
UNIVERSIDAD AUTÓNOMA DE MADRID

MEMORIA DE TESIS DOCTORAL

Phenomenological and Cosmological Aspects
of Axions and Other Nambu-Goldstone Bosons

Autor:
Fernando Arias-Aragón

Supervisor:
Dr. Luca Merlo

Tesis presentada para la obtención del tı́tulo de Doctor en Fı́sica Teórica

en
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Abstract
Though the Standard Model of Particle Physics is an impressive theory with countless

phenomena correctly predicted, it still presents some open problems. In this thesis we explore

the power of some Nambu-Goldstone Bosons to deal with two of these problems: the Strong

CP Problem and the Flavour Puzzle, while studying at the same time some of their cosmolog-

ical features.

The Strong CP Problem is addressed at the same time as part of the Flavour Puzzle with

an invisible QCD Axion arising from the Minimal Flavour Violation ansatz. This model ex-

plains the mass ratios for third-generation fermions while providing a solution to the Strong

CP Problem and possible DM candidate, the Minimal Flavour Violating Axion.

Neutrino masses are then addressed with a Majoron that also alleviates the Hubble ten-

sion and can arise from Minimal Flavour Violation, compatible thus with the previous model.

This model also presents a relatively light new scalar and heavy neutrinos below the usual

Type-I see-saw scale, with interesting phenomenology at colliders and beam dump experi-

ments.

Finally, we study the impact hot axions can have on the number of relativistic degrees of

freedom. Performing a rigorous and smooth analysis across the Electroweak Phase Transition,

we study both a model-independent scenario and three specific models: DFSZ, KSVZ and

the previously presented Minimal Flavour Violating Axion. Additionally, the compatibility of

this observable with the XENON1T excess is considered. Results measurable by the CMB-S4

experiment, some compatible with axion cold Dark Matter, are obtained.
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Introducción

Cuando pensamos en la fenomenologı́a de fı́sica de partı́culas es fácil considerarla como

jugar con un puzle: quienes trabajamos en este campo perseguimos la comprensión de una

imagen completa de la naturaleza, algo que describa todos los fenómenos observables sin dejar

atrás ninguna pieza o romper las reglas que describe cómo se conectan. Esas piezas toman la

forma de partı́culas, mientras que las simetrı́as, ya sean gauge, globales o Poincaré, discretas

o continuas, pueden ser consideradas como las condiciones a satisfacer cuando montamos el

puzle.

El puzle que mejor funciona y es más completo hasta la fecha en fı́sica de partı́culas es

el Modelo Estándar [1–4]. Con 37 tipos de piezas y tres conjuntos de reglas ha sido capaz

de reproducir casi todos los fenómenos observados en fı́sica de partı́culas. Ensamblar este

puzle correctamente implica usar todas las piezas disponibles, de todas las formas posibles

que satisfagan las reglas. Esto se traduce en escribir todos los términos renormalizables en

la Lagrangiana que satisfagan las tres simetrı́as gauge, el grupo de Poincaré y las simetrı́as

discretas de conjugación de carga, paridad e inversión temporal (CPT).

Los ladrillos del Modelo Estándar son los siguientes: tres generaciones de campos de ma-

teria fermiónica con los mismos números cuánticos pero distinta masa; estos campos se dividen

a su vez en quarks y leptones, con tres tipos de quarks-arriba de carga eléctrica positiva y tres

quarks-abajo negativamente cargados, mientras que los leptones se clasifican en los leptones

(negativamente) cargados y sus correspondientes neutrinos, eléctricamente neutros. En el sec-

tor bosónico pueden identificarse dos grupos: el bosón de Higgs, responsable del mecanismo

de generación de masa conocido como el mecanismo Brout-Englert-Higgs [5–9], y los bosones

de gauge, portadores de tres de las cuatro fuerzas fundamentales del Universo. La fuerza de

1
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color y la electromagnética están asociadas a bosones sin masa, los gluones y fotones respec-

tivamente, mientras que la fuerza débil es mediada por tres bosones masivos: dos bosones W

con carga eléctrica, uno positivo y otro negativo, y el bosón neutral Z.

A pesar del innegable éxito de este puzle al que llamamos Modelo Estándar quedan aún,

afortunadamente para quienes trabajamos en fı́sica de partı́culas, cosas con las que no puede

reconciliarse de forma natural. Estos son los llamados problemas abiertos del Modelo Estándar

y pueden dividirse en dos categorı́as: los problemas teóricos, que pueden considerarse partes

de la imagen resultante del puzle que parecen extrañas de algún modo, y los indicios experi-

mentales, nuevas partes de la imagen que se han observado pero no tienen cabida en el puzle

del Modelo estándar sin alterar su composición, introduciendo nuevas piezas y/o reglas dic-

tando su interconexión.

Finalmente, es importante considerar también cómo el puzle que conocemos hoy en dı́a

llegó a ser tal. Por hoy literalmente queremos decir ahora, en un sentido cosmológico: la forma

en que las piezas se conectan, ası́ como las propias piezas disponibles para montar el puzle,

han cambiado a lo largo del tiempo. El Modelo Estándar a temperatura cero es lo que hemos

discutido hasta el momento: el Universo es ahora muy frı́o (en torno a 2.7 K) y respeta la

simetrı́a de color y el electromagnetismo, las simetrı́as gauge que sobreviven a temperaturas

bajas; además, los quarks no existen libres hoy en dı́a: están confinados en partı́culas com-

puestas llamadas hadrones, como protones, neutrones y piones. Sin embargo, retrocediendo

en el tiempo y, por tanto, yendo hacia temperaturas más altas, cruzamos la transición de fase

de la Cromodinámica Cuántica que marca el comienzo de la época de confinamiento para los

quarks, además del punto de Ruptura Espontánea Electrodébil, por encima de la cual la fuerza

débil y la de hipercarga aparecen como dos simetrı́as distintas.

Es importante tener esto en cuenta peusto que, cuando intentamos resolver varios prob-

lemas podemos introducir nuevas piezas en el paradigma, y ellas pueden a su vez tener un

impacto en la historia térmica del Universo y en cómo todo evolucionó en el tiempo. En esta

tesis afrontaremos varios problemas abiertos del Modelo Estándar, intentando proporcionar

conexiones entre ellos y finalizaremos considerando un observable concreto que puede haber

sido alterado a través de la evolución del Universo.

La estructura de este trabajo se divide en dos partes diferenciadas. En la primera mitad,

el Capı́tulo 1 proporciona una visión global del Modelo Estándar, sus problemas abiertos y

la historia térmica del Universo. En el Capı́tulo 2 discutimos los detalles de cómo el sabor
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es particularmente interesante hoy en dı́a, con indicios tanto teóricos como experimentales

apuntando hacia nueva fı́sica allı́, mientras que el Capı́tulo 3 se centra en uno de los problemas

abiertos del Modelo Estándar más intrigantes: el Problema de CP Fuerte. Tras discutir los

fundamentos de este problema de fine-tuning, discutiremos algunas posibles soluciones con el

axión como uno de los principales candidatos. En la segunda parte de esta tesis presentaremos

nuestro trabajo original. El Capı́tulo 4 introduce un modelo que aborda el Problema de CP

Fuerte y el puzle de sabor quark. En el Capı́tulo 5 conectamos el sabor en el sector de neutrinos

con una anomalı́a cosmológica mediante un Majoron y, finalmente, el Capı́tulo 6 estudia el

impacto de axiones en los grados de libertad relativistas cuando son producidos térmicamente.



Introduction

When thinking of particle physics phenomenology it is easy to consider it as toying with a

puzzle: we phenomenologists pursue the comprehension of a full image of nature, something

that can describe all the observable phenomena without leaving any piece behind or breaking

the rules that describe how to connect them. Those pieces will take the form of particles,

whereas the symmetries, be them gauge, global or Poincaré, discrete or continuous, can be

regarded as the conditions to be satisfied when sticking them together.

The best-working and most complete puzzle up to date in particle physics is the Standard

Model (SM) [1–4]. With 37 types of pieces and three sets of rules it has been able to reproduce

almost all observed phenomena in particle physics. Doing the puzzle correctly means using

all the pieces available, in all possible combinations that satisfy the rules. This is translated in

writing all renormalizable terms in the Lagrangian that satisfy all three gauge symmetries, the

Poincaré group and the discrete symmetries of charge conjugation, parity and time reversal

(CPT).

The building blocks of the SM are the following: three generations of fermionic matter

fields with the same quantum numbers but different masses; these fields can be divided in

quarks and leptons, with up-type quarks being positively charged and down-type quarks neg-

atively, whereas leptons can be classified as (negatively) charged leptons and their correspond-

ing electrically chargeless neutrinos. In the boson sector one can identify two groups: the Higgs

boson, which is responsible for the mass generation mechanism known as the Brout-Englert-

Higgs mechanism [5–9], and the gauge bosons, carriers of three out of the four fundamental

forces of the Universe. The colour and electromagnetic force are associated to massless gauge

bosons, the gluons and the photon respectively, whereas the weak force is mediated via three

massive bosons: the two charged W bosons, one positive and one negative, and the neutral Z

boson.

4
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Despite the undeniable success of this puzzle we call the SM there are still, fortunately

for us particle physicists, things that it cannot accommodate naturally. These are the so-called

open problems of the SM model and can be divided in two categories: the theoretical problems,

which could be regarded as places in the picture resulting of the whole puzzle that look strange

in some way, and the experimental issues, new parts of the picture that have been observed

but have no place in the SM puzzle without altering its composition, introducing new pieces

and/or rules governing their connection.

Finally, it is important to consider also how the puzzle that we know today came to be.

By today we literally mean now, in a cosmological sense: the way in which the pieces con-

nect, as well as what puzzle parts are free to be used as building blocks has changed with the

course of time. The SM at zero temperature is what we have discussed until now: the Uni-

verse is now cold (about 2.7 K) and respects colour symmetry as well as electromagnetism, the

gauge symmetries that survive at low temperatures; additionally, quarks do not exist freely

nowadays: they are confined to composite particles called hadrons, like protons, neutrons and

pions. However, going back in time and, therefore, towards higher temperatures, we cross the

QCD phase transition (QCDPT), which marks the beginning of quark confinement, as well as

the point of Electroweak Symmetry Breaking (EWSB), above which the weak force and hyper-

charge appear as two separate symmetries.

It is important to take this into account since, when trying to solve several problems one

may introduces new pieces in the picture, and they in turn may have an impact on the thermal

history of the Universe and how everything evolved in time. In this thesis we will indeed

approach several open issues of the SM, trying to provide for links connecting them and finish

by considering a specific observable which may have be altered through the evolution of the

Universe.

The structure of this work can be divided in two different parts. In the first half, Chapter 1

will provide for an overview of the SM, its open problems and the thermal history of the Uni-

verse. In Chapter 2 we discuss the details on how flavour is particularly interesting nowadays,

as both theoretical and experimental hints point towards new physics (NP) there, whereas

Chapter 3 focuses on one of the most intriguing theoretical problems of the SM: the Strong CP

Problem. After discussing the fundamentals of this fine-tuning problem, we will discuss some

possible solutions concluding with the axion as one of the strongest candidates. In the second

part of this thesis we will present our original work. Chapter 4 introduces a model that tackles
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both the Strong CP Problem and the quark flavour puzzle. Chapter 5 links the flavour prob-

lem in the neutrino sector with a cosmological anomaly via a Majoron and, finally, Chapter 6

studies the impact of axions on the relativistic degrees of freedom when produced thermally.



Chapter 1

The well established picture in High

Energy Physics

In this first chapter let us take a look at the puzzle that has worked the best in High Energy

Physics (HEP) until now. In order to do so, we will go over what parts it is built with and how

they are assembled, as well as the missing pieces or weird spots in the SM picture, finishing

the chapter with an overview of the evolution in time of our Universe.

1.1 The Standard Model of Particle Physics

The Standard Model of Particle Physics is the result of decades of a huge collaborative

effort in the HEP community, converging in the birth of a solid framework that is able to ex-

plain (almost) all high energy phenomena. Merging Quantum Field Theory (QFT) and Special

Relativity, it describes elemental particles as excitations of quantum fields, as well as three of

the four fundamental forces of the Universe: the strong or colour interaction, the weak force

and hypercharge. These forces are described in the form of gauge symmetries, local transfor-

mations than can act on any field charged under said symmetry. The gauge symmetry group

of the Standard Model at high energies is

GSM = SU(3)C × SU(2)L × U(1)Y , (1.1)

7
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where the groups correspond respectively to the colour, weak and hyperforce gauge symme-

tries. At lower energies, the weak and hypercharge gauge symmetries are broken down spon-

taneously, remaining then only the colour interaction and electromagnetism:

GSM
SSB−−−→ SU(3)C × U(1)EM . (1.2)

The particles in the SM can be divided in fermions and bosons. In the fermion sector

we find another subdivision, depending on whether they are colour triplets (quarks) or colour

singlets (leptons). Regarding quarks, there exist three families of up-type quarks, with electric

charge +2
3e, and three down-type quarks negatively charged with −1

3e. These are the up,

charm and top quarks and down, strange and bottom quarks respectively.

FIGURE 1.1: Quarks of the Standard Model, plush representation by The Particle Zoo

The classification in the lepton sector is a bit different: three massive leptons with electric

charge −1, the electron, muon and tau, are accompanied by their corresponding electrically

chargeless, and almost massless, neutrino.

FIGURE 1.2: Plushes representing the leptons in the SM by The Particle Zoo

www.particlezoo.net
www.particlezoo.net
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Finally, the bosonic sector includes the force carriers, the eight gluons Gaµ, a = 1, ..., 8,

the three carriers of the weak force, W i
µ, i = 1, ..., 3, and the Bµ boson. In addition to them,

the Higgs boson H responsible for the mechanism generating mass for all particles is the only

scalar in the SM. After it takes a VEV and EWSB takes place, the weak and hypercharge bosons

rearrange themselves in the massive W± and Z bosons and the massless photon.

FIGURE 1.3: Higgs boson and force carriers as seen by The Particle Zoo

All these particles and their interactions are encoded in the Lagrangian of the Standard

Model. In order to write it, fermions are described using Weyl fields with a well defined chiral-

ity and specific representations under the gauge group GSM . These fields are the left-handed

quark and lepton weak doublets, qiL and liL respectively, and their right-handed weak singlets

counterparts, uiR, diR and eiR for up quarks, down quarks and charged leptons. In all these

fields, the index i = 1, 2, 3 refers to the three generations existing for each type of fermion.

In the Table 1.1 we show the representation of all SM fields under the whole symmetry

group, which need to be taken into account when writing the Lagrangian.

SU(3)C SU(2)L U(1)Y

qLi 3 2 1
6

lLi 1 2 −1
2

uRi 3 1 2
3

dRi 3 1 −1
3

eRi 3 1 −1

SU(3)C SU(2)L U(1)Y

Gaµ 8 1 0

W i
µ 1 3 0

Bµ 1 1 0

H 1 2 1
2

TABLE 1.1: Quantum number for all the fields present in the Standard Model

www.particlezoo.net
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Using these fields as building blocks we write the SM Lagrangian, which can be divided

in three pieces: the kinetic terms for all fields, the Yukawa Lagrangian where fermions couple

to the Higgs boson and finally the Higgs scalar potential.

LSM = LKinetic + LY ukawa + V (H), (1.3)

Let us study them separately, starting with the kinetic Lagrangian, that contains all gauge

interactions.

LKinetic = i
(
q̄Li /DqLi + ūRi /DuRi + d̄Ri /DdRi + l̄Li /DlLi + ēRi /DeRi

)
− 1

4
GaµνG

aµν − 1

4
W i
µνW

iµν − 1

4
BµνB

µν + (DµH)†DµH,
(1.4)

where summation over repeated indices is assumed. The covariant derivate that ensures gauge

invariance, acting on a generic field charged under the whole GSM with hypercharge Yψ, is

Dµ = ∂µ − igsTaG
a
µ − igτiW

i
µ − ig′YψBµ, where Ta = λa

2 and τi = σi
2 are the SU(3)C and

SU(2)L generators respectively with λa and σi being the Gell-Mann and Pauli matrices. The

standard Feynman slashed notation is used, meaning /D = Dµγ
µ, with γµ are the 4 gamma or

Dirac matrices; additionally, in the expression for the covariant derivative, the parameters gs,

g and g′ represent the gauge coupling constants for the colour, weak and hypercharge forces

respectively. Finally, the gauge kinetic terms are formed with the field strenght tensors that are

defined as follows:

Gaµν = ∂µG
a
ν − ∂νGaµ + gsf

abcGbµG
c
ν ,

W i
µν = ∂µW

i
ν − ∂νW i

µ + gεijkW j
µW

k
ν ,

Bµν = ∂µBν − ∂νBµ,

(1.5)

where fabc are the SU(3)C structure constants and εijk is the Levi-Civita symbol, structure

constants of SU(2)L.

Next, we find the Yukawa Lagrangian, responsible for the fermion mass and mixing gen-

eration.

LY ukawa = −q̄LYuH̃uR − q̄LYdHdR − l̄LYeHeR + h.c., (1.6)

where the fermion fields without generation index represent triplets containing all three gener-

ations, H̃ = iσ2H
∗ and the Yukawa matrices Yu, Yd and Ye are generic 3× 3 complex matrices.
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After EWSB, these terms provide for the quark and charged lepton mass matrices which can

be diagonalized by rotating the fermion fields introducing the Cabibbo-Kobayashi-Masukawa

(CKM) matrix in the interaction term with the W bosons. The details on masses and mixings

will further be discussed in the next chapter, studying the hierarchies present in the quark and

lepton sector, as well as the need for neutrino masses given their observed oscillations.

Finally, the Higgs potential is very simple and can be expressed as

V (H) = −µ2H†H + λ(H†H)2, (1.7)

where the values of the parameters µ and λ control the spontaneous symmetry breaking mech-

anism. For µ2 > 0, λ > 0 the value of the field that minimizes the potential is different from

zero, namely v = µ√
λ

, resulting in the spontaneous breaking of the weak and hypercharge

gauge symmetries.

With only 18 free parameters, the SM has been able to predict many properties of all

fundamental particles and their interactions, which have been tested and proved right up to an

extreme accuracy, like the W and Z boson masses or countless cross-sections describing many

possible processes. The last of these experimental tests that further validated the SM was the

discovery of a spin-0 particle compatible with being the Higgs boson in 2012; nine years later,

following analyses still find this particle to have the same characteristics as the predicted scalar,

making the SM puzzle seemingly complete. From the proton stability to the beta decay, from

the nuclear processes in stars that provide for light to their death that populates the universe

with all elements in the periodic table, all these phenomena are gathered in the picture the SM

generates, shining splendidly.

However, not all that glitters is gold. The closeness and apparent perfection of the SM is

robust, as experiments and observations have shown until now, but this also poses a threat on

its stability: if any new piece were to be observed, or if one wanted to give an explanation to

some things that look awkward in the SM picture, modifications to it may easily destroy all

that it has achieved.

In the next section we will discuss that indeed, there are some aspects of the SM that

seem to require an additional explanation beyond, which will be called the theoretical prob-

lems of the SM, as well as experimental measurements that contradict or escape the predicted

behaviour of the universe according to the SM content. We will dedicate the following pages
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to discussing some of these issues, that work as motivation for us phenomenologists to enlarge

and change the HEP puzzle, aiming for its evolution towards a more complete theory.

1.2 Theoretical problems of the SM

As we have discussed until now, the SM is an extremely successful theory, but not perfect

yet. In fact, there are some aspects of it that, without requiring any additional experimental

measurement, point towards the necessity of an extension.

These are the so-called theoretical problems, and the main four ones are the Strong CP

Problem, the Flavour Puzzle, the Hierarchy Problem and the inclusion of Gravity in the quan-

tum theory. In this thesis we will address the first two, so they will have a chapter on their

own, but let us discuss briefly the other two as they are extremely interesting as well.

