, two cases are considered: fixing α = 1 and
keeping α as a free parameter its observational predictions.
For this purpose, the total χ2 function with the contributions
from SN Ia, BAO, CC and CMB is computed:

χ2 = χ2
SN + χ2

BAO + χ2
H + χ2

CMB . (24)

The model (7), after fixing the radiation-matter ratio (9),
contains Np = 5 free parameters:

α, β, 
0
m, 
�, H0 . (25)

For α = 1, that recovers the standard exponential gravity
model, the number of free parameters is reduced to Np = 4.
In both scenarios the fittings are computed for the parameters

0

m , 
�, H0 instead of 
∗
m , 
∗

�, H∗
0 , by using the relations

(11).
The results for both exponential cases are depicted in

Fig. 1, where the �CDM model is also included for com-
parison, which is described by the Hubble parameter:

H2 = H2
0

[

0

m(a−3 + Xra
−4) + 1 − 
0

m − 
0
r

]
, (26)

which contains Np = 2 free parameters 
0
m and H0. Note

that the �CDM scenario is recovered in the limit β → +∞
for the model (7) independently of α > 0.

In order to show the results of the fits for the free param-
eters (25), the corresponding contour plots are depicted in
Fig. 1. The contours correspond to 1σ (68.27%) and 2σ

(95.45%) confidence regions for the two-parameter distri-
butions χ2(θi , θ j ), which are obtained by minimising the χ2

over all the remaining free parameters. For instance, the con-
tours depicted in the bottom-left panel of Fig. 1 are obtained
by

χ2(
0
m, H0) = min

α,β,
�

χ2(α, . . . , H0),

and show the estimations for the three models.
The blue stars for the F(R) model (7), the magenta dia-

monds for the case α = 1 and the green circles for �CDM
denote the best fits with min χ2 of the corresponding two-
dimensional distributions. The best fits for the free parame-
ters are also shown in Fig. 1 in the one-parameter distributions

χ2(H0) and the likelihoods L(θ j ), which are obtained by:

L(θ j ) = exp

[
− χ2(θ j ) − mabs

2

]
, (27)

where χ2(θ j ) = min
other θk

χ2(θ1, . . . ), θ j is the corresponding

model parameter and mabs the absolute minimum for χ2. In
addition, the best fits with the corresponding 1σ errors for
the free model parameters (25) are also shown explicitly in
Table 2 below.

As shown in Table 2, the generalized exponential F(R)

model (7) with provides a best fit for α that is very close to
1, in other words, for the above observational data, the gen-
eralized model (7) achieves the best results when it becomes
the standard exponential F(R) model (7) with α = 1. In
addition, both cases show the same absolute value for the
min χ2.

The one-parameter distributions χ2(H0) for all the models
are shown in the top-right panel of Fig. 1. The results seem to
favour clearly the modified gravity models in comparison to
the �CDM model. One may conclude that the last Pantheon+
SN Ia and DESI BAO observational data change the domain
of the free parameters, where both exponential F(R) models
achieve the most successful results, in comparison to previ-
ous analysis in the literature [29]. The fits for the parameter
β favours smaller values than previous analysis with older
data. The main point lies on the fact that the smaller β val-
ues are, the larger the difference between exponential F(R)

models and the �CDM arise, which is reflected in the dif-
ferent values for χ2 for each model. By considering larger β

values, the χ2 in the F(R) cases become larger and tend to
the �CDM results.

In addition, the different behaviour of the exponential
F(R) models in comparison to the �CDM scenario also
leads to different predictions for the best fits of the Hubble
constant H0 and for the matter density parameter 
0

m . Table 2
shows that the �CDM best fit of the Hubble constant is given
by H0 = 68.51+1.56

−1.53 km/(s·Mpc) whereas for the model (7),

it leads to H0 = 66.06+1.61
−1.59 km/(s·Mpc) (the case α = 1

provides similar result), which are mutually excluded at 1σ .
For the matter density parameter 
0

m the �CDM and F(R)

models are excluded to more than 3σ in their predictions, as
shown in Fig. 1.

The best fits for β and 
� are rather close for both expo-
nential models, in particular, 
� = 0.571+0.058

−0.057 for model
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Fig. 1 Contour plots of χ2 with 1σ , 2σ CL, likelihood functions L(θi ) and one-parameter distributions χ2(H0) for the exponential F(R) model
(7) in comparison with its particular case α = 1 and with the �CDM model

(7) and 
� = 0.570+0.010
−0.007 for its case α = 1. For the sce-

nario (7), the 1σ error are larger (and the contours are wider)
that may be connected with the additional degree of freedom
α, though the best fit for α is close to 1. However, they both
lead to similar best fits for H0 and 
0

m .
The large difference regarding the best fits for both

exponential models when comparing the absolute minimum
mabs = min χ2 with respect to the standard �CDM model
does not vanish even when considering the number of free
parameters Np for each case and following the Akaike infor-
mation criterion [62]

AIC = min χ2
tot + 2Np. (28)

The more free parameters has a model, the larger AIC is.
As shown in Table 2, despite 2Np is smaller for the �CDM
model, this does not save the standard model of cosmology
in comparison to the exponential modified gravity. To show
this clearer, the difference �AIC = AICmodel − AIC�CDM

is included in Table 2.