1.2.1 The Hierarchy Problem

The Standard Model is a very appealing theory which has only one energy scale: the

Higgs VEV. This is itself related to the only mass parameter appearing in the SM, v = µ√
λ

, as

well as to the Z and W boson mass and, of course, to the Higgs one as follows:

mW =
1

2
vg, mZ =

1

2
v

√
g2 + g′2, mH =

√
2λv. (1.8)

The measurement of these masses, together with the Fermi coupling constant obtained

from muon decay, allows to extract a value for the Higgs VEV v ≈ 246 GeV and self cou-

pling λ ' 0.13, meaning that the mass parameter in the potential has a value of around

|µ| ' 88.4 GeV. These values are of course the result of rectifying the bare potential with

all quantum corrections; a simple one-loop computation shows that the mass parameter µ is

sensitive to the cut-off scales of NP, namely δµ2 ∝ Λ2. Taking this into account, any scale

Λ � TeV will imply that the bare parameter µ2
bare must be extremely fine-tuned so that the

addition of quantum corrections arrive precisely at the value inferred through experimental

measurements.

This scale can be interpreted as the mass of any heavy particle appearing in any BSM

physics, but in any case it can also be regarded at the energy scale at which the theory breaks
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down. Even if there were no BSM physics, which as we will see cannot be the case, one would

expect the quantum theory to break down as the energy approaches the Planck scale, meaning

Λ ∼MPl ∼ 1019 GeV. A back-of-the-envelope computation shows that for a scale of that order

the cancellation between the bare parameter and its quantum correction must be exact up to

roughly 35 decimals, which is an astonishing level of fine-tuning.

One possible way to avoid this so-called big hierarchy problem, where the Higgs mass is

expected at the Planck scale, is to have NP at a relatively low scale, like the TeV, and have this

new physics protect the Higgs mass from other larger scales. Some of the most popular ways

to do this are through Supersymmetry, where scalar counterparts of the SM fermions cancel

their loop contributions, or by considering that the Higgs is not a fundamental particle, but a

composite state of new fermionic degrees of freedom that live at the scale Λ ∼ TeV. Some other

possibilities are considering Technicolor, extra dimensions or relaxion models, but a plethora

of proposals are out in the wild, scouting for a possibility to settle this troubling spot of the SM

puzzle.

The specific value of the Higgs mass parameter µ, which fixes the scale of both its mass

and its VEV unless λ departs greatly from being O (1), is very relevant for an additional issue,

which is the stability of the vacuum of our Universe. With the current measurements of both

the top and the Higgs masses, and under the assumption that only the SM is present, the best-

fit value implies that our Universe is in fact meta-stable, with total stability only achieved at

the 2− 3σ level as it can be seen in Fig. 1.4 [10].

FIGURE 1.4: Stability, meta-stability and instability regions as computed in [10]. On the right,
a zoom-in of the region where the SM lives is shown, with at least 2σ being needed to enter the

stability area.
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It can be unsettling to think that our Universe could someday undergo tunnel effect to a

different vacuum if it were to be meta-stable, supossing a sudden change in the masses of all

particles and probably ending all chemistry and life itself. However, it is also exciting to look

for possible explanations of this very precise value of the Higgs mass and reconcile it with the

stability observed (until now) of our Universe.

1.2.2 Gravity: A whole different puzzle?

The SM success is founded on the merging of a quantum theory with special relativity,

leading to the quantum description of particles, fields and interactions through the QFT. This is

indeed a huge achievement but, however, is not able to include all known interactions: gravity

is left out of the picture the SM puzzle creates.

The issue with gravity increases when one tries to calculate the vacuum energy density,

which translates into the Cosmological Constant Λ that appears in Einstein’s equations of Gen-

eral Relativity (GR). When one computes the zero-point energy in our Universe it is found to

beO
(
M4
Pl

)
, which departs the astounding amount of about 120 orders of magnitudes from the

inferred value of Λ from the accelerated expansion of the Universe.

This represents another huge fine-tuning problem that, together with the impossibility to

renormalize GR as it would imply infinite counterterms, requires new approaches towards a

quantum theory that includes gravity consistently even at high energies. String theories, for

example, represent one of such endeavours by proposing a UV theory from which one has to

recover the correct behaviour at low energies, which is what is proving to be troublesome. The

other possibility is to follow a bottom-up approach in which the metric gets treated as a field,

giving birth to the graviton, and a canonical quantization is attempted, like in loop quantum

gravity, where modifications of the Einstein-Hilbert action are required in the pursuit of a fully

renormalizable QFT.

Apart from these popular efforts, other strategies also exist, like the models of Emergent

Gravity where this force is considered to be non-fundamental and requires for a thermody-

namic approach, but up to today no observation seems to point towards any specific direction.

The high energies at which gravity is expected to be relevant in particle physics makes it spe-

cially difficult to look for hints, but including gravity in the HEP picture still provides for an

exciting challenge in the field of theoretical physics.
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1.3 Experimental observations not fitting the SM puzzle

So far, we have discussed the theoretical issues present in the SM, things that are not

included in the picture or spots that look weird, the so-called fine-tuning problems. Some

people may want to invoke the Anthropic Principle to shrug some of these problems off, by

arguing that parameters have the values they do because otherwise life would not be viable

and therefore no one would be present to study physics at all.

However, apart from that argument having its own deficits, we of course will not take

that easy route, as we will try to provide for dynamical solutions of some problems. Addition-

ally, not only theoretical problems populate the SM; currently, there are several experimental

measurements which are completely irreconcilable with the predictions of the SM. These are

the experimental hints that point towards BSM physics, and cannot be disregarded in any way.

These observation are the observation of neutrino oscillations, that require neutrinos to be

massive, the fact that our Universe is composed of matter with essentially no anti-matter to be

observed, the nature of Dark Matter as the responsible for structure formation in the Universe

and other astrophysical phenomena and, finally, the origin of Dark Energy, driving force of the

accelerated expansion in our Universe.

Though in this thesis we will only address directly neutrino masses and, very tangentially,

dark matter, let us discuss briefly all of them as they represent the pieces that absolutely break

the SM puzzle, asking for a reformulation that includes everything in a better theory.

1.3.1 Neutrino Oscillations

Neutrinos in the Standard Model appear exclusively in the left-handed lepton doublet.

As they are missing a right-handed counterpart, a mass term is forbidden by gauge invariance

and chirality, meaning that neutrinos are exactly massless in the SM.

However, the discovery of neutrino oscillations that lead to a Nobel Prize in 2015 estab-

lished firmly the existence of neutrino masses. Their propagating states are not the flavour

one, but mass eigenstates which carry all three flavours in different proportions.
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FIGURE 1.5: Plush representation of the neutrinos mass eigenstates from The Particle Zoo.

Neutrino masses can in fact be parametrized through an operator of dimension 5, widely

known as the Weinberg operator [11]

OW =

(
l̄cLH̃

∗
)(

H̃†lL

)
ΛLN

, (1.9)

that breaks Lepton Number (LN) at a scale ΛLN . The physics that give rise to this operator

are still unknown, and in the next chapter we shall discuss the most used idea: the Seesaw

Mechanism. In addition to neutrinos having masses, their nature as Dirac or Majorana particle

represents another enigma that is also trying to be uncovered through the search for neutrino-

less double beta (0νββ) decay.

1.3.2 Baryon Asymmetry of the Universe

Our observable universe is composed almost entirely out of baryonic matter and radia-

tion. Opposed to this, antibaryonic matter also exists, but we only observe it in a small portion

through some phenomena like cosmic rays.

In a perfectly symmetric Universe, the baryon-to-photon ratio should be zero. This is

essentially the difference in baryonic and antibaryonic matter densities divided by the radia-

tion density, η =
nB−nB̄
nγ

. However, this parameter is measured to be indeed different from

zero, thus establishing that our Universe is not matter-antimatter symmetric. This fact is what

receives the name of the baryon or matter-antimatter asymmetry problem.

www.particlezoo.net
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For there to be a process in which matter and anti-matter are produced differently three

conditions must be satisfied. These are the so-called Sakharov conditions, which are: baryon

number must be violated, as well as C and CP symmetries, and finally the process must take

place out of thermal equilibrium.

Though in the SM baryon number is violated non-perturbatively through the weak sphalerons,

and both C and CP are broken by the phases in the CKM quark mixing matrix, the amount of

asymmetry achieved this way is not enough, and therefore new BSM physics is required such

that, under Sakharov conditions, the correct η is reproduced. In this direction go many of the

proposals like EW baryogenesis or baryogenesis through leptogenesis, where in the case of the

latter the asymmetry is produced first in the lepton sector and then translated into baryonic

asymmetry through the sphalerons. As no physics beyond the SM have been observed, there

is no preferred model yet, but the interplay between the baryon asymmetry of the Universe

and other SM problems may help us decide in which direction we should go.

1.3.3 Dark Matter

Dark matter (DM) is arguably the most famous “known uknown” of the SM. One of the

clearest hints towards the existence of DM is the observation of rotation curves in spiral galax-

ies. Considering only the visible matter in those galaxies, the predicted curve of the velocity as

a function of the radius of the galaxy decreases with the square root of the radius. However,

observations did not follow this trend, with the velocity becoming relatively constant with the

radius.

This phenomenon can be explained if an additional matter component is added to the

galaxy, with a profile that is not gathered at its centre but becomes denser at larger radius,

which receives the name of dark halo. Apart from this observation, there is much more evi-

dence of the existence of additional matter: the bullet cluster, structure formation in the Uni-

verse, baryon acoustic oscillations (BAO) or the CMB angular power spectrum are just some

examples of experimental facts that call for the existence of DM.

The properties that this new type of matter needs to display are very specific: it must be

stable, massive, electrically neutral (or almost) and with very weak interactions with the SM, so

that it is very difficult to detect, hence obtaining the name of dark matter. It must also represent
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about 27% of the total energy budget of the Universe, whereas baryonic (visible) matter only

amounts to 5%.

There are many candidates for particle DM, like the weakly interacting massive parti-

cle (WIMP) predicted by supersymmetric theories which, unfortunately (or not) has not been

measured where it was expected. This prompted the community to propose other candidates,

and nowadays there is a very large catalogue of them, including primordial black holes, sterile

neutrinos and other more exotic options. In this work, however, we will comment on the pos-

sibility of a particle proposed for the solution of another problem being DM: the QCD axion.

1.3.4 Dark Energy

If DM was the most famous “known unknown”, dark energy could be called the “un-

known unknown” in HEP. The energy budget of the Universe discussed in the previous sec-

tion was missing a good chunk, about 68% of the total energy which has to be dark energy

according to the accelerated expansion observed in our Universe.

This new form of energy, that must have a negative pressure in order to drive the accel-

erated expansion, remains a mystery until now. Whether its nature is simply explained by

the (very small) cosmological constant, by a new scalar field whose potential varies in time

or by some modifications in how gravity works is something still under study through many

experiments that try to give some insight on this riddle.

1.4 The thermal history of our Universe: ΛCDM

In this last section of the first chapter let us go briefly over how the SM puzzle came to be

and evolved in time. This evolution is described in what is usually called the Standard Cosmo-

logical Model ΛCDM , which owns its name to the cosmological constant Λ driving the acceler-

ated expansion of the Universe and Cold Dark Matter (CDM), that allows for the formation of

structure, like the superclusters of galaxies where stellar systems will develop afterwards.

The main principle that governs modern cosmology is the Cosmological Principle, which

states that there is nothing special with our or any location in the Universe, translating more

specifically in the homogeneity and isotropy of the Universe. This principle is described
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through the Friedmann-Robertson-Walker (FRW) metric which, in natural units, can be written

as follow:

ds2 = dt2 −R2(t)

(
dr2

1− kr2
+ r2

(
dθ2 + sin2 θdφ2

))
, (1.10)

where R(t) is the scale factor of the Universe that measures its relative expansion relating

proper and comoving distances and k measures the curvature of the Universe, vanishing for a

flat Universe as ours appears to be.

Combining this metric together with Einstein’s equations1, yields the equations of motion

for our Universe, called the Friedmann equations:

H2 =

(
Ṙ

R

)2

=
8πGNρ

3
− k

R2
+

Λ

3
, (1.11)

R̈

R
=

Λ

3
− 4πGN

3
(ρ+ 3p) , (1.12)

where ρ and p are the energy density and isotropic pressure respectively of the energy-momentum

tensor, GN is Newton’s constant and H = Ṙ
R is the Hubble parameter. Once one knows the

dominant piece in the Universe energy density, together with its equation of state, it is pos-

sible to solve the previous equations arriving at an expression for H(t) which describes how

distances in the Universe evolve in time, whether it expands or contracts or remains static.

Just like the particles running free in the Universe, the dominant form of energy has also

varied over time. In particular, ΛCDM assumes that the Universe suffered an early inflationary

epoch, when space suddenly expanded greatly, which provides for a natural explanation of

why the Universe today is apparently flat and isotropic: the early Universe was in thermal

equilibrium and it may had some curvature, but after inflation it got “flattened” and regions

that previously were in thermal equilibrium suddenly became causally disconnected.

After inflation, the Universe became dominated by radiation, when the energy density

could be written considering all relativistic particles:

ρ =

(∑
B

gB +
7

8

∑
F

gF

)
π2

30
T 4, (1.13)

1Here it is also assumed that matter behaves as a perfect fluid, meaning its energy-momentum tensor is Tµν =
−pgµν + (p+ ρ)uµuν .
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where gB and gF are respectively the bosonic and fermionic degrees of freedom available at

temperature T . These degrees of freedom diminish as the Universe gets colder and more and

more particles become non-relativistic.

During this radiation dominated era, many important events must have taken place in

the Universe: first, after inflation, baryogenesis is necessary in order to populate the Universe

with matter, as opposed to antimatter. After this, at a temperature around the Higgs VEV,

the Electroweak Phase Transition (EWPT) takes place, going from a symmetric phase where

all particles were massless to a broken phase, generating masses and with only colour and

electromagnetism as the remaining gauge symmetries. Then, at about 100 MeV, another phase

transition happens, the QCD one where quarks and gluons are no longer free and enter bound

states like pions and other hadrons.

As the Universe keeps getting colder, neutrinos decouple from the plasma. They become

a radiation component frozen at their decoupling temperature T ∼ 1 MeV. At around this tem-

perature, electrons and positrons annihilate, pumping entropy into the photons in the plasma,

heating it a little with respect to neutrinos. Therefore, for as long as neutrinos remain relativis-

tic, their temperature Tν is related to the photon temperature T :

Tν =

(
4

11

)1/3

T. (1.14)

Shortly after this, Big Bang Nucleosynthesis (BBN) occurs, with protons and neutrons

forming nuclei like deuterium, Helium and Lithium. This is the last big event before matter

takes over from radiation, dominating the energy density of the Universe at around T ∼ 0.8 eV

followed by the recombination of nuclei and electrons and photon decoupling at T ∼ 0.3 eV.

These photons that decoupled became what we know today as the Cosmic Microwave

Background (CMB), one of the most powerful tools in modern cosmology. This background

of photons at TCMB = 2.7255 ± 0.0006 K [12] has been measured with an amazing precision

as shown in Fig. 1.6, and is used as a probe for new physics in many ways as it is sensitive to

things like the curvature or the matter and dark energy content of the Universe.
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FIGURE 1.6: (Top) CMB real image in the shape of a pillow from The Particle Zoo. (Bottom)
Measurement of the CMB power spectrum by the Planck Collaboration [13].

In this thesis there is a specific observable that will become relevant and can be inferred

from the CMB, which is the effective number of neutrinos Neff . This magnitude can be re-

garded as a parametrization of the number of relativistic species in the Universe, and is related

to the total radiation energy density, ρrad via the following equation:

ρrad = ργ

(
1 +

7

8

(
Tν
Tγ

)4/3

Neff

)
, (1.15)

with ργ being the photon energy density and Tν
Tγ

= 4
11 from Eq. 1.14. In the SM, Neff =

3.045 [14] but any additional relativistic species introduced would modify this number as we

will study later.

www.particlezoo.net
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Finally, the Universe kept getting older and colder, when at T ∼ 0.33 meV until not too

long ago (in cosmological scale) dark energy dominated over matter. This is the era in which

we live now, and thanks to what the accelerated expansion of the Universe has been measured.

This implies that we live in a very exciting moment in time, where the expansion is accelerated,

confirming the existence of dark energy whatever it actually is, but it is not so severe that stars

and galaxies are already out of reach for us to study them.



Chapter 2

Missing pieces in the flavour sector

In this chapter we will address one sector of the SM where several hints for NP have ap-

peared over the years: the flavour sector. In HEP, flavour is the term used to refer the different

type of quarks and leptons that exist in the SM, not to be mistaken with families: there are six

flavours of quarks and another six flavours of leptons, both of them arranged in three fami-

lies. Each flavour can have different properties, like different masses and mixing with other

flavours, which are fixed by experimental observations but present no dynamical explanation

in the SM.

In the recent years, many anomalies in the flavour sector have sprung up across several

observables, like the so-called B anomalies. In this set of measurements, transitions from bot-

tom quarks to either charm or strange quarks with leptons involved, seem to deviate from the

SM prediction, where the only difference is the masses which in most cases can be neglected.

These observables, mediated by the W boson in the SM, appear to indicate that some BSM

physics is coupling differently to different flavours of quarks and/or leptons, and thus has

sparked great interest in the community.

Together with this experimental tensions, the lack of a dynamical explanation for the

masses, mixings and CP breaking phases in the SM, as well as the existence of neutrino masses

themselves, make flavour one of the most intriguing sectors in the SM, and as such we will

tackle it through several flavoured models in this thesis.

23
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2.1 The Flavour Puzzle

As we have discussed just now, the flavour sector in the SM is accumulating attention

for several reasons. These motivations can be divided in the B anomalies, which will not be

addressed in this work, the Flavour Puzzle and the BSM Flavour Problem. For starters, let us

describe the flavour sector itself, which will lead us to what is called the Flavour Puzzle.

As we showed in the previous chapter, masses for quarks and charged leptons are gener-

ated from Eq. 1.6 after the Electroweak (EW) symmetry is broken spontaneously by the Higgs

VEV, finding the following piece in that Lagrangian:

LY uk ⊃
After EWSB

Lm = −ūLYu
v√
2
uR − d̄LYd

v√
2
dR − ēLYe

v√
2
eR + h.c.. (2.1)

In that equation, one must remember that the Yukawa matrices are completely generix

3×3 complex matrices in flavour space and, therefore, are not necessarily diagonal. In order to

diagonalize them and find what will be identified as the fermion mass matrices one can rotate

the fermion fields in flavour space in the following way2:

fL → UfL
†
fL, fR → UfR

†
fR f = u, d, e, (2.2)

such that

Ŷf = UfLYfU
f
R

†
, (2.3)

where the hatted Yukawa matrices are already diagonal and real and the rotation matrices

Uf(L,R) are unitary matrices. After this rotation, we can already identify the mass matrices:

M̂f =
v√
2
Ŷf , (2.4)

where the hat is again used in the mass matrix to explicitly state that it is diagonal.

Notice that this transformation of the fields leaves the whole Lagrangian except for one

part: the W coupling to quarks. From within the kinetic term of the left-handed quark doublet

qL the covariant derivative includes the following piece:

2This can also be regarded as a change of basis, going from f ′(L,R) = Uf(L,R)fL,R, but for the sake of notation
simplicity we are dropping the prime in the non-diagonal basis.
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q̄L /DqL ⊃ −igq̄LγµτiW i
µqL ⊃ −ig

(
ūLγ

µW+
µ dL − d̄LγµW−µ uL

)
, (2.5)

which after the rotation becomes

− i g√
2

(
ūLγ

µUuLW
+
µ U

d
L
†
dL − d̄LγµUdLW−µ UuL

†uL

)
, (2.6)

withW±µ =
W 1
µ∓iW 2

µ√
2

. From this last equation we can identify the Cabbibo-Kobayashi-Maskawa

or CKM matrix that describes the mixing in the quark sector:

VCKM = UuLU
d
L
†

=


Vud Vus Vub

Vcd Vcs Vcb

Vtd Vts Vtb

 (2.7)

This matrix has 9 complex entries and is, in the SM, unitary by construction. Its ele-

ments have been measured with great precision, and the full matrix can be parametrized using

three rotation angles and one CP violating phase. These angles and phase can be expressed in

terms of four real parameters in what is called the Wolfenstein parametrization, used to test the

unitarity of the CKM matrix through what is called the unitarity triangle of the CKM, which

becomes also a tool to constrain BSM physics. Here we present the measured values of both

their modulus and each of the quark masses3 [15]:


|Vud| |Vus| |Vub|

|Vcd| |Vcs| |Vcb|

|Vtd| |Vts| |Vtb|

 =


0.97370± 0.00014 0.2245± 0.0008 0.00382± 0.00024

0.221± 0.004 0.987± 0.011 0.0410± 0.0014

0.0080± 0.0003 0.0388± 0.0011 1.013± 0.0030

 (2.8)

mu = 2.16+0.49
−0.26 MeV, mc = 1.27± 0.02 GeV, mt = 172.76± 0.30 GeV,

md = 4.67+0.48
−0.17 MeV, ms = 93+11

− 5 MeV, mb = 4.18+0.03
−0.02 GeV.

(2.9)

Just by looking at both the masses and the mixing matrix, it is possible to observe hierar-

chies: the range of quark masses spans for around five orders of magnitude, when in principle

3Notice that quark masses depend on the renormalization scheme used in the theory, as well as on the energy
scale at which they are computed. The masses shown here were computed in the M̄S scheme, with µ)2 GeV for the
three lightest quarks, µ = mq for q = c, b and direct measurements for the top quark.
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they could be of the same order of magnitude. Additionally, the CKM matrix is very close to

the identity, which looks a bit odd considering it comes from the product of to unitary matrices

that are used in the diagonalization of completely generic matrices.

The hierarchy in the masses and the peculiar structure of the CKM matrix are the essence

of the flavour puzzle, but it is further understood when one looks at the leptonic sector. Dis-

regarding for now neutrino masses, as they are absent in the SM, the rotation in Eq. 2.2 that

diagonalizes the charged lepton mass matrix does not introduce a mixing matrix analogous to

the CKM since the rotation can be reabsorbed by a new rotation UνL on the left-handed neutrino

field.

However, as we discussed in the previous chapter, neutrinos have been shown to be mas-

sive, albeit slightly so when compared to the rest of the SM particles. In order to write a neu-

trino mass term, it is mandatory to extend the SM spectrum with m new neutrino states with

right-handed (RH) chirality, NR, allowing us to write the following terms in the Lagrangian:

Lν = l̄LH̃YνNR +
1

2
N̄RMNN

c
R + h.c., (2.10)

where Yν is a generic 3 ×m complex matrix and MN is an m ×m symmetric matrix and that,

after EWSB, includes the neutrino mass Lagrangian

Lν ⊃ LMν = ν̄LMDNR +
1

2
N̄RMNN

c
R + h.c., (2.11)

with MD = v√
2
Yν .

Notice that we did not only write the usual Dirac mass term, the first one in the previous

equation, but also an additional one. Since left-handed neutrinos transform non-trivially only

under SU(2)L×U(1)Y and l̄LH̃ is already a SM gauge singlet, the new states NR are complete

gauge singlets, which allows for what is called the Majorana mass term, the second one in

Eq. 2.10.

In order to be able to find all the 3 + m neutrino mass eigenstates it is convenient to

rearrange Eq. 2.10 in such a way that only one mass matrix appears. This can be done by

rearranging the neutrino states in a vector of dimension 3 + m, namely ν =

 νL

N c
R

 which

allows to write the following mass Lagrangian:



Chapter 2. Missing pieces in the flavour sector 27

LMν =
1

2
ν̄c

 0 M∗D

M †D MN

 ν + h.c. = ν̄cMνν + h.c.. (2.12)

This matrix, as any symmetric matrix, can be diagonalized with just one hermitian rota-

tion, Uν such that

ν → Uν†ν, M̂ν = Uν∗MνU
ν†, (2.13)

where M̂ν is a diagonal matrix containing the 3 +m neutrino masses.

This rotation, as it also happened in the quark sector, introduces a mixing matrix in the

charged-current interaction of leptons with the W boson: the Pontecorvo-Maki-Nakagawa-

Sakata, or PMNS, matrix, which governs over flavour changing processes involving leptons,

including neutrino oscillations. For m = 3, this matrix contains 3 angles and one CP violating

phase, as did the CKM matrix, but presents 2 additional Majorana phases as long asMN 6= 0. In

the case where MN = 0 these Majorana phases can be reabsorbed through a rotation, defining

neutrinos as Dirac particles as opposed to Majorana in the other scenario. For the Dirac case,

the PMNS matrix can be expressed as follows in terms of its three angles θ12, θ13, θ23 and its

CP violating phase δCP .

UPMNS =


Ue1 Ue2 Ue3

Uµ1 Uµ2 Uµ3

Uτ1 Uτ2 Uτ3



=


c12c13 s12c13 s13e

−iδCP

−s12c23 − c12s13s23e
iδCP c12c23 − s12s13s23e

iδCP c13s23

s12s23 − c12s13c23e
iδCP −c12s23 − s12s13c23e

iδCP c13c23

 ,

(2.14)

where sij = sin θij and analogously cij = cos θij .

Whereas the quark sector has been very well characterized, the lepton sector is still lack-

ing some information in the neutrino parameters. Though charged lepton masses are very

well measured [15], extremely so in the case of the electron and the muon, the absolute scale

of neutrino masses is still unknown, despite experiments like KATRIN [16] aiming at it and

cosmology setting strong constraints on the sum of the three masses, with the lightest neutrino

being massless still being a possibility.
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me = 0.5109989461± 0.0000000031 MeV, mµ = 105.6583745± 0.0000024 MeV,

mτ = 1776.86± 0.12 MeV.
(2.15)

The mass difference between the three light neutrino states have been measured with

good accuracy, but only one of them is known to be positive. The sign of the lightest-to-heaviest

neutrino mass difference is still undetermined, being positive for what is called normal order-

ing (NO) and negative for inverted ordering (IO). In Table 2.1 we present the current values

for the three angles, the CP violating phase and the two mass splittings given by the NuFIT

collaboration [17], both for normal and inverted ordering, with compatible results also found

by the groups in Refs. [18, 19].

NO IO

θ12 (◦) 33.44+0.77
−0.74 33.45+0.78

−0.75

θ23 (◦) 49.2+0.9
−1.2 49.3+0.9

−1.1

θ13 (◦) 8.57± 0.12 8.60± 0.12

δCP (◦) 197+27
−24 282+26

−30

∆m2
21 (10−5 eV2) 7.42+0.21

−0.20 7.42+0.21
−0.20

∆m2
3l (10−3 eV2) +2.517+0.026

−0.028 −2.498± 0.028

TABLE 2.1: Best fit for the neutrino oscillation parameters obtained by the NuFIT collaboration.

By looking at the mixing angles in the PMNS matrix it can be seen that, as the smallest

of them is about 9◦, the texture of the lepton mixing matrix y more anarchical than the very

hierarchical CKM matrix. Additionally, charged lepton masses are spread through almost 5

orders of magnitude, with neutrino masses being extremely small, below the eV level [16].

This is the nature of the flavour puzzle: the absence of a dynamical explanation for the

huge range of fermion masses together with the very different mixing patterns in the quark

and lepton sector. In Fig. 2.1, we show the CKM and PMNS matrices, with their entries being

represented by circles whose radii are equal to each entry divided by the largest one. Then, in

Table 2.2 together with a table with the ratio of all masses divided by the top mass, which in

all cases except for the neutrinos corresponds to the Yukawa of each fermion.
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FIGURE 2.1: CKM matrix (top) and PMNS matrix for NO (bottom left) and inverted ordering
(bottom right), with the circles being a representation of the modulus of each element.

First Generation Second Generation Third Generation

Up-type quarks O(10−5) O(10−2) 1

Down-type quarks O(10−5) O(10−3) O(10−2)

Charged Leptons O(10−6) O(10−3) O(10−2)

Neutrinos 0−O(10−11) O(10−11) O(10−11)

TABLE 2.2: Masses (normalized by the top mass) for the three generations of all SM fermions.
Normal ordering has been assumed so that the first generation neutrino is the lightest one.

In the following sections we will discuss some widely proposed solutions to one or several

aspects of the flavour puzzle, starting with the particularly small neutrino masses and moving

towards a more generic approach towards all hierarchies in the flavour sector. Finally, we will

comment in the second half of this chapter the consequences of modifying flavour with BSM

physics and how to stay safe from these dangers.
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2.1.1 The See-Saw Mechanism

As we have commented previously, and a RH counterpart for neutrinos is not within the

SM particle spectrum, neutrino masses cannot be accommodated in the SM without departing

from renormalizability or adding new particles. In the first case, if one gives up on having a

renormalizable theory, it is possible to include the Weinberg Operator that, with only SM fields,

provides a source for neutrino masses. However, this needs a UV completion that gives rise

to that effective operator. Following the idea of maintaining renormalizability implies adding

new particles to the SM. This can be done still conserving Lepton Number, the Dirac case, that

implies the neutrino Yukawa to be strikingly small in order to account for their tiny neutrino

masses, increasing the fine-tuning level in the particle physics.

If in turn one allows LN to be explicitly broken, a Majorana mass term for the new fields

can be introduced that can help with the smallness of neutrino masses, giving rise to the so-

called See-Saw (SS) mechanism. The main idea behind this is the introduction of a large scale

that, just like two children in a see-saw, pushes neutrino masses up to lighter values. Depending

on the specific particle that is introduced to generate the Weinberg operator after it is integrated

out three classical types of see-saws can be identified.

The simplest one of them, in terms of the complexity of the new particle and its inter-

actions, is the so-called Type-I SS, where a number of right-handed neutrinos are introduced,

being singlets under the whole SM gauge group. This is the case that is depicted in Eq. 2.10

that leads to the neutrino mass matrix shown in Eq. 2.12. In the limit where MN �MD, which

for a Yukawa O(1) implies MN � v, the diagonalization of Mν yields the following masses for

light and heavy neutrinos, mν and mN respectively, the following expressions:

mν ∼MDM
−1
N MT

D, mN ∼MN , (2.16)

which requires MN ∼ 1014 GeV in order to reproduce a light neutrino mass scale mν ∼ O(eV).

This same mechanism works if the fermion introduced is not a full singlet of the SM gauge

group, but transforms as a triplet, Σ, under SU(2)L as the products 2 × 2 × 3 and 3 × 3 both

contain a singlet. This allows for both a Yukawa and Majorana term, analogous to the type-I

singlet case, to be written in the Lagrangian, resulting in the same expression for light neutrino

masses.
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A slightly different solution appears when one considers the inclusion of a new scalar

instead of a fermion. By adding a weak triplet scalar, ∆, to the SM particle content the following

terms appear within the Lagrangian associated to this field:

L∆ ⊃ l̄cLiσ2∆Y∆lL +m2
∆Tr(∆†∆) + µ∆H

T ∆̃H + h.c. (2.17)

imposing a hypercharge for ∆ of Y∆ = 2 in order to ensure full gauge invariance and ∆̃ =

iσ2∆∗ analogously to the previously defined H̃ .

This new scalar field gets a VEV v∆ = µ∆v
2

√
2m2

∆

� v, with the generated neutrino mass being

mν = Y∆v∆ = Y∆
µ∆v

2

√
2m2

∆

, (2.18)

which can be made naturally small with Y∆ ∼ O(1) by choosing the appropriate values for

µ∆ and m∆. The enriched scalar spectrum in this type of SS leads to many constraints, both

from colliders and non-collider observations, which may compromise the naturalness of Y∆

but still allow for a less fine-tuned Yukawa than the O(10−11) required for Dirac neutrinos in

the absence of a SS mechanism.

H

lL

H

lL

NR,Σ

H H

lLlL

∆

FIGURE 2.2: Feynman diagrams for the type-I and III SS on the left, with the one for the type-II
SS on the right.

In Fig. 2.2 we show the Feynman diagrams for the type-I or III and type-II SS that, af-

ter integrating out the heavy particle, lead to the Weinberg operator. Apart from these three

standard types of SS, where the light neutrino masses in all cases are inversely proportional to

some new heavy mass parameter, there are some other proposals. In frameworks like the the

inverse and linear SS the lepton number breaking scale, which in the standard SS is MN , can
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be lowered thanks to the introduction of more than one flavour of right-handed neutrino and

the textures that generates in Mν .

Though the SS mechanisms can account for the smallness of the overall scale of neutrino

masses, while the structure of the PMNS matrix and the mass splittings still lack a dynamical

explanation and have to be accommodated through the extra parameters that the Majorana

and Yukawa matrices introduce.

In the next section we will discuss frameworks that do attempt to provide for an expla-

nation to these hierarchies in the mixings and mass ratios. These strategies can be used in the

neutrino sector, but also address the flavour problem in the charged lepton and quark sectors,

and they all are based in the use of global symmetries.

2.1.2 Discrete and continuous flavour symmetries

As we discussed already in the introduction and first chapter of this thesis, symmetries

are the rules we must respect when building our particle puzzle. In this sense, they may seem

restrictive, but this reasoning can be flipped and try to use new symmetries to explain the

hierarchies present in the flavour sector.

This approach has been followed by many phenomenologists, leading to the developing

of many models that implement flavour symmetries to reproduce the mass ratios and mixing

hierarchies. These models can be broadly classified according to the type of flavour symmetry

they use: they can be either gauge or global, discrete or continuous, Abelian or non-Abelian.

Though gauged flavour symmetries are indeed an interesting research subject4, we will pro-

vide here an overview only on the trajectory of global flavour symmetries as those will be the

ones used in the original work presented here later.

Discrete flavour symmetries [25–32] became particularly interesting in the early ages of

neutrino oscillation measurements. The so-called atmospheric angle, θ23, was measured to

be very close to 45◦, with tau and muon neutrinos oscillating maximally. This angle could

be explained with a Z2 symmetry that predicts at the same time a vanishing reactor angle,

θ13 = 0◦. This approach evolved into more complex symmetries, like the discrete non-Abelian

A4 or S4, which predict what was called the tri-bimaximal mixing [33, 34], with sin2 θ12 = 1
3 in

addition to the previous prediction from the Z2 symmetry.

4Examples of this are found in Refs. [20–24]
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While the solar angle θ12 predicted agreed with data, the reactor angle was measured

to be clearly non-zero, rendering the tri-bimaximal mixing together with other proposals that

predicted θ13 = 0, unattractive. After the determination of the three mixing angles in the

neutrino sector, in particular a relatively large reactor angle [35–39], new proposals appeared

trying to accommodate these observations, either by considering other textures, modifying to

the previously predicted one or including new less minimal flavour symmetries.

Apart from the neutrino sector, quark and charged lepton masses have also been ad-

dressed with discrete flavour symmetries. As an example, in Ref. [40] a supersymmetric model

is presented using the double covering of A4, T ′, which has the features of A4 models in the

lepton sector together with realistic results for quark masses and mixings not found in the

simple A4 models.

Departing from the discrete approach, continuous flavour symmetries have proven to be

a really powerful tool to tackle the flavour puzzle. One possibility is considering non-Abelian

continuous symmetries, like U(3)n groups as in Minimal Flavour Violation [41, 42], which will

be discussed in depth later on, or U(2)n models [43, 44] where the third generation of fermions

is singled out, as well as a combination of U(2)n × U(3)m as discussed in Ref. [45], one of the

papers produced during this thesis that will not be addressed in this document.

All these models with continuous non-Abelian symmetries share the treatment of the

Yukawa matrices, which become spurions: non-dynamical fields that transform non-trivially

under a certain symmetry. In particular, the SM Yukawas transform under the non-Abelian

part part of the U(N), i.e. under SU(N), in a certain representation that can vary from model to

model. This ensures the flavour invariance of the Lagrangian, together with that of any higher

dimensional operator created, that must include the appropriate combination of Yukawa in-

sertions. Additionally, the Yukawa spurions can be promoted to dynamical scalar fields and

their potential can be constructed, restricted by the combinations allowed by the Yukawas rep-

resentations. This potential can then be minimized in search for a solution that explains the

SM masses and mixing hierarchies.

These models have great predictability when promoting the spurions to scalars thanks to a

reduction of the free parameters, but may find it difficult to include a minimum which explains

the observed mass and hierarchies and is not too highly fine tuned. An alternate approach

is the one followed by the so-called Froggatt-Nielsen models [46–49] where the continuous

flavour symmetry used is Abelian. These models accommodate easier the observed masses,
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but have a higher number of free parameters and, additionally, lose the renormalizable appeal

of the non-Abelian models.

In these models, an Abelian U(1)FN flavour symmetry is imposed in the Lagrangian,

with each fermion of type f = u, d, q, e,N, l and generation i = 1, 2, 3 has a charge xfi . Together

with the inclusion of a scalar field Φ, dubbed flavon, with a U(1)FN charge of, without loss of

generality, xΦ = −1 each Yukawa term can be made flavour invariant in the following fashion:

(
Φ

Λ

)xfRj −xfLi
f̄LiHY

ij
f fRj , (2.19)

with fL = q, l, fR = u, d, e,N and where Λ represents the energy cutt-off of the effective field

theory described by these non-renormalizable Yukawa operators.

After the spontaneous breaking of U(1)FN through the VEV of Φ, vΦ, the masses and

mixing hierarchies are ruled by a small parameter ε = vΦ√
2Λ

, while the entries of the Yukawa

matrices remain free, with their naturalO(1) value being specially attractive. Notice that these

models produce a Nambu-Goldstone Boson (NGB) from the breaking of U(1)FN that, in gen-

eral, can have flavour violating couplings to fermions, what translates in strong limits to these

type of models from processes like flavour violating meson decays. The danger these type of

observables pose on BSM models is what is usually called the BSM Flavour Problem.

2.2 The BSM Flavour Problem

When modifying the particle content of the SM in order to solve some of its open problems

new states may be observed through resonant searches, together with indirect effects these

states can have through loop processes. Flavour physics is particularly sensitive to the latter,

as in the SM all flavour violating processes are mediated by the W and therefore suppressed

by the CKM matrix elements.

There is one particular type of processes which is strongly suppressed, and that is the one

involving flavour changing neutral currents (FCNC); in other words, processes with a flavour

change but where the initial and final states possess the same electric charge. As there are

no electrically neutral flavour couplings in the SM, FCNC processes must necessarily occur at

the one loop level. Such processes include rare decays, like B0
S → µ+µ− in Fig. 2.3 or meson
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oscillations like K0− K̄0 in Fig. 2.4, described by the so-called box diagrams or by the penguin

diagrams.

b̄

s

µ+

µ−
u, c, t

W+

W−

νB0
S

s

b̄
µ+

µ−

u, c, t

W+

W−

Z
B0
S

s

b̄
µ+

µ−
u, c, t

u, c, t

W+
Z

B0
S

FIGURE 2.3: One-loop diagrams describing the B0
S → µ+µ− decay, with the box diagram

above and the penguin ones on the bottom.
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d

d̄

s

u, c, t

W+

W−

u, c, tK0 K̄0

s̄

d

d̄

s
u, c, t

W− W+

u, c, t

K0 K̄0

FIGURE 2.4: One-loop diagrams for the kaon oscillation K0 − K̄0.

The loop nature of these processes already implies an important suppression, but it be-

comes further so when the unitarity of the CKM matrix is taken into account: when summing

the contributions of the three quarks running in the loop, due to the CKM unitarity, they ex-

actly cancel except up to masses effects. This is what is known as the GIM mechanism, and it

can imply stronger suppressions in these type of processes.

The extremely small presence of these processes in the SM implies that any BSM contri-

bution which may impact them should be easily measurable. These NP contributions can be
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parametrized by the scale Λ that delimits up to when the SM is a good EFT, without consid-

ering explicitly the new degrees of freedom. As we commented before, the hierarchy problem

asks for a low NP scale, of order Λ ∼ O(TeV), but measurements of meson mixing, through ob-

servables like εK , lepton mixing, like µ→ e conversion in nuclei and CP-violation observables,

like EDMs, set a limit on the scale Λ & O(104 TeV) [50, 51].

This large scale, and the generically large effects that one could expect when new flavour

physics are considered, are indeed worrying as it seems to point in the direction that NP in the

flavour sector cannot be arbitrarily large. Such is the nature of the BSM flavour problem, and

in the next section we will present a framework that allows for an elegant way to protect our

models against this danger.

2.2.1 Minimal Flavour Violation

When looking for a way to allow new flavour physics while satisfying experimental con-

straints but still maintain a low NP scale, the Minimal Flavour Violation (MFV) framework [41]

was developed. The main assumption of MFV lies in considering that the only source of

flavour and CP violation in any NP model is that of the SM, i.e. the Yukawas. This implies

that, in the limit of vanishing Yukawa couplings, a flavour symmetry group GF can be identi-

fied by looking at the kinetic terms of all fermion fields [42]:

GF = U(3)qL × U(3)uR × U(3)dR × U(3)lL × U(3)eR , (2.20)

where for now we are considering massless neutrinos.