5 Parameterisations of the dark energy EoS

Previous results concerning the great success of the expo-
nential F(R) models in comparison to �CDM model when
considering the Akaike information criterion suggests two

123



Eur. Phys. J. C           (2025) 85:298 Page 7 of 11   298 

key questions: (a) what is the nature of the large differences
according to �AIC, are any of the observational data strongly
favouring modified gravity in comparison to others?; (b) are
those results pointing to a dynamical EoS parameter for dark
energy? The last question is also inspired by recent attempts
[7,38–40] to confront the last DESI BAO data with different
scenarios.

In this section, we test two popular parameterisations of
EoS for dark energy: the so-called wCDM model and the
Chevallier–Polarski–Linder (CPL or w0waCDM) model [36,
37]. The pressure and energy densities of dark energy are
related by its EoS

pde = wρde,

where,

w = const, for w − CDM model,

w = w0 + w1(1 − a), for CPL model. (29)

Both provide a generalisation of �CDM model in an agnostic
model way. Then, the Hubble parameter yields:

H2 = H2
0

[

0

m(a−3 + Xra
−4)+ (1−
0

m −
0
r ) f (a)

]
, (30)

where f (a) = a−3(1+w) for wCDM and f (a) =
a−3(1+w0+w1)e3w1(a−1) for CPL model. By comparing to
�CDM model, one can see that an additional parameter w

arises in wCDM while CPL model contains two extra free
parameters, w0, w1. For w1 = 0 CPL reduces to wCDM
whereas �CDM model is recovered for w = w0 = −1 in
both cases (together with w1 = 0 in the CPL model).

Results of the comparison with observational data for
these models are shown in Table 2 and depicted in Fig. 2.
For wCDM model the absolute minimum of χ2, the value
for AIC (28) and the best fits for 
0

m and H0 lies in-between
the �CDM and F(R) results, whereas data again strongly
favours the CPL scenario, where the min χ2 and AIC param-
eter achieve the smallest values.

As shown in Table 2, the best fits of 
0
m and H0 for the

CPL model and exponential F(R) gravities are very close,
such that the CPL best fits also differs with respect to the
�CDM predictions for more than 3σ in the case of the density
parameter 
0

m and near 1σ for H0.
According to min χ2 and the Akaike information crite-

rion, CPL fits slightly better the data in comparison to the
standard exponential gravity model, but with no statistical
significance, despite both models contain the same number
of free parameters Np = 4. However, this difference in AIC
and �AIC is small in comparison with that for wCDM and
�CDM. The generalised exponential F(R) model (7) shows
a worse AIC comparison with respect to standard exponen-
tial gravity and CPL model, since it contains an extra free
parameter (Np = 5).

The CPL best fits and min χ2 values in Table 2 and Fig. 2
differ from the wCDM results, because the CPL best fit for
w1 is far from zero, which corresponds to wCDM model.
Indeed, the smaller AIC value for the CPL model reflects a
strong deviation from a constant EoS for dark energy, either
wCDM or �CDM model. Moreover, wCDM lies in-between
the CPL model and �CDM model concerning the goodness
of the fits as provided by the AIC parameter. Also the value
for the Hubble constant is close for both cases.

The question about the origin of the large deviations
�AIC favouring the standard exponential gravity and the
CPL model requires additional investigations: what type of
new observational data is behind these results? It may be con-
nected with the DESI DR1 BAO data [7–9] that are tabulated
as 6 datapoints in Table 1. To understand their role, addi-
tional tests are followed for the standard exponential F(R)

model, wCDM, CPL and �CDM scenarios by considering
two sets of observational data separately: (a) SN Ia, H(z) or
Cosmic Chronometers (CC), CMB and only 6 DESI BAO;
and (b) SN Ia, CC, CMB observational data (without BAO).
The results are shown in Table 3 and Fig. 3. The generalised
exponential model (7) is excluded because of the large num-
ber of free parameters Np = 5 that increases the AIC value
in comparison to standard exponential gravity.