This assumption follows the direction of the non-Abelian continuous flavour symmetry

models we discussed before: the Yukawa matrices of the SM must become spurions that trans-

form non-trivially under the non-Abelian symmetry subgroup GNAF ⊂ GF in order to ensure

full invariance of the Lagrangian, while their background value (spurious analogue of the

scalar VEV) they take must reproduce the observed masses and mixings in the SM.

Yu → Yu ∼ (3, 3̄,1,1,1), Yd → Yd ∼ (3,1, 3̄,1,1),

Ye → Ye ∼ (1,1,1,3, 3̄),
(2.21)
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〈Yu〉 = ctV
†
CKMdiag

(
mu

mt
,
mc

mt
, 1

)
, 〈Yd〉 = cbdiag

(
md

mb
,
ms

mb
, 1

)
,

〈Ye〉 = cτdiag
(
me

mτ
,
mµ

mτ
, 1

)
,

(2.22)

with ct, cb and cτ numeric factors smaller than 1.

The power of this procedure appears when considering non-renormalizable operators

that may encode new flavour physics. These operators must be constructed flavour invariant

and, as such, they will include appropriate powers of the Yukawa matrices. These Yukawa

matrices carry the SM flavour hierarchies, meaning that the new operators will be Yukawa

suppressed, mimicking the GIM mechanism present already in the SM. When matching the

flavour observables with the predictions made through MFV operators the scale of NP goes

from hundreds or thousands of TeVs [50] as discussed before (when generic BSM operators

were assumed) to even a few TeVs [20–24, 42, 52–57].

These framework has of course its drawbacks as well: the top Yukawa is contained in

a spurion and, as such, is reproduced by a background value. However, it is close to one,

so this could pose a threat on the perturbative character of the scheme. Additionally, it is

necessary to give a dynamical origin to said background values; this is something that has

indeed been attempted with positive results but not complete: after promoting the spurions

to scalar fields, minima have been found that include non-vanishing masses for the heavier

quarks and leptons, two massive neutrinos and small mixing in the quark sector. The lepton

sector requires a special treatment as, as we will see in the final section of this chapter, the naı̈ve

symmetry obtained from the kinetic terms lacks predictive power.

2.2.2 Minimal Lepton Flavour Violation

MFV in the lepton sector requires for a more detailed discussion, as neutrino masses are

not present in the SM. In a first step, the minimal field content (MFC) scenario, only the non-

renormalizable Weinberg operator is considered.

OW =

(
l̄cLH̃

∗
)
Gν
(
H̃†lL

)
ΛLN

, (2.23)

where Gν is a spurion that transforms under SU(3)lL as a 6̄, such that its background value

reproduces neutrino masses:
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〈Gν〉 =
ΛLN
v2

UT m̂νU, (2.24)

with U the PMNS matrix.

One would, however, like to work in a renormalizable scenario. After extending the SM

into a Type-I SS with 3 RH neutrinos, the symmetry gets an additional SU(3)NR factor coming

from their kinetic term. In this case, looking at Eq. 2.10 one can see that two spurions appear,

namely:

Yν → Yν ∼ (1,1,1,3,1, 3̄), MN → µLNYN ∼ (1,1,1,1,1, 6̄), (2.25)

where µLN is a mass scale extracted from MN such that the spurion YN is dimensionless and

all its entries are at most 1.

In the limit where µLN � v the light neutrino masses can be identified in the same fashion

as in Eq. 2.16 as follows:

mν '
v2

2µLN
YνY−1

N Y
T
ν , (2.26)

which must reproduce light neutrino masses once the spurions acquire a background value,

meaning

〈Yν〉
〈
Y−1
N

〉 〈
YTν
〉

=
2µLN
v2

UT m̂νU. (2.27)

Notice that, in this case, there is not a single spurion related to neutrino masses and mix-

ings, but a combination of two of them. This implies that it is not possible to unambiguously

identify the elements of the spurions in terms of neutrino masses and the PMNS matrix ele-

ments. More so, when one considers neutrino flavour operators to match with observables,

we find that the spurions entering said operators are Yν , YN and their hermitian conjugates

instead of their transposed. As a consequence of this fact, flavour processes can not be de-

scribed in terms of neutrino masses and mixings either, losing therefore the predictivity MFV

harnessed in the quark sector.

As a way to bypass this loss of predictive power, a modification of the flavour symmetry

assumed in the lepton sector was proposed. This implies in particular considering a slightly
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smaller lepton flavour symmetry group GNAL ⊂ GNAF , such that the combination of spurions

appearing in the light neutrino masses and flavour observables were the same.

The first of these modifications [58, 59] considers restricting the symmetry in the RH neu-

trino sector and imposing CP conservation.

GNAL → SU(3)lL × SU(3)eR × SO(3)NR × CP. (2.28)

As a consequence of CP conservation in the lepton sector, the spurions are automatically

real meaning in particular that Y†ν = YTν 5. Additionally, the reduction of the NR flavour sym-

metry, going from a unitary group to an orthogonal one, is equivalent to considering that the

three heavy neutrinos are mass degenerate, which translates in terms of the spurion to YN ∝ 1.

With these assumptions, the expression for light neutrino masses is simplified to

mν '
v2

2µLN
YνYTν . (2.29)

Thanks to these conditions, the only spurion combinations that appear in flavour relevant

operators are Ye and YνYTν , which allows for them to be rewritten in terms of lepton masses

and mixings, recovering the predictive power previously lost.

The other proposal to render Minimal Lepton Flavour Violation (MLFV) predictive is to

consider that the RH neutrinos transform under the same symmetry as the LH lepton dou-

blet [60]. In terms of the symmetry, this means considering

GNAL → SU(3)lL+NR × SU(3)eR . (2.30)

As a consequence of this choice, the neutrino Yukawa is automatically flavour invariant,

with Yν being a singlet under the whole flavour symmetry group. As such, it is a unitary ma-

trix [61, 62] that can therefore be rotated to the identity matrix through a RH neutrino flavour

rotation. Consequently, light neutrino masses reduce now to

5This is not entirely true, as CP conservation only requires the Majorana phases to be either 0, π or 2π. However,
Majorana phases of π do not result in real Yukawas. The CP conservation imposed here is a bit stronger than the
usual one, forbidding this value for the Majorana phases.
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mν '
v2

2µLN
Y−1
N , (2.31)

while flavour violating effects are now written exclusively in terms of Ye and YN , allowing

them to be expressed in terms of lepton masses and mixings, recovering thus the predictive

power of MFV. In both cases, the constraints on NP considering the present available data on

flavour changing processes in the lepton sector are as low as a few TeV [58–60, 63–66].

In this thesis we will present two flavour models that follow the philosophy of MFV,

protecting them against the BSM flavour problem. Additionally, we will show how the Abelian

part of the MFV flavour symmetry group can be used to solve other problems of the SM,

increasing its appeal beyond a mere defence against possible flavour bounds.



Chapter 3

The Strong CP Problem

When we wrote the SM Lagrangian we followed some rules: one has to write all possible

terms which are renormalizable (up to dimension 4) that respect all gauge symmetries and

Lorentz invariance. In principle, one could think that all the terms we showed in eqs. (1.4, 1.6,

1.7) are all of the possible terms that respect the rules. However, there are three more terms

that could be added to the SM Lagrangian without breaking renormalizability nor gauge or

Lorentz symmetry. These terms involve only the gauge fields and are the following:

LXX̃ = θQCD
αs
8π
GaµνG̃aµν + θW

αW
8π

W iµνW̃ i
µν + θY

αY
8π

BµνB̃µν , (3.1)

where X̃µν = 1
2εµναβX

αβ is the dual of the field strength tensor for each gauge group, with

εµναβ being the fully antisymmetric tensor satisfying ε1230 = 1.

The terms appearing in the previous equation are indeed gauge and Lorentz invariant,

breaking only CP symmetry. However, CP is not a conserved symmetry in the SM Lagrangian

either, since the phases in the Yukawa matrices already break it, so one may wonder why

should these terms not be considered. They all share in fact one peculiarity which is being

proportional to a total derivative, namely

αX
8π

XaµνX̃a
µν = ∂µK

µ; Kµ =
αX
4π

εµναβ
(
Xa
ν∂αX

a
β +

1

3
fabcX

a
νX

b
αX

c
β

)
, (3.2)

where Kµ is the so called Chern-Simons current and the last term in its expression only exists

for non-Abelian symmetries.

41
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Taking this into consideration, one could naı̈vely apply Gauss’ Theorem together with the

condition of gauge fields being null at infinity or a gauge transformation of 0, expecting that

term to vanish after it is integrated by parts. This happens in fact for Abelian gauge groups,

rendering the hypercharge term unphysical. However, that is not the case for the colour and

weak forces. As we will see in the next section, the QCD vacuum presents non-trivial solutions

for the gauge configuration called instantons that allow it to have physical consequences.

The most relevant of said consequences is the presence of a non-vanishing neutron electric

dipole moment dn (nEDM) [67, 68], a magnitude that has been measured with a stunning

accuracy. The θQCD parameter is related to this observable as follows

dn ∼ θQCD × 10−16 e · cm. (3.3)

Current measurements are able to set a very stringent limit on this observable [69–71] to

be below dn . O(10−26) e · cm, which translates into an upper limit on the θQCD parameter:

θQCD . O(10−10), (3.4)

which is an extremely small value for a dimensionless parameter, something that does not

happen in any other place of the SM picture, constituting the so-called Strong CP Problem. Let

us start first with discussing the details of how CP is broken by the strong sector, together with

quark masses, and studying a little bit the QCD vacua.

3.1 CP Invariance in the QCD Lagrangian and the Chiral Anomaly

As already discussed, besides the θQCD term there is an additional source of CP violation

in the Yukawa sector. Let us consider for now a simple case with just one quark mass matrix

M . In its diagonal form, the masses could still have an overall phase, so that it can be written

M = diag
(
mje

iαj
)
, (3.5)

where the index j runs for all the quarks considered.



Chapter 3. The Strong CP Problem 43

In the limit of small phases, the quark mass term can be rewritten as:

q̄Mq = mj cosαj q̄jqj − imj sinαj q̄jγ5qj ' mj q̄jqj − imjαj q̄jγ5qj , (3.6)

with γ5 = iγ0γ1γ2γ3 the fifth Dirac matrix that anti-commutes with all Dirac matrices.

The last term in the previous equation constitutes an additional source of CP violation in

our Lagrangian and, as we will show in the following, it is in fact related to the θQCD term

through the Chiral Anomaly.

For the sake of simplicity, let us consider the case of only one quark with complex mass

M = meiα. The Lagrangian for this quark is

LDirac = q̄
(
i /D −M

)
q. (3.7)

Considering only this Lagrangian it is easy to think of a rotation that allows us to make

the quark mass real, namely:

U(1)A : q → e−iγ5
α
2 q, q̄ → q̄e−iγ5

α
2 , (3.8)

which, at first order in the small parameter α, transforms the previous Lagrangian in the fol-

lowing way:

LDirac
U(1)A−−−−→ q̄

(
1− iγ5

α

2

) (
i /D −M

) (
1− iγ5

α

2

)
q

≈ LDirac − q̄
(
i /D −M

)
i
α

2
γ5q − iq̄γ5

α

2

(
i /D −M

)
q

= LDirac +
α

2
q̄
(
/Dγ5 + γ5 /D

)
+ iMαq̄γ5q

= LDirac + iMαq̄γ5q ≈ LDirac + imαq̄γ5q,

(3.9)

where the last term exactly cancels the imaginary term of Eq. 3.6, rendering the mass quark

real.

This is the effect of the transformation at the classical level. However, it was shown that

this kind of transformation does not leave the measure of the path integral invariant. As we

will see now, the impact of this non-invariance of the path integral leads to the appearance of

a term analogue to the θQCD one.
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The breaking at the quantum level of the axial U(1)A is an issue that has been widely

studied in the context of the neutral pion decay to photons [72, 73] or the mass of the η′ meson.

This non-conservation of the axial current jµA = q̄γµγ5q receives the name of chiral, axial or

ABJ anomaly [74, 75], and can be explained through the computation of the triangle diagram

shown in Fig. 3.1.

jµA

FIGURE 3.1: Triangle diagram that breaks the axial (1)A symmetry.

In this work, however, we will follow a parallel approach to this anomaly, as proposed by

Fujikawa [76], where the anomaly is shown through the non-invariance of the measure of the

path integral, the functional integral that gathers all information of the QFT being treated. Let

us first write the path integral

Z =

∫
Dq̄Dq e

i

∫
d4xq̄

(
i /D −M

)
q
, (3.10)

and the transformation, generalized with a parameter that may depend on space-time coordi-

nates,

q → e−iθ(x)γ5q
θ�1−−−→ (1− iθ (x) γ5) q,

q̄ → q̄e−iθ(x)γ5 θ�1−−−→ q (1− iθ (x) γ5) ,
(3.11)

which translates in the following change of the Lagrangian

L = q̄
(
i /D −M

)
q → L + q̄ /∂ (θ(x)) γ5q + i2Mq̄γ5q. (3.12)

Let us now express the quark fields in terms of eigenstates of the dirac operator i /D in the

following way:

(
i /D
)
φm = λmφm. q =

∑
n

anφn(x), q̄ =
∑
n

φ†n(x)b̄n, (3.13)
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where φn is the nth eigenstate of the Dirac operator with its eigenvalue λn. In this field ex-

pansion, the coefficients an and bn are Grassman variables where the fermion character of the

quark field is contained, while the eigenstates φn(x) include within them all Lorentz depen-

dence and satisfy the normalization
∫
d4xφ†mφn = δmn.

The measure of the integral after this expansion, before and after the axial transformation,

can be expressed as:

Dq̄Dq =
∏
n

dandb̄n → Dq̄′Dq′ =
∏
n

da′ndb̄
′
n, (3.14)

which are related as usual for Grassman variables:

∏
m

da′m = J −1
∏
n

dan, (3.15)

where J is the Jacobian of the transformation. By using the definition and normalization

relation of the Dirac operator eigenstates, one can find the Jacobian in the following way:

q =
∑
n

anφn(x)→
∑
n

an (1− iθ(x)γ5)φn(x) = q′ =
∑
m

a′mφm(x),

∑
m

a′m

∫
d4xφ†j(x)φm(x) =

∑
n

an

∫
(1− iθ(x)γ5)φ†j(x)φn(x),

∑
m

a′mδjm =
∑
n

an

(
δjn − i

∫
d4xθ(x)φ†j(x)γ5φn(x)

)
,

a′j =
∑
n

an

(
1− i

∫
d4xθ(x)φ†j(x)γ5φn(x)

)
.

(3.16)

From the last line of this equation, the Jacobian of the transformation is directly obtained as:

J −1 = det (1 + Cnj) ≈ exp (Tr (Cnj))
−1, with Cnj = −i

∫
d4xθ(x)

∑
n

φ†jγ5φn(x),

J ≈ exp

(
i

∫
d4xθ(x)

∑
n

φ†j(x)γ5φn(x)

)
.

(3.17)

The Jacobian contains a divergent sum, and thus needs to be regularized somehow. A

possibility is to introduce a cut-off as Fujikawa proposed:

∑
n

φ†nγ5φn = lim
M→∞

∑
n

φ†n(x)γ5φn(x)e−
λ2
n

M2 (|λn| �M) . (3.18)
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Taking into account that λn are the eigenvalues of the Dirac operator, we can rewrite the

previous equation as follows:

lim
M→∞

∑
n

φ†n(x)γ5e
−(i /D)2

M2 φn(x) = lim
M→∞

〈
x

∣∣∣∣Tr(γ5e
− (i /D)2

M2

)∣∣∣∣x〉 , (3.19)

where /D
2 can be rearranged into the following form.

/D
2

= γµD
µγνD

ν =
1

2
({γµ, γν}+ [γµ, γν ])DµDν

= D2 +
1

4
[γµ, γν ] [Dµ, Dν ] ,

(3.20)

where we used the commutation relation for gamma matrices, {γµ, γν} = 2gµν , together with

the decomposition in symmetric and anti-symmetric parts for a tensor. For simplicity and as

we look for the colour anomaly, let us consider only the gluon part of the covariant derivative.

[Dµ, Dν ] = −igs
λa
2
Gaµν , (3.21)

With these expressions, we can expand Eq. 3.19 up to second order in gsGµν

M , reaching the

following:

lim
M→∞

〈
x

∣∣∣∣Tr(γ5e
− (i /D)2

M2

)∣∣∣∣x〉 = lim
M→∞

〈
x

∣∣∣∣∣Tr
(
γ5e

D2−i gs4
λa
2 [γµ,γν ]Gaµν

M2

)∣∣∣∣∣x
〉
≈

lim
M→∞

〈
x

∣∣∣∣∣Tr
(
γ5

(
1 + i

gs
4M2

λa
2

[γµ, γν ]Gaµν − g2
s

32M4

(
λa
2

[γµ, γν ]Gaµν
)2
)
e
D2

M2

)∣∣∣∣∣x
〉
.

(3.22)

The zeroth and first order of the expansion vanish as a consequence of the relations Tr (γ5) = 0

and Tr (γ5γµγν) = 0. For the second order, the trace over the SU(3) generators will yield

Tr
(
λa
2
λb
2

)
= 1

2δab, and using Tr (γ5γµγνγαγβ) = −i4εµναβ plus some rearrangement of the

terms, we find the following:
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lim
M→∞

−

〈
x

∣∣∣∣∣Tr
(
γ5

(
g2
s

32M4

(
λa
2

[γµ, γν ]Gaµν
)2
)
e
D2

M2

)∣∣∣∣∣x
〉

= lim
M→∞

i
g2
s

4M4
εµναβG

aµνGaαβ
〈
x

∣∣∣∣e D2

M2

∣∣∣∣x〉
= lim

M→∞
i
g2
s

2M4
GaµνG̃aµν

〈
x

∣∣∣∣e ∂2

M2

∣∣∣∣x〉
= −αs

8π
GaµνG̃aµν =

∑
n

φ†n(x)γ5φn(x),

(3.23)

where G̃aµν = 1
2ε
µναβGaαβ and we used the value of the matrix element

〈
x

∣∣∣∣e ∂2

M2

∣∣∣∣x〉 = iM4

16π2 .

Finally, the expression for the Jacobian of the transformation is found:

J = e
−i

∫
d4xθ(x)

αs
8π
GaµνG̃aµν

. (3.24)

The transformed path integral can now be written, using Eq. 3.24 and Eq. 3.12, obtaining

thus the Lagrangian after the chiral rotation:

Z =

∫
Dq̄′Dq′e

i

∫
d4xL ′ (q̄′, q′)

=

∫
Dq̄DqJ −2e

i

∫
d4xq̄

(
i /D −M

)
q + q̄ /∂ (θ(x)) γ5q + i2Mθq̄γ5q

=

∫
Dq̄Dqe

i

∫
d4xL − θ(x)

(
∂µ (q̄γµγ5q)− i2Mq̄γ5q −

αs
4π
GaµνG̃aµν

)
,

(3.25)

where one term has been integrated by parts to take out θ(x) as a common factor. Taking

now derivatives with respect to θ(x), we obtain the equation of motion for the axial current

jµ5 = q̄γµγ5q:

∂µj
µ
5 = i2Mq̄γ5q +

αs
4π
GaµνG̃aµν . (3.26)

We come now to the origin of the chiral anomaly: both quark masses and a QCD term

coming from the non-invariance of the metric break the conservation of the axial current. No-

tice that in Eq. 3.25 appears a term with the same form that had the CP strong violating term

of Eq. 3.1. This translates in the observable parameter being, instead of θQCD, the following

combination:

θ̄ = θQCD + 2θ(x) (3.27)
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In order to cancel the imaginary mass term appearing in Eq. 3.6, the parameter θ(x) must

be chosen as θ = α
2 . This, apart from making the mass real, would imply that the observable θ̄

is now:

θ̄ = θQCD + α. (3.28)

Extending this result to the SM, where not only one quark but three up-type and three

down-type quarks exist, yields the following result where all phases are considered:

θ̄ = θQCD + Arg (Det (MuMd)) , (3.29)

with Mu,d = Yu,d
v√
2

are the quark mass matrices in the non-diagonal and complex basis.

Considering the physical parameter comes from both the strong and weak sector the

Strong CP Problem becomes even more worrying: why should to parameters coming from

different sectors cancel up to such a high order as imposed by the limits on nEDM? One could

also wonder if the W iµνW̃ i
µν term in Eq. 3.1 also results in a “Weak CP Problem”. However,

this is not the case as SU(2)L only acts on left-handed fields and through a Baryon Number

rotation the θW can be removed.

Summarizing, the only term that has physical consequences and represents a fine tuning

problem in the SM is that of the θ̄ term. In order to give a dynamical explanation to its tiny

value there are many proposals, but the most popular one, and one of the cores of this thesis, is

the use of an axion. In the next section we will indeed detail the axion mechanism, but first we

will review other proposals to solve the Strong CP Problem that do not require the presence of

an axion to provide a more complete view of the situation.

3.2 Axionless solutions to the Strong CP Problem

As we have discussed, the Strong CP Problem is a fine-tuning problem in the SM that has

lead to a great activity in the field. There are many proposals that aim to solve it, but they can

be broadly classified in three categories: massless quark solutions, Nelson-Barr models and

axion models. Let us briefly discuss first the two classes of axionless solutions and, afterwards,

provide some details about the axion solution.
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3.2.1 Massless quarks

By simply looking at Eq. 3.29 it is easy to see why a massless quark proposal helps with the

Strong CP Problem: if only one of the eigenvalues of the quark matrices is zero, its determinant

also vanishes. With this, the only remaining parameter is therefore θQCD which can then be

rotated away via a chiral rotation without any effect anywhere else in the Lagrangian.

This solution is indeed extremely simple and satisfying, or so it would be were not for the

fact that quark masses are very well studied. Even for the lightest of them, current data and

lattice simulations set it at the MeV scale, ruining this potential solution.

Despite the original idea being currently ruled out, the proposal evolved and found its

way into new models, sparking interest again in this type of solutions. One example is that of

Ref. [77] where a mirror QCD′ sector is included, such that its θ̄′ is aligned with the SM one

through a Z2 symmetry, and where massless quarks can live undetectable for us, predicting at

the same time new coloured states at the TeV scale.

3.2.2 Nelson-Barr models

An alternative solution to the Strong CP Problem is considering that CP is indeed a sym-

metry of the Lagrangian, broken spontaneously, forbidding therefore the existence of the θ̄

parameter before its breaking. These type of models, also called Nelson-Barr models following

the original idea by Ann E. Nelson [78] and Stephen M. Barr [79], must account somehow for

the observed CP violation present in the SM, while keeping θ̄ = 0 at tree level.

Though this can be achieved as shown in Ref. [80] by extending the SM with additional

EW singlet quarks that mix with the SM ones through extra EW singlet scalars that take com-

plex VEVs, breaking thus spontaneously CP symmetry, some difficulties can arise. Additional

symmetries may be required to forbid some couplings among the new fields and between those

and the SM fields, or otherwise a non vanishing Arg (Det (MuMd)) would be generated.

Additional issues include fine-tuning among the model parameters as well as a possi-

ble generation of θ̄ by high-dimensional operators or through loop corrections. Some of these

ailments can be cured by invoking supersymmetry (SUSY) though they may still find some

trouble in radiative corrections. An example of a supersymmetric model derived from the

Nelson-Barr mechanism is the one in Ref. [81] where a non-renormalziation theorem protects
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θ̄ from getting large loop corrections, but other variations are still being published in the liter-

ature, keeping the Nelson-Barr idea still relevant.

3.3 An elegant solution: the axion

As we have already seen, there are various proposals to solve the Strong CP Problem.

However, one which is particularly appealing, as we will discuss, that has tremendous exper-

imental searches looking for it and that will be crucial in this thesis is the axion. The original

proposal was by Roberto Peccei and Helen Quinn [82, 83] where the θ̄ parameter becomes a

dynamical field and an new global symmetry, U(1)PQ, connects it with the gluon field through

the chiral anomaly.

The Peccei-Quinn symmetry U(1)PQ is broken spontaneously by a field that carries PQ

charge, giving rise to a Nambu-Goldstone Boson, the axion, a, [84, 85]. This NG boson couples

to gluons through the chiral anomaly as follows:

LaGG =
a

fa

αs
8π
GaµνG̃aµν , (3.30)

where fa is the so-called axion decay constant. This term is completely analogue to the one in

Eq. 3.1, with the theta parameter becoming now

θeff = θ̄ +
a

fa
. (3.31)

Non-perturbative QCD effects give rise to a potential for the axion which has approxi-

mately the following shape:

Veff ∼ 1−

√
1 + cos

(
θ̄ +

a

fa

)
, (3.32)

which dynamically drives the minimum to be CP conserving:

〈a〉 = −faθ̄. (3.33)
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With just the introduction of one new symmetry and one extra field the Strong CP Prob-

lem is easily solved. This solution of course has its own difficulties, namely the PQ quality

problem. This is the name that receives the sensitivity of the axion potential to be shifted; ad-

ditional explicit breakings of the PQ symmetry could move the minimum away from its CP

conserving value, which is something that could happen since gravity is expected to break

global symmetries. This issue is particularly dangerous for large values of the axion decay

constant, which are usually required as we will discuss in a while.

On top of this, the U(1)PQ symmetry may not be broken down entirely in general, but

a Zn symmetry may be left after PQ SSB. When this happens, several degenerate vacua can

appear in the early universe, creating bubbles with different values of 〈a〉 that can give rise

to a network of domain walls and cosmic string which, when produced after inflation, could

dominate the Universe and overclose it. This is what constitutes the so-called axion domain

wall problem, and is another interesting research topic associated to axions.

Despite the axion quality and domain wall problems being extremely exciting issues for

model building, it is beyond the scope of this thesis, so we will limit ourselves to discussing

in the following pages the most common axion models and motivating them, starting with the

original one: the Peccei-Quinn-Weinberg-Wilczek axion.

3.3.1 The PQWW Axion

The Peccei-Quinn-Weinberg-Wilczek (PQWW) axion is considered within the SM gauge

group SU(3)C × SU(2)L × U(1)Y , and is identified within the phase of the Higgs field when

a new U(1)PQ is spontaneously broken. However, only one Higgs doublet is not enough to

solve the Strong CP Problem, as for the Yukawas to be invariant under the PQ symmetry it is

needed that up-type quarks and down-type quarks have opposite charges, which would imply

a vanishing contribution to the GaµνG̃aµν term of the anomaly. Consequently, the model must

be extended with two Higgs doublets, so that each one of them couples only to up or down

quarks and the Yukawas can be made invariant under U(1)PQ without making the aGaµνG̃aµν

coupling disappear.
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With two Higgs weak doublets Hd and Hu, with hypercharges Y (Hd) = 1
2 and Y (Hu) =

−1
2 respectively, the most generic potential that can be built [86] is found to be:

V (Hd, Hu) =− µ2
1H
†
dHd − µ2

2H
†
uHu +

∑
i,j

ai,jH
†
iHiH

†
jHj

+
∑
i,j

bi,jH
†
i H̃jH̃

†
jHi +

∑
i6=j

(
ci,jH

†
iHjH

†
iHj + h.c.

)
,

(3.34)

In the previous equation, ai,j and bi,j are real and symmetric, while ci,j is hermitian. Such

potential is invariant under a U(1) symmetry, provided Hd and Hu have opposite charges, but

this is just the usual gauge U(1)Y .

Peccei and Quinn included an additional constraint by considering cij = 0. This makes

the potential completely invariant under:

Hd
U(1)PQ−−−−−→ eiθxHdHd, Hu

U(1)PQ−−−−−→ eiθxHuHu, (3.35)

where θ is the parameter of the transformation. The Higgs doublets Hd and Hu will develop

a VEV in the lower and upper component of the doublet respectively, so that Hd couples to

down quarks and Hu to up-type quarks. Taking this into account, the quark Yukawa can be

written as follows:

L q
Y = −

(
Y dq̄LHddR + Y uq̄LHuuR

)
+ h.c., (3.36)

where, in order to be invariant under U(1)PQ, the quark fields must transform as:

u
U(1)PQ−−−−−→ e−i

θ
2
xHuγ5u, d

U(1)PQ−−−−−→ e−i
θ
2
xHdγ5d. (3.37)

The axion will appear as a specific linear combination of the pseudoscalar parts ofHu and

Hd. These fields can be written in the two following ways:

Hd =
vd + hd(x)√

2
e
i
pad(x)σa
vd

0

1

 =

 H+
d (x)

vd+hd(x)+ip0
d(x)√

2

 ,

Hu =
vu + hu(x)√

2
ei
pau(x)σa
vu

1

0

 =

vu+hu(x)+ip0
u(x)√

2

H−u (x)

 ,

(3.38)
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where vi are the VEV of the fields, hi, pai and p0
i are real scalar fields and H+

d and H−u are

complex scalar fields, the charged parts that have vanishing VEV. In this equation, σa are the

three Pauli matrices, acting as a basis of SU(2).

Now, let us look into the covariant derivative of these fields, focusing only on the neutral

pseudo-scalar parts. Considering the polar form of the field yields

DµHd ⊃
vd + hd√

2

(
∂µ + igY Y Bµ + igW

σa
2
W a
µ

)
e
i
padσa
vd

0

1


⊃
(
−i
∂µp

0
d

vd
+ i

gY
2
Bµ −

gW
2
W 3
µ

)
Hd

= −i
(
∂µp

0
d

vd
+
g

2
Zµ

)
Hd.

(3.39)

Here, it has been used the definition of the electroweak gauge boson Zµ =
gWW 3

µ−gY Bµ
g , with

g =
√
g2
Y + g2

W . We find for Hu analogously:

DµHu ⊃
vu + hu√

2

(
∂µ + igY Y Bµ + igW

σa
2
W a
µ

)
ei
pauσa
vu

1

0


⊃
(
i
∂µp

0
u

vu
− igY

2
Bµ +

gW
2
W 3
µ

)
Hu

= i

(
∂µp

0
u

vu
+
g

2
Zµ

)
Hu.

(3.40)

With this, we can write the neutral pseudoscalar part of the kinetic terms as follows:

∑
i

DµH
†
iD

µHi ⊃
v2
d

2

(
∂µp

0
d

vd
+
g

2
Zµ

)2

+
v2
u

2

(
∂µp

0
u

vu
+
g

2
Zµ

)2

. (3.41)

Let us consider now the following change of basis for the pseudoscalar fields:

p0
d = cos (α)ρ− sin (α)χ, p0

u = sin (α)ρ+ cos (α)χ;

ρ = cos (α)p0
d + sin (α)p0

u, χ = − sin (α)p0
d + cos (α)p0

u,
(3.42)

where α is the mixing angle between the two fields. For simplicity, the cosine and sine of this

angle will be referred to as just c and s respectively. Using this in Eq. 3.41 and expanding the
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squares, we find:

v2
d

2

(
∂µp

0
d

vd
+
g

2
Zµ

)2

+
v2
u

2

(
∂µp

0
u

vu
+
g

2
Zµ

)2

=
v2
d

2

(
c∂µρ− s∂µχ

vd
+
g

2
Zµ

)2

+
v2
u

2

(
s∂µρ+ c∂µχ

vu
+
g

2
Zµ

)2

=
v2

8
g2ZµZ

µ +
1

2
(∂µρ∂

µρ+ ∂µχ∂
µχ) +

g

2
Zµ [∂µρ (cvd + svu) + ∂µχ (cvu − svd)] ,

(3.43)

with v2 = v2
d + v2

u.

From this last equation, we can identify one of the combinations as the NGB eaten by theZ

boson, while the remaining one will become the axion. Let us consider a U(1)Z transformation

defined for the Z boson, which charge is QZ = I3 − Y . The two Higgs fields will be charged

under this transformation with QZ (Hd) = −1 and QZ (Hu) = 1. In terms of the fields ρ and χ

this means:

ρ
U(1)Z−−−−→ ρ+ (svu − cvd) θ, χ

U(1)Z−−−−→ χ+ (svd + cvu) θ. (3.44)

One of these particles, that will be identified with the axion, can be chosen neutral under

the U(1)Z as it is orthogonal to the NGB absorbed by the Z boson. If ρ is taken to be neutral,

the mixing angle is found to be:

QZ (ρ) = 0⇒ tanα =
vd
vu
, (3.45)

so that the fields ρ and χ can be rewritten in the following way:

ρ =
vup

0
d + vdp

0
u

v
, χ =

−vdp0
d + vup

0
u

v
. (3.46)

Following the same logic with theU(1)PQ symmetry, with the axion being the one charged

and the other combination neutral, we find:

ρ
U(1)PQ−−−−−→ ρ+ θ

(xHd + xHu) vdvu
v

, χ
U(1)PQ−−−−−→ χ+ θ

−xHdv2
d + xHuv

2
u

v
;

QPQ (χ) = 0⇒ xHd
xHu

=
v2
u

v2
d

.

(3.47)
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Finally, we can identify ρwith the axion a and normalize the Higgs charges as xHd+xHu =

1,obtaining the following PQ transformation for the axion:

a
U(1)PQ−−−−−→ a+ θ

vdvu
v

. (3.48)

From this equation it is straightforward to identify the axion decay constant fa. If the

Higgs fields VEVs are considered to be of the same order and equal to the usual EW Higgs

VEV v ≈ 246 GeV , the result is:

fa =
vdvu
v
≈ 246 GeV. (3.49)

Such a value for the axion scale is currently ruled out, since that is the scale suppressing

the axion coupling to fermions and, with such a low value, the axion should have been ob-

served already. The necessity appears, then, for alternative models that make the axion a bit

more elusive: the so-called invisible axion models.

3.3.2 Invisible axions: the DFSZ and KSVZ frameworks

We will devote this section to the study of these alternative models that aim to salvage the

original idea by Peccei and Quinn. In order to do so, it is necessary to introduce a new scale

fa much larger than the EW one for the axion to escape experimental bounds. These models

received the name of invisible axion models [87, 88] and the classical proposals are classified in

two sets of models. These two frameworks differ from each other on their particle content and

the way in which the axion couples to gluons. The first of them takes the PQWW axion model

as a starting point and extends it with an additional EW singlet complex scalar that carries PQ

charge, whereas the second considers only a single Higgs doublet, singlet under U(1)PQ, and

includes an additional complex scalar and a new heavy quark field, carrying PQ charge both

of these BSM fields and therefore coupling to gluons through the new quark species.

The first framework we will discuss is the so-called Dine-Fischler-Srednicki-Zhitnitsky

model [89, 90], or DFSZ for short, and it is a next step in the direction of the PQWW axion

model. In this scenario, the SM quark Yukawas contain two Higgs fields, Hu and Hd that

couple to up-type quarks and down-type quarks respectively, as shown in the equation below.

LY ⊃ Yuq̄LHuur + Ydq̄LHddr + h.c.. (3.50)
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Additionally, a new scalar field φ, full SM gauge singlet, is introduced. The two Higgs

doublets and the new scalar all transform under the U(1)PQ symmetry as follows:

Hu → eiθxuHu, Hd → eiθxdHd, φ→ eiθxφφ. (3.51)

With this symmetry transformation, we can build the most general scalar potential as

shown here:

V (φ,Hu, Hd) = λu

(
|Hu|2 − V 2

u

)2
+ λd

(
|Hd|2 − V 2

d

)2
+ λ

(
|φ|2 − V 2

)2

+
(
a |Hu|2 + b |Hd|2

)
|φ|2 + c

(
H i
uεijH

j
dφ

2 + h.c.
)

+ d
∣∣∣H i

uεijH
j
d

∣∣∣2 + e |H∗uHd|2 ,

(3.52)

where εij is the fully anti-symmetric tensor for 2 dimensions. Imposing PQ invariance in

this potential translates in the following condition for their PQ charges, normalized as in the

PQWW model:

xu + xd = 1 = −2xφ (3.53)

This automatically defines the new scalar field charge to be xφ = −1
2 . The VEV of this new

scalar field, vφ is free, and can be chosen much larger than the EW scale so that:

vφ �
√
v2
u + v2

d = v ≈ 246 GeV. (3.54)

Analogously to the procedure followed in the PQWW model, we can write the fields as:

φu =
1√
2

vu + ηu + iξu1

ηu2 + iηu3

 , φd =
1√
2

 ηd2 + iηd3

vd + ηd + iξd1

 ,

φ =
1√
2

(
vφ + ηφ + iξφ

)
,

(3.55)

where ηi and χi are all real scalar fields.

The NGB eaten by the Z boson is now found to be:

χ =
vuξ

u
1 − vdξd1
v

, (3.56)
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and when it is chosen to be neutral under the U(1)PQ, the charges are:

xu =
v2
d

v2
, xd =

v2
u

v2
. (3.57)

The axion will now, however, be a combination of the previous PQ axion ρ and the

pseudo-scalar part of the new field φ, ηφ. To find this, first its transformation under U(1)PQ is:

φ
U(1)PQ−−−−−→ e−i

θ
2φ⇒ ξφ

U(1)PQ−−−−−→ ξφ −
fφ
2
θ, (3.58)

and we can write the unitary transformation describing this combination in terms of the mixing

angle ϕ:

a = cos (ϕ) ρ− sin (ϕ) ξφ, b = sin (ϕ) ρ+ cos (ϕ) ξφ;

ρ = cos (ϕ) a+ sin (ϕ) b, ξφ = − sin (ϕ) a+ cos (ϕ) b.
(3.59)

Finally, we study how these combinations transform under the PQ symmetry:

a
U(1)PQ−−−−−→ a+

(
cos (ϕ)

vdvu
v

+ sin (ϕ)
vφ
2

)
θ,

b
U(1)PQ−−−−−→ b+

(
sin (ϕ)

vdvu
v
− cos (ϕ)

vφ
2

)
θ,

(3.60)

from where we can identify the mixing angle ϕ by making b neutral, and the new axion a can

finally be written in terms of the other fields and VEVs:

QPQ(b) = 0⇒ tanϕ =
vφv

vuvd
,

a =
2vuvd

(
vuξ

d
1 + vdξ

u
1

)
− vφv2ξφ

v
√
v2v2

φ + 4v2
uv

2
d

vφ�vu,vd−−−−−−→ −ξφ.
(3.61)

From eqs. (3.60) and (3.61), the value of the new DFSZ axion scale is found to be:

fa =

√
v2
φv

2 + 4v2
uv

2
d

2v

vφ�vu,vd−−−−−−→
vφ
2
. (3.62)

Thus, with the addition of just one more scalar singlet the PQWW has been taken to a

much higher energy scale, well above the EW one and beyond current experimental bounds

for large enough fφ.
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Let us look now into the second possibility, the KSVZ axion. In this case, Kim [91], Shif-

man, Vainshtein and Zakharov [92], considered the possibility of enlarging the SM particle

spectrum with a new EW singlet heavy quark, Q, of mass mQ and a complex scalar field σ,

singlet of the whole SM gauge group. In this case, all SM particles are neutral under U(1)PQ,

while the new fields carry PQ charge:

Q
U(1)PQ−−−−−→ e−iγ5θQ, σ

U(1)PQ−−−−−→ e−i2θσ, (3.63)

forbidding the appearance of a bare mass term for the Q quark of the type Q̄Q. However, one

can write a Yukawa involving both Q and σ, together with a scalar potential, that respect the

PQ symmetry:

LY = −YQQ†LσQR − Y
∗
QQ
†
Rσ
∗QL,

V (H,σ) = −µ2
HH

†H − µ2
σσ
∗σ + λH

(
H†H

)2
+ λσ (σ∗σ)2 + λHσH

†Hσ∗σ.
(3.64)

From here, the mass of the heavy quark, assuming real Yukawas, is deduced to be mQ =
YQvσ√

2
.

The axion is easy to identify in this case, as the angular part of the field σ, that has a VEV

vσ that lies way above the EW scale, so it is again an invisible axion.

σ =
vσ + s(x)√

2
ei

a
vσ , 〈σ〉 =

vσ√
2
� v ≈ 246 GeV. (3.65)

Despite this axion not coupling at tree level to the SM fermions q, it actually does it via an

anomaly, as shown in Fig. 3.2:

a

q

q̄Q

FIGURE 3.2: Effective coupling of a KSVZ axion to SM quarks.