By analyzing the results shown in Table 3, one may con-
clude that the DESI BAO data can slightly shift some estima-
tions of the model parameters, but does not affect the large
difference �AIC between �CDM by one side and exponen-
tial, wCDM or CPL models by the another side. Indeed, such
a difference becomes larger in absence of DESI BAO data
We see that �AIC between the mentioned 3 scenarios do not
disappear in the cases (a) and (b). Thus, the reason of large
differences in �AIC of the exponential, wCDM and CPL
scenarios lies in the SN Ia Pantheon+ data [10]. Remind that
a large negative �AIC of the aforementioned 3 models points
to a clear advantage in describing the observational data in
comparison with �CDM.

By following the hierarchy of AIC criterion for these four
models when considering the three observational datasets
(with all BAO data, just with DESI BAO data and with no
BAO data), shown in Tables 2 and 3, CPL model arises as
the most successful one, followed by the exponential F(R)

model, wCDM and �CDM. However, these models respond
differently to changes in BAO data sets. For the exponen-
tial and �CDM models, min χ2 and AIC grow successively
when BAO datasets are considered, while the best fits of the
density parameter 
0

m and the Hubble constant H0 remain
nearly the same for all three datasets, as shown in Fig. 3.

Another picture takes place for wCDM and CPL sce-
narios. On can see fundamental changes of the best fits for

0

m and H0 in Fig. 3, Tables 2 and 3, where wCDM model
shows a remarkable difference on the min χ2 and AIC when
DESI data is included and especially for the other BAO data.
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Table 2 The best fit values for the free parameters, min χ2, AIC and �AIC for the two exponential F(R) models (7) in comparison with �CDM,
wCDM and CPL models

Model min χ2/d.o. f AIC �AIC 
0
m H0 Other parameters

Exp. Grav. e−βRα
2017.80 /1766 2027.80 − 22.99 0.3138+0.0054

−0.0052 66.06+1.61
−1.59 β = 0.733+0.377

− 0.273, α = 1.002+0.184
− 0.173

Exp. Grav. e−βR 2017.80 /1767 2025.80 − 24.99 0.3144+0.0053
−0.0055 66.02+1.57

−1.53 β = 0.750+0.099
−0.079

�CDM 2046.79 /1769 2050.79 0 0.2914+0.0012
−0.0011 68.51+1.56

−1.53 –

wCDM 2029.93 /1768 2035.93 −14.86 0.3108+0.0050
−0.0050 67.97+1.53

−1.53 w = − 0.926+0.018
−0.018

CPL 2015.72 /1767 2023.72 −27.07 0.3153+0.0053
−0.0053 66.03+1.59

−1.58 w0 = − 0.741+0.054
− 0.053, w1 = − 0.635+0.175

− 0.183
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Fig. 2 Contour plots of χ2 with 1σ , 2σ CL, likelihoods L(θi ) and one-parameter distributions χ2(H0) for the wCDM and CPL scenarios in
comparison with the �CDM model
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Table 3 The best fits, min χ2, AIC and �AIC for observational data (a) with only 6 DESI BAO datapoints and (b) without BAO data for the
exponential F(R) gravity, �CDM, wCDM and CPL models

Data (a) SN Ia + CC + CMB + 6 DESI BAO datapoints (b) SN Ia + CC + CMB
Model Minχ2/d.o. f AIC �AIC 
0

m H0 Minχ2 AIC �AIC 
0
m H0

Exp e−βR 2000.32 /1746 2008.32 − 27.83 0.3158+0.0061
−0.0058 66.05+1.58

−1.63 1997.98 2005.98 − 28.24 0.3156+0.0061
−0.0060 66.21+1.63

−1.63

�CDM 2032.15 /1748 2036.15 0 0.2913+0.0012
−0.0012 68.60+1.62

−1.59 2030.22 2034.22 0 0.2912+0.0012
−0.0012 68.72+1.64

−1.60

wCDM 2005.44 /1747 2011.44 − 24.71 0.3256+0.0074
−0.0072 66.22+1.61

−1.61 2001.59 2007.59 − 26.63 0.3300+0.0083
−0.0079 65.74+1.64

−1.60

CPL 1998.82 /1746 2006.82 − 29.33 0.3155+0.0080
−0.0077 65.99+1.61

−1.61 1995.68 2003.68 − 30.54 0.3068+0.0110
−0.0101 66.43+1.71

−1.63
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Fig. 3 Comparison of 1σ contour plots and likelihoods for the expo-
nential F(R), wCDM, �CDM and CPL scenarios, filled and empty
contours correspond to only DESI and without BAO data respectively

The corresponding changes of AIC for wCDM from − 26.63
(without BAO data) to − 14.86 (with BAO data) are essen-
tially larger than for the other models. One also can see that
the best fits for 
0

m for the wCDM model leads to important
differences when BAO data is included (while the best fit for
H0 grow). The parameters distributions for the CPL model
also differs from one dataset to another but with smaller devi-
ations, whereas exponential gravity points to the same fits
independently of the BAO datasets.