With this, the KSVZ axion emerges as another possibility for an invisible QCD axion that

solves the Strong CP Problem and still has coupling to SM quarks, though further suppressed.

An interesting general prediction for all these QCD axion models is the relation between

its decay constant. As a consequence of the required axion-gluon coupling. This prediction
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can be evaluated to be [93]:

ma = 5.691(51)

(
109 GeV

fa

)
meV. (3.66)

Considering the usually large values, larger than O(109 GeV), for fa required to escape

current experimental bounds as we will show in the next chapter, a common feature of all QCD

axions is their light mass, below the meV level.

We have shown in this section the staple of axions regarding the Strong CP Problem.

However, axions are a very interesting theoretical particle as they actually have potential in-

terest in many other sectors of HEP, and we will discuss a bit these other places where axions

can be relevant in the following section.

3.3.3 Axion ubiquity beyond the Strong CP Problem

Axions arose as a very compelling solution to the Strong CP Problem, but the current

interest in them is not limited to solving that fine-tuning problem. Axions are for starters

a general prediction of string theory [94–101], one of the best candidates for UV theory that

includes gravity together with the SM gauge forces.

But one of the most interesting features of axions, that actually came naturally as a sur-

prise, is the fact that they are a very interesting candidate for particle cold dark matter. Given

the low mass and greatly suppressed interactions expected from QCD axions, they are stable

by construction and, additionally, they may be produced non-thermaly through the so-called

misalignment mechanism or via the decay of topological defects (domain walls and cosmic

strings). These axions can indeed constitute all of the DM in a region of the parameter space

that is still allowed by experimental constraints [102].

The realization of this fact has given birth to a huge experimental and observational task

force looking for the axion through several ways. An example of a lab experiment looking

for axions are Light-shining-through-wall (LSW) experiments like OSQAR where the axion-

photon coupling is used in trying to convert photons from a laser into axions so that they go

through a wall, and then back into photons for detection. On the more astrophysical side,

helioscopes like CAST, that point a telescope under earth towards the sun, aim to detect axions

produced within our star; another probe are haloscopes like ADMX, which try to measure the
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axion dark matter halo in which we live if axions are indeed what constitute the DM in our

Universe.

These and many other collaborations are aiming to look for the axion within the band

expected from QCD axions, but also outside of it, since the idea of axion-like particles (ALPs)

has become increasingly relevant in the last years. These particles share the shift symmetry of

the axion, but are free from the restrictive relation between its mass and decay constant that

QCD axions must satisfy.

On the theoretical side, and besides string theory, axions are being used as tools to tackle

problems other than the Strong CP one. Some examples of this fact are models where the axion

is related to the inflaton, others where it is used towards Grand Unification, the so-called Ma-

xion models where the breaking of the PQ symmetry and lepton number (LN) give rise to a

majoron-axion mixture and flavoured axion models like the axiflavon or flaxion.

In this thesis we will deal with this last case, studying the possible interplay of the Strong

CP Problem and the Flavour sector as we propose a model where the axion is introduced within

the MFV framework in the following chapter, while in Chapter 5 we study the complementar-

ity between this MFV axion and a Majoron that helps alleviate the Hubble tension. Finally, in

Chapter 6 we will study one possible cosmological signature of axions where, in the case they

are produced thermally, can impact the effective number of neutrinos of our Universe, together

with its compatibility with a recent excess observed by the DM experiment XENON1T.



Chapter 4

A flavourful axion: The Minimal

Flavour Violating Axion

As we have argued already, the flavour sector of the SM asks for an explanation to its

hierarchies. If one rejects the anthropic proposal, one of the most appealing ways to tackle the

flavour puzzle is by introducing flavour symmetries.

In this chapter, based in the published paper of Ref. [103], we will present a flavour model

where we will follow the FN proposal, with an Abelian symmetry in order to explain some of

the hierarchies in the fermion masses of the SM. In order to protect our model from the BSM

Flavour Problem we will embed the Abelian flavour symmetry in the Minimal Flavour Viola-

tion framework. While in MFV NGBs are usually avoided by gauging part of the symmetry

group [20–24, 65, 104], in this work we tried to go in the opposite direction and use a NGBs

arising within MFV to address a different SM open problem: the Strong CP Problem, with

the axion arising from the Abelian part of the U(3)5 symmetry in MFV, that we will call the

Minimal Flavour Violating Axion (MFVA).

The MFVA departs from the traditional QCD axion and from the so-called invisible ax-

ions [89–92] in the fact that its transformation properties under the PQ symmetry are deter-

mined by the flavour structure of the SM fermions. Its associated phenomenology will be

discussed in the context of astrophysics, collider searches and in flavour observables, with the

principal focus being on meson decays.

61
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The MFVA is also clearly different from the so-called Axiflavon or Flaxion [105, 106],

based on Ref. [107]. Whereas the Axiflavon is the NGB arising from a FN symmetry under

which every generation is charged differently, and therefore presents flavour violating cou-

plings to fermions, the MFVA appears from a symmetry which treats in the same way the three

generation, but differently up quarks, down quarks and leptons. This implies that the MFVA

will have flavour conserving, but non-universal, coupling to fermions, leading to a radically

different prediction in observables like meson decays.

Let us now start by discussing the fact that a PQ symmetry can easily be identified within

the MFV symmetry group, and then proceed by detailing the mechanism which will explain

part of the fermion mass hierarchies.

4.1 Peccei-Quinn symmetry within MFV

Let us remember that in the modern realisation of MFV [42, 58–60, 66], the SM fermionic

kinetic terms exhibit a U(3)5 flavour symmetry. In this work we will make use of the fact that

the symmetry group can be decomposed into the product of an Abelian and a non-Abelian

factor, GNA
F × GA

F , as follows

GNA
F ≡ SU(3)qL × SU(3)uR × SU(3)dR × SU(3)lL × SU(3)eR

GA
F ≡ U(1)B × U(1)L × U(1)Y × U(1)PQ × U(1)eR .

(4.1)

In the previous expressions, B and L refer to the Baryon and Lepton numbers, Y to the Hy-

percharge, PQ to the PQ symmetry, while the last Abelian symmetry factor corresponds to

rotations on only the eR fields.

As we discussed in Chapter 2, the Yukawa matrices must become now spurions, Yi, that

transform under the non-Abelian part of the symmetry group. In previous work [108–111],

it was shown that the non-Abelian symmetry GNAF can deal exclusively with the explanation

of the inter-generation hierarchies, but is unable to predict the overall coefficients ci. In this

work, however, we will show how the ratios mb/mt and mτ/mt, i.e. cb/ct and cτ/ct in the

previous expressions, can be elegantly explained following the philosophy of the FN mod-

els: we will impose one of the symmetries within GAF as a true symmetry of the Lagrangian,

while its charges can be chosen such that the only renormalizable terms invariant under this

Abelian factor are the ones of the up-type quarks, while those describing down-type quarks
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and charged leptons are forbidden at dimension 4. These terms are written after rejecting

renormalizability, by including a new field, the flavon Φ, that transforms under this Abelian

factor, re-establishing the invariance under the symmetry.

The strategy of this work is to identify U(1)PQ as the symmetry that6, among those in

GA
F , will explain the intra-generation hierarchies: Baryon and Lepton numbers and Hyper-

charge are fixed by definition, whereas U(1)eR could only explain the ratio mτ/mt. Though we

could use two symmetries, in a sort of double FN mechanism, this would require two different

flavons. However, we will remain as minimal as possible, use only U(1)PQ as a symmetry re-

spected by the Lagrangian, since all fermions can be charged under that symmetry and explain

the top-bottom and top-tau mass ratios.

Let us write the more generic Yukawa Lagrangian allowed by the PQ symmetry, without

considering first any specific charge assignment.

LY =−
(

Φ

ΛΦ

)xu−xq
qLH̃YuuR −

(
Φ

ΛΦ

)xd−xq
qLHYddR+

−
(

Φ

ΛΦ

)xe−xl
lLHYeeR , (4.2)

where xi are the PQ charges of the i = u, d, l field7 and, without loss of generality, the charge

of the flavon Φ has been fixed to −1.

The known Yukawa matrices are recovered after the flavon takes a VEV 〈Φ〉 = vΦ√
2

and the

Yukawa spurions get their background values.

Yu = εxu−xq〈Yu〉 Yd = εxd−xq〈Yd〉

Ye = εxe−xl〈Yu〉 ,
(4.3)

〈Yu〉 = ctV
†
CKMdiag

(
mu

mt
,
mc

mt
, 1

)
, 〈Yd〉 = cbdiag

(
md

mb
,
ms

mb
, 1

)
,

〈Ye〉 = cτdiag
(
me

mτ
,
mµ

mτ
, 1

)
,

(4.4)

6In Ref. [112] was discussed a similar approach, with gauged non-Abelian symmetries and two distinct Abelian
symmetries explain the ratio between the third family quark masses. However, the phenomenology and spectrum
obtained there differs with respect to the one discussed in Refs. [20, 23] and here.

7The mixed use of a PQ flavon Φ and of the Yukawa spurions Yi may be puzzling. Indeed, at this level of the
discussion, it is equivalent introducing a dynamical flavon Φ or treating its effects via a PQ spurion (see Ref. [60]
for the latter case). Similarly, the Yukawa spurions may be promoted to be dynamical fields (see Refs. [108–111]).
The discussion that follows and the results presented in this section are not affected by this choice. Instead, the
necessity to describe the breaking of the PQ symmetry through a dynamical flavon resides in the origin of the MFV
axion, as it will be explained in the Sect. 4.2.
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where ε ≡ vΦ/
√

2ΛΦ and we have reminded there the spurions background value as

written in Chapter 2.

From here, we can read the ratios of the third-generation fermions in terms of the param-

eter ε and the PQ charges:

mb/mt ' εxd−xu

mτ/mt ' εxe−xl−xu+xq ,
(4.5)

where we have neglected the ratios of the ci parameters since they are all expected to be O(1).

Considering the value of the top mass is given by Eqs. 4.2, 4.3 and 4.4 to be ctεxu−xq v√
2
,

while the measured value is roughly v√
2
, we can see that ct ' 1 and therefore no power of

ε should appear in the top Yukawa. The simplest choice of charges for this to happen is the

following:

xq = xu = 0 (4.6)

for the quark doublets and up-quark singlets PQ charges. Consequently, we can find the

remaining charges by imposing that the ε suppression accounts for the mass ratios of the

fermions in the third generation.

xd ' logε(mb/mt)

xe − xl ' logε(mτ/mt)
(4.7)

where ε is still unknown, and its value depends on the specific ultraviolet theory that gives

rise to the low-energy Lagrangian in Eq. 4.2. Considering that it should remain a perturbative

parameter, and that the value of vΦ is not expected to be so much smaller than ΛΦ (without a

dynamical mechanism to explain it), we will take ε in the range [0.01, 0.3], consistent previous

FN models [48, 49]. The logarithm in Eq. 4.7 relaxes the dependence on the exact value of ε:

for ε inside its preferred interval, xd and xe − xl must be in the interval [1, 4].

In order to give a benchmark that we can use in the phenomenological analysis, let us

consider the parameter to be order the Cabibbo angle, i.e. ε ∼ 0.23, which translates in the

following charges for down quarks and charged leptons:

xd = 3 xe − xl = 3. (4.8)
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The charges xe and xl cannot be specifically determined beyond their difference exclu-

sively using charged lepton masses and quark mixings. However, by looking at the neutrino

sector we can find an additional condition: the PQ invariance of the Weinberg operator implies

that this operator is written with 2xl insertions of the flavon Φ,

L5 =

(
Φ

ΛΦ

)2xl

×

(
lcLH̃

∗
)
Gν
(
H̃†lL

)
ΛL

, (4.9)

where ΛL is the scale of lepton number violation and Gν is the spurion field described in Chap-

ter 2, whose background value 〈 Gν〉 ≡ gν contains the information of the neutrino mass eigen-

values and the PMNS mixing matrix (see Ref. [58, 66] for details). Considering that the eigen-

values of gν are not larger than 1 to ensure perturbativity (as for ci in Eq. 4.4), an upper bound

on ΛL can be identified:

ΛL '
v2

2

gν ε
2xl√

∆m2
atm

. 6× 1014 GeV× ε2xl , (4.10)

where ∆m2
atm is the atmospheric neutrino mass squared difference.

In Ref. [66] (see Fig. 1) it is shown that, for xl = 0, there is some parameter space for this

model probed by the current data on the µ→ e conversion in golden nuclei. Additionally, one

can easily see that for xl = 2 and ε = 0.23 there is essentially no parameter space accessible by

current experiments or prospects in the near future. Considering this constraint, and in order to

maintain some predictability, we will consider only xl = 0 and xl = 1 in the phenomenological

analysis that follows. Summarising, two scenarios will be studied8:

S0: xq = 0 = xu = xl , xd = 3 = xe,

S1: xq = 0 = xu , xl = 1 , xd = 3 , xe = 4 .
(4.11)

8The stability of a generic choice for these charges under the renormalisation group evolution has been discussed
in Ref. [113], specially considering the impact on axion couplings, which will be the subject of the next section.
These effects could be relevant if the axion scale fa is relatively small, while for the values considered here they can
be neglected.
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4.2 The MFV Axion

Once all the symmetries and charges at play in our model have been established, we are

in condition to study the origin of the axion. Considering the flavon to be a complex scalar

field, once it acquires a VEV it can be written in the following way:

Φ =
ρ+ vΦ√

2
eia/vΦ , (4.12)

where ρ is the radial component and a, which is identified as the axion, is the the angular one.

The full scalar potential of the model presents three distinct parts:

V (H,Φ) = −µ2|H|2 + λ|H|4 − µ2
Φ|Φ|2 + λΦ|Φ|4 + λHΦ|H|2|Φ|2 . (4.13)

In a part of the parameter space, the pure Φ-dependent scalar potential has a minimum corre-

sponding to a non-vanishing VEV for Φ, v2
Φ = µ2

Φ/λΦ.

If vΦ is much larger than the EW scale, this may represent a problem for the EW symmetry

breaking (EWSB) mechanism: indeed the quartic |H|2|Φ|2 coupling would contribute to the

quadratic term of the pure H-dependent potential,

µ2 → µ′2 ≡ µ2 − λHΦv
2
Φ . (4.14)

If no ad hoc cancellation between these two terms is invoked and for arbitrary values of λHΦ,

the new mass parameter µ′ resides at the same, large scale of vΦ. In order to reproduce the

expected value of the EW VEV, v ≡ 245 GeV fixed through the W gauge boson mass, it is

then necessary to require a large value of the Higgs quartic coupling λ, describing in this way

a strongly interacting scenario with a non-linearly realised EWSB mechanism. This is an in-

triguing possibility, especially considering the recent interest in non-SM descriptions of the

Higgs sector, such as composite Higgs models [114–122], dilaton models [123–130], or general

effective Lagrangians [55, 131–147].

On the other side, if vΦ is close to the EW scale, then no tuning is required and the EWSB

mechanism would work as in the SM (see for example Refs. [148, 149]). In the phenomenolog-

ical section, both the cases will be discussed.
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Through this chapter, vΦ will be considered sufficiently large to consider the radial com-

ponent ρ as a heavy degree of freedom: it can be safely integrated out from the low-energy

Lagrangian, leaving the axion a as the only light degree of freedom remaining from Φ. The

low-energy Lagrangian of the model can therefore be written as the sum of the following dif-

ferent terms:
L =L SM

Kin +
1

2
∂µ a ∂

µ a+ µ′2|H|2 − λ|H|4+

− ei(xu−xq)a/vΦqLH̃YuuR − ei(xd−xq)a/vΦqLHYddR+

− ei(xe−xl)a/vΦ lLHYeeR + c(5)
ν e2i xl a/vΦ

(
lcLH̃

∗
)(

H̃†lL

)
+ θQCD

αs
8π
GaµνG̃aµν .

(4.15)

where

c(5)
ν ≡ ε2xl

〈 g
ν
〉

ΛL
= − 2

v2
mν . (4.16)

Some comments are in order. The Yukawa matrices are the ones defined in Eq. 4.3, with

c
(5)
ν is the coefficient of the Weinbeng operator andmν is the neutrino mass matrix in the flavour

basis. The specific choice of the PQ charges in Eq. 4.11 has not been implemented yet, to keep

the discussion general for now.

It is straightforward to rewrite the Lagrangian in the basis where the axion-fermion cou-

plings are derivative. The resulting Lagrangian consists of the SM Lagrangian modified by the

addition of interactions with the axion that read

δL =
1

2
∂µ a ∂

µ a− caψ
∂µ a

2vΦ
ψγµγ5ψ −Mνe

2i xl a/vΦνcLνL , (4.17)

where ψ = {u, d, e} and the coefficients are

cau = xq − xu

cad = xq − xd

cae = xl − xe .

(4.18)

At the quantum level, the derivative of the axial current is non-vanishing as we showed

in Chapter 3, giving rise to the following effective axion-gauge boson couplings: in the physics
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basis for the gauge bosons

δLeff ⊃−
αs
8π

cagg
a

vΦ
GaµνG̃aµν −

αem
8π

caγγ
a

vΦ
FµνF̃µν+

− αem
8π

caZZ
a

vΦ
ZµνZ̃µν −

αem
8π

caγZ
a

vΦ
FµνZ̃µν+

− αem
8π

caWW
a

vΦ
W+µνW̃−µν ,

(4.19)

where Xµν = ∂µXν − ∂νXµ for Fµν , Zµν and Wµν , and Gaµν = ∂µG
a
ν − ∂νGaµ + gsf

abcGbµG
c
ν , and

the coefficients have the following expressions:

cagg = 3(cau + cad), caWW =
3

2s2
θ

(3 (cau + cad) + cae) ,

caZZ =
t2θ
4

(17cau + 5cad + 15cae) +
3

4t2θ
(3(cau + cad) + cae) ,

caγZ =
tθ
4

(17cau + 5cad + 15cae)−
3

4tθ
(3(cau + cad) + cae) ,

caγγ = 2(4cau + cad + 3cae),

(4.20)

with, for the sake of notation simplicity, tθ ≡ tan θW , sθ ≡ sin θW and s2θ ≡ sin 2θW , being θW

the Weinberg angle. The coefficients of the anomalous terms contain the contributions from all

the fermions with a non-vanishing PQ charge.

The MFV axion solves the Strong CP problem in exactly the same way as the traditional

QCD axion: the θQCD parameter can be absorbed by a shift transformation of the axion. The

only condition that must be satisfied is that cagg 6= 0, which is consistent with Eq. 4.11, that

explains the top Yukawa coupling of order 1 and the smallness of the bottom mass with respect

to the top mass.

Table 4.1 reports the values of the cai coefficients of the axion couplings to fermions and

gauge field strengths in the physical basis for the two scenarios described in Eq. 4.11. As the

coefficients in Eq. 4.20 depend only on charge differences, the values for the anomaly couplings

are the same values for both the scenarios. Of particular interest is that the ratio between the

axion coupling to photons and that to gluons, which is typically a free parameter [150–155], is

exactly fixed to 8/3, as in the original DFSZ invisible axion model.
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xl xe cau cad cae cagg caγγ caZZ caγZ caWW

S0 0 3 0 −3 −3 −9 −24 −35.8 8.8 −81

S1 1 4 0 −3 −3 −9 −24 −35.8 8.8 −81

TABLE 4.1: Values of the coefficients of the axion couplings to fermions and gauge boson
field strengths in the physical basis for the two scenarios identified in Eq. 4.11, where the

normalisation is defined in Eqs. (4.17) and (4.19).

Notice that the common notation adopted in the literature makes use of effective cou-

plings that can be expressed in terms of the cai coefficients as follows:

gagg ≡
αs
2π

cagg
vΦ
≡ αs

2π

1

fa

gai ≡
αem

2π

cai
vΦ

=
αem

2π

cai
cagg

1

fa
,

(4.21)

where i = {γγ, ZZ, γZ, WW} and the traditional notation for the axion decay constant fa

has been introduced. In the QCD axion case, where it is light, a mixing with the η and π0

mesons arises below the QCD phase transition. This modifies the axion-photon coupling at

low energies, that can be redefined as follows [88, 156–159]

gaγγ ≡
αem

2π

1

fa

(
caγγ − 1.92(4)

)
. (4.22)

4.3 Phenomenological Features

In this section we will study the phenomenology of this Minimal Flavour Violating Axion,

starting with a review of the bounds on axion couplings to fermions and gauge bosons, identi-

fying the most relevant ones for our case, then we will proceed with a discussion regarding its

mass and conclude with a comparative analysis considering the Axiflavon as a benchmark for

other flavoured axion model.

Several studies have been performed to constrain the axion couplings to SM fermions and

gauge bosons [160–185]. Two recent summaries can be found in Refs. [186, 187]. These bounds

strongly depend on the axion mass, that also determines its decay length. The main results

will be reported in this section, translating the distinct constraints into limits on the axion scale

fa.
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Coupling to photons:

Astrophysical, cosmological and low-energy terrestrial data provides the strongest bounds

on the axion coupling to photons (the latest constraints have been recently published in Ref. [184]):

the upper bounds on the effective couplings can be summed up as [186, 187]

|gaγγ | . 7× 10−11 GeV−1 for ma . 10 meV,

|gaγγ | . 10−10 GeV−1 for 10 meV .ma . 10 eV,

|gaγγ | � 10−12 GeV−1 for 10 eV .ma . 0.1 GeV,

|gaγγ | . 10−3 GeV−1 for 0.1 GeV .ma . 1 TeV .

(4.23)

Notice that the bounds for masses between 10 eV and 0.1 GeV, which include the so-called MeV

window, come from (model dependent) cosmological data [176]. On the other side, for masses

larger than the TeV, no constraint is present. Finally, for the mass range 0.1 GeV . ma . 1 TeV,

the bounds may be improved by two order of magnitudes with dedicated analyses on BaBar

data and at Belle-II [174, 181, 185].

These bounds can be translated in terms of fa through Eq. 4.21: taking αem = 1/137.036,

fa & 1.2× 107 GeV for ma . 10 meV,

fa & 8.7× 106 GeV for 10 meV .ma . 10 eV,

fa � 8.7× 108 GeV for 10 eV .ma . 0.1 GeV,

fa & 3 GeV for 0.1 GeV .ma . 1 TeV .

(4.24)

The first three bounds take into account the effects of the axion mixing with the π0 [159].

Coupling to gluons:

Collider mono-jet searches [173, 174, 178, 182] and axion-pion mixing effects [160, 162]

allows to extract bounds on the axion couplings with gluons:

|gagg| . 1.1× 10−5 GeV−1 for ma . 60 MeV,

|gagg| . 10−4 GeV−1 for 60 MeV .ma . 0.1 GeV,
(4.25)
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that can be translated into constraints on fa,

fa & 1.7× 103 GeV for ma . 60 MeV,

fa & 188 GeV for 60 MeV .ma . 0.1 GeV,
(4.26)

taking αs(M2
Z) = 0.1184.

Couplings to massive gauge bosons (collider):

Considering LHC data with
√
s = 13 TeV, dedicated analyses on Mono-W (pp→ aW (W →

µνµ)) and mono-Z (pp → aZ(Z → ee)) channels put bounds on axion couplings to two W ’s

and to two Z’s: for 0.1 . ma . 1 GeV [182],

|gaWW | . 1.6× 10−3 GeV−1,

|gaZZ | . 8× 10−4 GeV−1 .
(4.27)

A complementary analysis on LEP data [188, 189] on the radiative Z decays leads to a bound

on the aγZ coupling [185]:

|gaγZ | . 6.4× 10−5 GeV−1 . (4.28)

For both S0 and S1 scenarios, these bounds on the effective couplings translate into the fol-

lowing constraints on fa:

(aWW ) fa & 6.4 GeV,

(aZZ) fa & 5.7 GeV,

(aZγ) fa & 17.8 GeV .

(4.29)

The previous bounds hold for an axion that escapes the detector and therefore is con-

sidered as missing energy in the data analysis. If instead the axion mass is sufficiently large

and/or its characteristic scale fa is sufficiently low, the axion may decay within the detector

and the previous limits cannot be taken into consideration.

Considering the possibility of an axion decaying into two photons, that is typically the

dominant channel, LEP data [188, 189] on the decay Z → 3γ has been used to constrain axion

couplings with the axion decaying inside the detector. A bound on aγZ coupling follows from
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Ref. [185]: assuming that a decays only into two photons,

|gaγZ | . 6× 10−4 GeV−1 , (4.30)

for axion masses in the interval mπ0 . ma . 10 GeV and

|gaγZ | . 2× 10−4 GeV−1 , (4.31)

for 10 GeV . ma . 91.2 GeV. Considering explicitly the values for the axion couplings, the

corresponding limit on fa reads

fa & 1.8 GeV for mπ0 .ma . 10 GeV,

fa & 5.3 GeV for 10 GeV .ma . 91.2 GeV .
(4.32)

A dedicated analysis with LHC data on the same observable may improve these bounds by

one order of magnitude [186].

Couplings to fermions and W ’s (flavour):

Studies on Compton scattering of axions in the Sun, axionic recombination and de-excitation

in ions and axion bremsstrahlung [168] set very strong bounds on axion couplings to electrons

for masses below ∼ 80 keV. Similar constraints are inferred from Compton conversion of so-

lar axions [165] for masses up to ∼ 10 MeV. Considering these, the following bound on the

axion-electron coupling is found:

cae
caggfa

. 5.2× 10−8 GeV−1 for 1 eV . ma . 10 MeV . (4.33)

Even more stringent limits arise from observation of Red Giants [170, 190, 191], but for a

smaller range of masses:

cae
caggfa

. 8.6× 10−10 GeV−1 for ma . 1 eV . (4.34)
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When considering the explicit value of the cae coefficient, which is the same for the two PQ

charge scenarios, these constraints translate into bounds on the axion scale:

fa & 3.9× 108 GeV for ma . 1 eV,

fa & 6.4× 106 GeV for 1 eV .ma . 10 MeV .
(4.35)

Rare meson decays provide strong constraints of axion couplings to quarks and to two W

gauge bosons. For masses below ∼ 0.2 GeV, the most relevant observable is K+ → π+a(a →

inv.), whose branching ratio is limited to be [164]:

BK+→π+a(a→inv.) < 7.3× 10−11 . (4.36)

For larger masses up to a few GeVs, the B+ → K+a(a→ inv.) decay provides the most strin-

gent bound [167]:

BB+→K+a(a→inv.) < 3.2× 10−5 . (4.37)

As the axion does not couple to up-type quarks (cau = 0), the two decays K+ → π+a and

B+ → K+a can only occur at 1-loop level with the axion arising from the interaction with the

internal W propagator. The constraints that can be inferred on gaWW reads [181]:

|gaWW | . 3× 10−6 GeV−1 for ma . 0.2 GeV,

|gaWW | . 10−4 GeV−1 for 0.2 GeV .ma . 5 GeV,
(4.38)

that can be translated in terms of fa expliciting the value of caWW ,

fa & 3.5× 103 GeV for ma . 0.2 GeV

fa & 105 GeV for 0.2 GeV .ma . 5 GeV .
(4.39)

Focussing now on processes that receive 1-loop contributions with down-type quark in

the internal lines, such as D-meson hadronic decays, no interesting bound can be extracted.

The D+ → π+a(a→ inv.) and D+
s → K+a(a→ inv.) decays are proportional to a combination

of cad and caWW . However, for fa & 105 GeV as identified above, the branching ratios of these

processes are smaller than 10−12, impossible to probe experimentally in the near future.
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Finally, a recent bound from Υ → aγ has been extracted considering bounds from BaBar

and Belle [192–194]. Considering that gaγγ � cad, a bound on cad/fa can be extracted as re-

ported in Ref. [195]:
cad

caggfa
. 4× 10−4 GeV−1 , (4.40)

for an axion of ma = O(1) GeV. This limit can be translated in terms of fa as

fa & 830 GeV . (4.41)

The previous bounds are valid only for a stable axion at detector size. If instead the axion

further decays, present data from b → sg or b → sqq from CLEO collaboration [196] allows to

put a bound on axion couplings to b quarks:

cad
caggfa

. 5× 10−4 GeV−1 , (4.42)

for 0.4 . ma . 4.8 GeV. This constraint translates into a bound on fa that reads

fa & 667 GeV . (4.43)

Similar bounds can be inferred with a future analysis on B± → K± a(→ 2γ) at Belle-

II [181]. In the case the branching ratio for this observables is measured at the level of 10−6,

values of fa as large as 550 GeV in the aWW coupling could be tested.

Axion flavor conserving couplings to third generation quarks:

Stellar cooling data imply bounds on axion couplings to top and bottom quarks [197].

In general, this constraint applies on the effective axion coupling with electrons, which is the

sum between the tree-level coupling with electrons and the loop-induced contributions pro-

portional to the axion couplings with any other fermion. Under the assumption that only one

coupling is non-vanishing at a time, and in particular the tree level coupling with electrons is

zero, then
caggfa
ct

& 1.2× 109 GeV
caggfa
cb

& 6.1× 105 GeV , (4.44)

for axion masses in the range ma . 10 keV. Since our model has vanishing coupling to up-

quaks, we can only extract a limit from the bound on the bottom coupling, which translates
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to:

fa & 2× 105 GeV . (4.45)

Axion couplings to nucleons:

Neutron star and Supernova 1987A cooling data provide bounds on axion coupling with

neutrons and nuclei. The physical process consists in the neutron or nucleus bremsstrahlung,

respectively, and the corresponding bounds read

caggfa
can

& 1.21× 109 GeV [198, 199]
caggfa√
c2
ap + c2

an

& 1.67× 109 GeV [200, 201] , (4.46)

caggfa√
c2
ap + 0.61c2

an + 0.53capcan
& 1.03× 109 GeV [202] , (4.47)

where can and cap stand for the effective coupling of axion to neutrons and protons and are

expressed in terms of the axion-quark couplings as follows:

can = −0.02cagg + 0.88cd − 0.39cu − 0.038cs − 0.012cc − 0.009cb − 0.0035ct,

cap = −0.47cagg + 0.88cu − 0.39cd − 0.038cs − 0.012cc − 0.009cb − 0.0035ct.
(4.48)

The first terms refer to the axion coupling to gluons, while the others to the corresponding

axion-fermion couplings. These bounds are rather strong, but should be taken with caution:

from one side they are model dependent and from the other hold under the current knowledge

of the complicated Supernova physics and neutron stars. In our model, these bounds translate

respectively into

fa & 3.12× 108 GeV, fa & 1.15× 109 GeV , (4.49)

fa & 6.23× 108 GeV . (4.50)

Axion flavor violating couplings to third generation quarks:

While our model is flavour conserving and these bounds do not apply, it is interesting to

review the limits set on flavour-violating axion couplings for the sake of completeness. These

couplings are strongly constrained from processes like rare decays or meson oscillations. An

example of these processes areB+ → π+a decay andB0− B̄0 oscillations, from where a bound
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can be obtained on the vector and axial axion coupling, respectively, to bottom and down

quarks [203–205]:

caggfa

cVbd
> 1.1× 108 GeV

caggfa

cAbd
> 2.6× 106 GeV. (4.51)

Analogously, from the processes B+,0 → K+,0a and B+,0 → K∗+,0a bounds on the vector and

axial couplings to bottom and strange quarks can be obtained [167]:

caggfa

cVbs
> 3.3× 108 GeV

caggfa

cAbs
> 1.3× 108 GeV. (4.52)

Bounds of flavor violating couplings involving the top quark are obtained in the same fashion

as for the flavor conserving ones: considering the contribution at one loop to the processK+ →

π+a of a top-up and top-charm coupling it is possible to extract the following bounds [164]:

caggfa
ctu

> 3× 108 GeV
caggfa
ctc

> 7× 108 GeV. (4.53)

The axion mass and the ALP scenario:

Without an explicit soft breaking source of the shift symmetry, a mass term for the MFV

axion may arise, as for the traditional QCD axion, from non-perturbative dynamics: the axion

mixing with neutral mesons induces a contribution which is estimated to be [92, 206, 207]

ma ∼ 6 µeV
(

1012 GeV
fa

)
, (4.54)

and not much larger than a few eV. Additional contributions may arise à la KSVZ axion in

the presence of exotic fermions that couple to the axion. Exotic fermions are typically present

when constructing the underlying theory originating the effective terms in Eq. 4.2 (see for ex-

ample Ref. [208]) or are required from anomaly cancellation conditions in models with gauged

flavour symmetries [20–24, 65, 104]: the largest mass contribution originated in these cases is

of hundreds of eV, for values of the axion scale fa close to the TeV. Even considering possible

contributions of this kind, one can safely conclude that the MFV axion mass is smaller than the

keV, unless explicit shift symmetry breaking sources are introduced in the scalar potential. For

these mass values the strongest constraints arise from the axion coupling to photons, Eq. 4.24,

and to electrons, Eq. 4.35: the axion scale is necessarily larger than ∼ 1010 GeV and ∼ 109 GeV,

preventing any possibility to detect the MFV axion at colliders or in flavour searches.
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On the other side, if a signal of detection that may be interpreted in terms of an axion

is seen, it may be compatible with the MFV axion at the price of invoking an explicit break-

ing of the shift symmetry (gravitational and/or Planck-scale effects [209–212] are examples

of unavoidable explicit breaking sources, but the corresponding mass contributions are tiny):

in this case, the relation between the axion mass and its scale gets broken and the bounds

aforementioned may be avoided. In the common language, this eventuality is refereed to as

Axion-like-particle (ALP) framework, that received much attention from the community in the

last years.

In what follows, this last scenario will be considered, assuming a MFV axion mass much

larger than the eV region. For masses of the order of the GeV, the stringent bounds from the

aγγ and aee couplings are easily evaded, and the next most sensitive observables are those

from collider and flavour. For even larger masses, no bounds at all exist at present.

By increasing the axion mass and/or lowering the scale fa, however, its decay length

decreases, and the axion may decay within the detector: in this case, some of the previous

listed bounds cannot apply anymore. The distance travelled by an axion after being produced

can be expressed in the following way [182]:

d ≈ 104

c2
ai

(
MeV
ma

)4( fa
GeV

)2( |pa|
GeV

)
m , (4.55)

where the typical momentum considered is of 100 GeV. Selecting a benchmark region with

ma ' 1 GeV and fa = 1 TeV, the axion may decay into two photons, two gluons, or two light

fermions. Once considering the values for cai as reported in Tab. 4.1, the dominant channel is

the radiative one (see i.e. Ref. [187] for the relevant expressions of the axion decays). The decay

length for this benchmark axion turns out to be slightly larger than 1 mm. The most sensitive

observables to the this ALP is b → sg from CLEO collaboration and Z → 3γ from LEP and

LHC experiments: indeed, these processes are sensitive to values of fa up to ∼ 1 TeV.

Comparison with the Axiflavon:

The Axiflavon [105, 106] is the axion arising in the context of the FN mechanism and

has flavour violating couplings, in the mass basis for fermions, predicted in terms of the FN

charges, up to O(1) uncertainties. This represents a major difference with respect to the MFV

axion: the presence of flavour violating couplings induces tree-level flavour changing neutral
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current processes, such as the meson decays described in the previous section. To satisfy the

present bounds onK andB decays, the axion scale fa needs to be of the order of 1010 GeV [106],

that approximatively coincides with the values necessary to pass the very strong bounds on

the aγγ and aee couplings. The Axiflavon is therefore an example of visible QCD axion, as

it predicts low-energy flavour effects, despite the very large value of the axion scale fa. On

the other side, no signals are expected at colliders, as indeed effects in mono-W and mono-Z

channels, and in the Z boson width are expected to be tiny and not appreciable neither in the

future phases of LHC nor in next generation of linear/circular colliders. A final comment that

helps distinguishing between the MFV axion and the Axiflavon is the prediction for the ratio

between the axion coupling to photons and that to gluons: in the first model this ratio is strictly

predicted to be 8/3, while in the second one it may vary within the range [2.4, 3].

In this chapter we have presented a model with an axion, that solves the Strong CP Prob-

lem as the usual QCD axion, which has flavour non-universal but conserving couplings to SM

fermions. This axion arose as the consequence of a PQ symmetry embedded in the MFV sym-

metry group, with the mass ratio of the third generation fermions explained via this Abelian

symmetry while the MFV framework protects the model from the BSM flavour problem.

In the case this MFVA is a QCD axion, its main phenomenology coincides with that of

invisible axions: astrophysical and cosmological observables give interesting limits on the ax-

ion coupling to photons and electrons. If, on the other hand, an explicit breaking of the axion

shift symmetry is considered, we would be talking about a Minimal Flavour Violating ALP,

that may result in relevant phenomenology at colliders and flavour searches.

Though this model deals with the Strong CP Problem and (part of) the quark flavour

puzzle in a very minimal and natural way, the lightness of neutrino masses is not discussed

here. In the next chapter based on the publication from Ref. [213], however, we will show a

model with a Majoron, also embedded in the MFV scheme ad therefore compatible with the

axion shown in this chapter, that not only provides a dynamical explanation for the light neu-

trino masses and helps alleviating the interesting cosmological anomaly related to the Hubble

parameter.
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A MFV Majoron: Neutrino masses and

the H0 tension

There is nowadays a considerable tension between late-time, local probes of the present

rate of expansion of the Universe, that is the Hubble constantH0, and its value inferred through

the standard cosmological model ΛCDM from early Universe observations. Local measure-

ments, from type-Ia supernovae and strong lensing, tend to cluster at similar values of H0,

significantly larger than those preferred by cosmic microwave background (CMB) and baryon

acoustic oscillations probes. The strongest tension, estimated at the level of 4 − 6 σ [214, 215]

depending on the assumptions performed, is between the Planck inferred measure from the

CMB spectrum [13] and the one obtained by the SH0ES collaboration [216] from supernovae

measurements.

Although the solution to this discrepancy might be related to systematics in the measure-

ments (notably the callibration of the supernovae distances) or, more interestingly, point to a

modification of the cosmological model, it may instead be provided by particle physics, as al-

ready discussed in the literature (see for example [217–230]). In particular, Ref. [226] suggests

that a Majoron that couples to light neutrinos could reduce the tension in the determination of

H0. It is then interesting to investigate whether this setup is compatible with possible explana-

tions of other open problems in the Standard Model of particle physics (SM): the focus of this

paper is to study the compatibility with Type-I Seesaw mechanism to explain the lightness of

the active neutrinos, with specific flavour symmetries to describe the flavour puzzle and with

the presence of an axion to solve the Strong CP problem.

79
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The Majoron, called ω hereafter, is the Nambu-Goldstone boson (NGB) associated to the

spontaneous breaking of lepton number (LN) [231–234], which is only accidental within the SM

and breaks down at the quantum level. It naturally arises in the context of the Type-I Seesaw

mechanism, where the Majorana mass term, instead of being a simple bilinear of the right-

handed (RH) neutrino fields NR, is a Yukawa-like term that couples NR to a scalar field that

carries a LN charge, labelled as χ in the following. Once this scalar field develops a vacuum

expectation value (VEV), then LN is spontaneously broken, a Majorana neutrino mass term is

generated and the Majoron appears as a physical degree of freedom of the spectrum.

If a Dirac term that mixes NR and the left-handed (LH) lepton doublets lL is also present

in the Lagrangian, small masses for active neutrinos are generated at low energies, according

to the Type-I Seesaw mechanism.

At low-energies, the Majoron ω acquires a coupling with νL, labelled as λωνν . For Majoron

masses

mω ∈ [0.1, 1] eV (5.1)

and λωνν in the range

λωνν ∈ [5× 10−14, 10−12] , (5.2)

the tension on the Hubble constant is reduced [226]. Indeed, for such small Majoron-neutrino

mixings and Majoron masses, Majorons only partially thermalize after Big Bang Nucleosyn-

thesis (BBN) or never thermalize [235], enhancing the effective number of neutrino speciesNeff

by at least 0.03 and at most 0.11, values that may be tested with CMB-S4 experiments [236].

Moreover, a non-vanishing λωνν would reduce neutrino free-streaming, modifying the neu-

trino anisotropic stress energy tensor [237]. This has an impact in the CMB that results in mod-

ifying the posterior for the Hubble constant: as shown in Ref. [226], the inclusion of Majoron-

neutrino interactions slightly shifts the central value of H0, but largely broadens its profile

reducing the H0 tension to 2.5σ. For larger couplings, λωνν > 10−12, these effects are too large

and excluded by the same Planck data.