6 Conclusions

As shown in previous literature, exponential F(R) gravities
have been widely studied, since they show an ability to repro-
duce well the whole cosmological evolution, including GR
predictions at both early as late times, and at the same time
they are constructed in such a way that pass local scale con-
straints [18,29].

In this paper, exponential F(R) gravity is reconsidered
and confronted to the latest observational data, including Pan-
theon+ SN Ia, new BAO data from DESI DR1, the Hubble
parameter CC estimations and CMB data. To do a reliable test
with the aforementioned observational data, a generalised
exponential gravity model is also considered to check devi-
ations from standard exponential gravity. Both models are
then compared with the fits and predictions of the standard
�CDM model and also to wCDM and CPL models [36,37].

To do the fits, the usual technique of the minimum χ2 is
followed. The best fits for these scenarios are summarised
in Table 2 and also shown in Figs. 1 and 2. As one can
see, both exponential gravity models show a much better
accuracy while fitting the observational data than �CDM
model, as indicated by a much smaller min χ2. Moreover,
even if one considers the extra free parameters of the modi-
fied gravity models as an artificial handmade way to get better
fits, the observational data still favours clearly these models
to the detriment of �CDM model. Indeed, when comput-
ing the AIC coefficient which penalise the number of free
parameters, results still support strongly the modified gravity
scenario. In addition, the fits of the generalised exponential
gravity model points towards the standard exponential grav-
ity case, since the extra parameter is centred in α = 1, which
recovers the usual exponential gravity model. In addition,
the standard exponential gravity model is also strongly sup-
ported in comparison with wCDM model, but slightly below
the CPL model with the observational data.

In fact, previous analysis of the same exponential gravity
model favoured �CDM, as shown in Ref. [29], where the
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results led to a value for the fundamental parameter given
by β = 2.38+∞

−0.8. Recalling that �CDM is recovered for
β → ∞, those previous results were clearly pointing out
to �CDM model, which was included within 1σ confidence
region for β. Here, we have shown that this is not the case for
the last available observational data, where one obtains β =
0.75+0.099

−0.079 for the standard exponential gravity model (α =
1) and β = 0.733+0.377

−0.273 for the generalised model, both given
by (7). For the former, �CDM turns out excluded at 4σ . In
addition, in order to get a strong confidence on these results,
we have computed the min χ2 by fixing the β parameter to
larger and larger values, which at the end tend to the min χ2

of �CDM results. From Table 2 and Fig. 1, one can also
infer that the best fits for the parameters H0 and 
0

m in the
exponential F(R) models and in the �CDM scenario differ
notably. In particular, our results point to an even smaller
value for the Hubble constant H0 = 66.06+1.61

−1.59 km/(s·Mpc),
what would increase the H0 tension when compared with the
value provided by the calibration of SNe Ia [63–65].

In addition, CPL parametrisation of the EoS parameter for
dark energy also excludes �CDM at 4σ , while the best fit for
H0 in this scenario is also small and almost coincides with
the F(R) prediction. This is in agreement with previous anal-
ysis, which also pointed out to Pantheon+ catalogue as the
dataset favouring dynamical dark energy [43]. The Hubble
constant for the exponential gravity and CPL fits better the
value provided by Planck estimations from the CMB [49].
For the matter density parameter 
0

m , a difference of more
than 3σ arises in comparison of the �CDM with the F(R)

models and also with CPL, what results in the condition of
mutually exclusive of both descriptions of the cosmological
evolution. Moreover, the goodness of the fits favours clearly
a dynamical EoS for dark energy, either is described by a
parameterisation (CPL model) or by modified gravity.

Hence, tests with the latest observational data show a large
advantage of the exponential F(R) model, CPL and wCDM
scenarios in comparison to�CDM model in terms of the min-
imum of χ2 and the AIC criterion. This picture strongly dif-
fers from previous results with older observational data [29–
32]. To find out the answer behind this change of paradigm,
additional tests are raised for every model, where by assum-
ing the observational data provided by SN Ia, CC and CMB,
we played with the different sets of BAO data: (a) with
only 6 DESI BAO datapoints and (b) without BAO data. By
Analysing the results shown in Table 3 and Fig. 3, we may
conclude that the the large difference in the AIC parameter
between F(R), CPL, wCDM models and �CDM scenarioa
are not connected not with DESI BAO data, but with SN Ia
Pantheon+ data [10].

Then, success of the exponential gravity in describing the
observational datasets suggests that a more complete theory
of gravity, beyond GR, might have to include non-linear terms

of the Ricci scalar in the action at the cosmological limit, at
least. Hence, we can conclude that the game of rivalry among
modified gravities/dynamical dark energy vs �CDM is bal-
anced to one side by now with the background cosmological
data described above.
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