Interestingly, Ref. [226] found that the best χ2 in a Markov Chain Monte Carlo corre-

sponds to Majoron mass and coupling as in Eqs. 5.1 and 5.2 and ∆Neff = 0.52 ± 0.19. The un-

certainty in the last observable is very large and ∆Neff = 0 is compatible within 3σ. However,

values close to the central one can be achieved if a thermal population of Majorons is produced
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in the early Universe and is not diluted during inflation. This may occur if the reheating tem-

perature is larger than the RH neutrino masses [226]. Alternatively, other relativistic species,

such as axions [238–241], may contribute to ∆Neff and their presence may justify such a large

value.

The existence of both Majorana and Dirac terms, the achievement of the correct scale for

the active neutrino masses and at the same time the alleviation of the Hubble tension via the

Majoron strongly depend on the LN charge assignments of lL, NR and χ. In particular, fixing

the LN of lL to unity, then the LN of the RH neutrinos needs to have opposite sign with respect

to the LN of the scalar field χ. This model presents interesting phenomenological features. On

one hand, the heavy neutrinos are expected to be relatively light, with masses at the MeV or

GeV scales, opening up the possibility to be studied at colliders. Moreover, the presence of

the Majoron may also have other consequences distinct from the Hubble tension. In particular,

its couplings to photons and electrons are constrained by CAST and Red Giant observations,

respectively, while, due to its coupling to the Higgs, the Majoron may contribute to the invisible

Higgs decay, strongly constrained by colliders.

Sect. 5.1 illustrates the mechanism to produce a Majoron that alleviates the H0 tension

together with a correct scale for the active neutrino masses. In Sect. 5.2, this mechanism is

introduced in a setup that correctly describes the flavour puzzle of the SM and at the same

time produces a QCD axion that solves the Strong CP problem, while Sect. 5.3 gathers the

phenomenological signatures of this model.

5.1 The Majoron Mechanism

To produce a Majoron and explain the lightness of the active neutrinos, one can con-

sider a Type-I Seesaw mechanism where the Majorana mass is dynamically generated by the

spontaneous breaking of LN. The SM spectrum is extended by three RH neutrinos 9 and a sin-

glet scalar field χ that only transforms under LN. The LN charge assignments can be read in

Tab. 5.1, where lL, NR and χ have already been defined, and eR refers to the RH charged lep-

tons. Notice that Lχ and LN are integer numbers and are not completely free, but must obey a

series of constraints that will be made explicit in the following.

9The case with only two RH neutrinos is also viable, and correspondingly the lightest active neutrino would be
massless.
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Field U(1)L Charge

lL, eR 1

NR −LN

χ Lχ

TABLE 5.1: LN assignments. Fields that are not listed here do not transform under LN.

The most general effective Lagrangian in the neutrino sector invariant under LN is the

following 10:

−Lν =

(
χ

Λχ

) 1+LN
Lχ

l̄LH̃YνNR +
1

2

(
χ

Λχ

) 2LN−Lχ
Lχ

χN̄ c
RYNNR + h.c. , (5.4)

where H is the SM Higgs doublet, H̃ = iσ2H
∗, Λχ is the cut-off scale up to which the effective

operator approach holds, and Yν is a dimensionless and complex matrix, while YN is dimen-

sionless, complex and symmetric. A first condition on LN,χ arises from requiring that all the

terms are local:
1 + LN
Lχ

,
2LN − Lχ

Lχ
∈ N . (5.5)

In the LN broken phase, the field χ can be parametrized as

χ =
σ + vχ√

2
e
i ω
vχ , (5.6)

where the angular part ω is the NGB identified as a Majoron, σ is the radial component and

vχ is its VEV. Notice that the scale appearing in the denominator of the exponent is also vχ in

order to obtain canonically normalized kinetic terms for the Majoron. A useful notation that

10Other terms can be added to this Lagrangian inserting χ† instead of χ. However, once the terms in Eq. 5.4 are
local, then their siblings with χ† would not be local and therefore cannot be added to the Lagrangian. The only
exception is the term

1

2

(
χ

Λχ

) 2LN+Lχ
Lχ

χ†N̄c
RYNNR , (5.3)

that however only provides a suppressed correction with respect to the Majorana term written in Eq. 5.4 and for
this reason it can be neglected.
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will be employed in the following is the ratio of the χ VEV and the cut-off scale:

εχ =
vχ√
2Λχ

. (5.7)

This parameter εχ is expected to be smaller than 1 in order to guarantee a good expansion in

terms of 1/Λχ. Consequently, the χ VEV, which represents the overall scale of the LN break-

ing, is expected to be smaller that the scale Λχ, where New Physics should be present and is

responsible for generating the expression in Eq. 5.4.

Once the electroweak symmetry is also spontaneously broken, i.e. after the SM Higgs

develops its VEV that in the unitary gauge reads

H =
h+ v√

2
, (5.8)

where h is the physical Higgs and v ' 246 GeV, masses for the active neutrinos are generated

according to the Type-I Seesaw mechanism:

L
low-energy
ν =

1

2
ν̄Lmν ν

c
L + h.c. with mν =

ε

2+Lχ
Lχ

χ v2

√
2vχ

YνY−1
N Y

T
ν . (5.9)

In the basis where the charged lepton mass matrix is already diagonal, the neutrino mass ma-

trix can be diagonalized by the PMNS matrix U :

m̂ν ≡ diag (m1, m2, m3) = U †mν U
∗ . (5.10)

The overall scale for the active neutrino masses can be written in terms of the parameter εχ,

the ratio of the VEVs and the product YνY−1
N YTν :

ε

2+Lχ
Lχ

χ v2

√
2vχ

YνY−1
N Y

T
ν '

√
|∆m2

atm| , (5.11)

where ∆m2
atm = 2.514+0.028

−0.027 × 10−3 eV2 for the Normal Ordering (NO) of the neutrino mass

spectrum and ∆m2
atm = −2.497± 0.028× 10−3 eV2 for the Inverted Ordering (IO) [17].
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The heavy neutrinos, that mostly coincide with the RH neutrinos, have a mass matrix that

in first approximation can be directly read from the Lagrangian in Eq. 5.4,

MN ' ε
2LN−Lχ

Lχ
χ

vχ√
2
YN . (5.12)

The overall scale for the heavy neutrinos must be larger than the overall scale of the active

neutrinos, in order for the Seesaw approximation to hold:

ε

2LN−Lχ
Lχ

χ
vχ√

2
YN �

√
|∆m2

atm| . (5.13)

On the other hand, the electroweak and LN breakings give rise to the Majoron Lagrangian

that can be written as follows:

Lω =
1

2
∂µω∂

µω +
1

2
m2
ωω

2 − i1 + LN
Lχ

ε
1+LN
Lχ

χ
v√
2vχ

ν̄LYνNRω+

− iLN
Lχ

ε

2LN−Lχ
Lχ

χ√
2

N̄ c
RYNNRω + h.c. ,

(5.14)

where the m2
ω term parametrizes the Majoron mass introduced here as an explicit breaking of

its corresponding shift symmetry. At low energy, a direct coupling of the Majoron to the active

neutrinos emerges after performing the same transformations that gave rise to the mass matrix

in Eq. 5.9:

L
low-energy
ω ⊃ iλωνν

2
ων̄Lν

c
L + h.c.11 with λωνν = 2

mν

Lχvχ
. (5.15)

From the results in Ref. [226], shown in Eq. 5.2, it is then possible to infer a bound on the

product Lχvχ, once taking
√

∆m2
atm as the overall scale for the neutrino masses:

|Lχ|vχ '
2
√
|∆m2

atm|
λωνν

∈ [0.1, 2] TeV . (5.16)

Adopting this relation and substituting it within the expressions in Eqs. 5.11 and 5.13, new

conditions can be found:

|Lχ|ε
2+Lχ
Lχ

χ YνY−1
N Y

T
ν '

2
√

2

λωνν

|∆m2
atm|

v2
∈ [1.2× 10−13, 2.4× 10−12] , (5.17)

ε

2LN−Lχ
Lχ

χ

|Lχ|
YN �

λωνν√
2
' 3.5× 10−14 . (5.18)

11This expression coincides with the one in Ref. [226] once identifying ω with φ and λωνν with λ.
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The following choice of charge assignments leads to a completely renormalizable La-

grangian and thus deserves special mention:

CASE R: LN = −1 and Lχ = −2 , (5.19)

such that the powers of the ratio χ/Λχ in Eq. 5.4 are not present in either the Dirac and the

Majorana terms. The relation in Eq. 5.16 and the two conditions in Eqs. 5.17 and 5.18 further

simplify:

Eq. 5.16 −→ vχ '
√
|∆m2

atm|
λωνν

∈ [0.05, 1] TeV , (5.20)

Eq. 5.17 −→ YνY−1
N Y

T
ν '

√
2

λωνν

|∆m2
atm|

v2
∈ [1.2× 10−13, 2.4× 10−12] , (5.21)

Eq. 5.18 −→ YN �
2λωνν√

2
' 7× 10−13 . (5.22)

The first expression fixes a range of values for vχ. While the third expression represents a lower

bound on the overall scale of YN , the second one implies that the product YνY−1
N YTν should be

tuned to a very small value in order to reproduce the lightness of the active neutrinos.

For values of LN,χ different from the previous ones, the Lagrangian is necessarily non-

renormalizable. An interesting question is whether the extremely small values of the product

YνY−1
N YTν can be avoided exploiting the suppression in εχ from the new physics scale Λχ,

similarly to the Froggatt-Nielsen approach to the flavour puzzle [46]. Considering first the

case in which LN,χ > 0, then the only available possibilities are

CASE NR1: LN = 1 and Lχ = 1,

CASE NR2: LN = 1 and Lχ = 2 .
(5.23)

The corresponding values for vχ, εχ, the overall scale for the heavy neutrinos 〈MN 〉 and the

cut-off scale Λχ are reported in Tab. 5.2.

LN Lχ vχ εχ 〈MN 〉 Λχ

CASE NR1 1 1 [0.1, 2] TeV [0.49, 1.4]× 10−4 [3.5, 200] MeV [1.4− 11]× 103 TeV

CASE NR2 1 2 [0.05, 1] TeV [2.4, 11]× 10−7 [35.4, 707] GeV [1.4− 6.5]× 105 TeV

TABLE 5.2: Parameter ranges in the two phenomenologically interesting scenarios.
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From Eq. 5.17, it can be seen that εχ gets smaller for larger values of Lχ (unless tuning

the product YνY−1
N YTν as in CASE R discussed above, a possibility to be avoided in the present

discussion): although this is not a problem by itself, it hardens the constraint in Eq. 5.18. It

follows that for larger values of LN and Lχ satisfying the locality conditions in Eq. 5.5, the

overall scale of the heavy neutrino masses would be as small as the one of active neutrinos and

therefore the expansion in the Type-I Seesaw mechanism would break down.

In the case when LN > 0 and Lχ < 0, it is possible to obtain the same results listed above

substituting χ by χ† in the Lagrangian in Eq. 5.4: in this case, the signs in the denominators

of the exponents would be flipped, compensating the negative sign of Lχ. The opposite case,

LN < 0 and Lχ > 0, is not allowed by the locality conditions.

For LN,χ < 0, besides the possibility of CASE R, only another choice is allowed by the

locality conditions: (LN = −1, Lχ = −1). However, this case would require εχ � 1, leading to

an even more extreme fine-tuning than in CASE R without the appeal of renormalizability.

The condition in Eq. 5.16, corresponding to Eq. 5.2, is only one of the ingredients necessary

to lower theH0 tension. A second relevant requirement is Eq. 5.1, regarding the Majoron mass.

For the sake of simplicity, it has been introduced directly in the Majoron Lagrangian in Eq. 5.14

as en effective term. Its origin has been widely discussed in the literature and constitutes in

itself an interesting research topic. Any violation of the global LN symmetry would induce

a mass for the Majoron. An obvious example are gravitational effects, which are expected to

break all accidental global symmetries. Estimations of their size from non-perturbative argu-

ments via wormhole effects [212] fall too short of their required value. Conversely, their size

from Planck-suppressed effective operators [242] would result in too large a mass, although

several possibilities have been discussed that could prevent the lower dimension operators

from being generated [243–250]. These options were originally introduced as a solution to the

axion quality problem. A simpler possibility, given the singlet nature of the NR, is an explicit

breaking of LN via a Majorana mass term at the Lagrangian level. The Majoron would thus de-

velop a mass slightly below this breaking scale from its coupling to theNR through self-energy

diagrams. In this work we will remain agnostic to the origin of the Majoron mass, and a value

consistent with Eq. 5.1 will be assumed.
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Besides the Majoron, also the radial component of χ is present in the spectrum and does

play a role modifying the Higgs scalar potential. Indeed, the most general scalar potential

containing H and χ can be written as

V (H,χ) = −µ2H†H + λ
(
H†H

)2
− µ2

χχ
∗χ+ λχ (χ∗χ)2 + gH†Hχ∗χ . (5.24)

The minimization of such potential leads to VEVs for the two fields that read

v2 =
4λχµ

2 − 2gµ2
χ

4λλχ − g2
, v2

χ =
4λµ2

χ − 2gµ2

4λλχ − g2
. (5.25)

The parameters of this scalar potential need to be such that v takes the electroweak value and

vχ acquires the values in Tab. 5.2.

Due to the mixed quartic term, the two physical scalar fields h and σ mix in the broken

phase and the mass matrix describing this mixing is given by

M2 =

 2λ v2 g v vχ

g v vχ 2λχ v
2
χ

 . (5.26)

The two eigenvalues that arise after diagonalising this mass matrix are the following

M2
h,σ = λv2 + λχv

2
χ ±

(
λv2 − λχv2

χ

)√
1 + tan2 2ϑ , (5.27)

where

tan 2ϑ =
g v vχ

λχv2
χ − λv2

. (5.28)

The lightest mass in Eq. 5.27 corresponds to the eigenstate mainly aligned with the SM Higgs,

while the heaviest state is mainly composed of the radial component of χ. Its mass can be

as small as a few hundreds GeV or much larger than the TeV. From the relation between the

mixed quartic coupling g and the physical parameters,

g =
M2
σ −M2

h

2 v vχ
sin 2ϑ , (5.29)

it is possible to straightforwardly study the dependence of Mσ with the other model parame-

ters. Notice that the mixing parameter ϑ is constrained by LHC data to be [251]

sin2 ϑ . 0.11 , (5.30)
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from a
√
s = 13 TeV analysis of Higgs signal strengths with 80 fb−1 of integrated luminosity.
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FIGURE 5.1: Mσ vs. g parameter space, fixing v = 246 GeV, Mh = 125 GeV and taking three
values for LN breaking scale, vχ = {50 GeV, 100 GeV, 2 TeV}. The white area is the one
allowed by the bound in Eq. 5.30, while the green region is the excluded one. The dashed line

correspond to the bound in Eq. 5.48, being the area above such line allowed.

As shown in Fig. 5.1, Mσ can reach very large values, without requiring any fine-tuning

on g. On the contrary, very small Mσ can only be achieved for g close to zero. It is then natural

to focus on the case in which σ is massive enough to be safely integrated out. This will be the

case in the rest of the chapter.

The mechanism illustrated in this section allows to soften the H0 tension explaining at the

same time the lightness of the active neutrinos. In the next section, this mechanism will be em-

bedded into the same flavour framework as the model in Chapter 4, that allows to account for

the Flavour Puzzle, without violating any bounds from flavour observables, and also contains

a QCD axion that solves the Strong CP Problem.

5.2 The Majoron arising from MFV

In Chapter 2 we discussed the power of the Minimal Flavour Violation ansatz, that pro-

tects NP models from the BSM Flavour problem. In Chapter 4 we showed that an axion can

in fact arise within that framework naturally, solving the Strong CP Problem with additional

interesting Phenomenology. In this section we will discuss how a Majoron can also arise nat-

urally together with the MFVA. Let us remember that, with the inclusion of RH neutrinos, the
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MFV symmetry group is

GF = U(3)6 , (5.31)

whose Abelian subgroup can be rearranged, provided that the new combinations are still lin-

early independent, identifying among them Baryon Number, LN, weak hypercharge and the

Peccei-Quinn symmetry:

GAF = U(1)B × U(1)L × U(1)Y × U(1)PQ × U(1)eR × U(1)NR . (5.32)

In the model described in this section, fermion charges under baryon number and hypercharge

are assigned as in the SM, while the LN charges are given in Tab. 5.1, while PQ charges are those

described in the two scenarios of Eq. 4.11. Finally, the last two symmetries in Eq. 5.32 do not

play any role in this model and are explicitly broken. The LN appearing within this Abelyan

subgroup is imposed on the Lagrangian, with the consequent Majoron appearing after its SSB.

As discussed in Chapter 2, MFV in the lepton sector requires for modifications to the

initial U(3)6 in order to recover predictability. The solutions that have been proposed are to

assume YN ∝ 1 [58, 59] or to consider Yν as a unitary matrix [60]. In the following we will

recapitulate briefly these approaches, and show the expression for light neutrino masses in

each of these two scenarios when the Majoron mechanism described in this chapter is also

considered.

I): GNAL → SU(3)lL × SU(3)eR × SO(3)NR × CP [58, 59].

Under the assumption that the three RH neutrinos are degenerate in mass, i.e. YN ∝ 1,

then the non-Abelian symmetry associated to the RH neutrinos, SU(3)NR , is broken

down to SO(3)NR . With the additional assumption of no CP violation in the lepton sec-

tor, forcing Yν to be real, the expression for the active neutrino mass in Eq. 5.9 simplifies

to

mν =
ε

2+Lχ
Lχ

χ v2

√
2vχ

YνYTν , (5.33)

and all flavour changing effects involving leptons can be written in terms of YνYTν and

Ye.

Diagonalising mν corresponds to diagonalising the product 〈Yν〉〈Yν〉T and, given the

fact that the the lepton mixing angles are relatively large, then no hierarchies should

be expected among the entries of 〈Yν〉〈Yν〉T , contrary to what happens in the quark case.
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Note that some setups, such as the so-called sequential dominance scenarios, obtain large

mixing angles even if there exists a strong hierarchy among the Yukawa couplings [252].

However, this possibility is disfavoured by the general philosophy of MLFV. In the same

spirit, the overall scale of this product is of O(1), as any explanation of the neutrino

masses should reside in the model itself, and not be due to any fine-tuning.

II): GNAL → SU(3)lL+NR × SU(3)eR [60].

Assuming that the three RH neutrinos transform as a triplet under the same symmetry

group of the lepton doublets,

lL, NR ∼ (3, 1)GNAL
eR ∼ (1, 3)GNAL

, (5.34)

then Schur’s Lemma guarantees that Yν transforms as a singlet of the symmetry group.

Then, Yν is a unitary matrix [61, 62], which can always be rotated to the identity matrix

by a suitable unitary transformation acting only on the RH neutrinos. The only meaning-

ful quantities in this context are Ye and YN , so neutrino masses and lepton mixings are

encoded uniquely into YN ,

mν =
ε

2+Lχ
Lχ

χ v2

√
2vχ

Y−1
N . (5.35)

As for the previous case, the diagonalisation of the active neutrino mass coincides with

the diagonalisation of 〈YN 〉−1, that therefore does not present any strong hierarchy among

its entries. Moreover, its overall scale should beO(1) according to the MLFV construction

approach.

Summarising, the Majoron together with axion constitute the natural Abelian completion

of MFV scenarios. The Majoron does not affect (at tree level) the physics associated to the ax-

ion and the quark and charged lepton flavour physics. Thus, this model, besides describing

fermion masses and mixings and solving the Strong CP problem, is able to alleviate the Hubble

tension with the only inclusion of three RH neutrinos and two extra singlet scalars. In partic-

ular, as no fine-tuning is allowed within this approach on 〈Yν〉 or 〈YN 〉, then only CASE NR1

and CASE NR2 are viable in the MFV framework. In the following section, the analysis of this

model will be completed with the study of its phenomenological signatures.
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5.3 Phenomenological Aspects

The only tree-level coupling of the Majoron is to neutrinos. However, at quantum level,

couplings to gauge bosons, other SM fermions and the Higgs are originated.

Coupling to photons

The searches for very light pseudoscalars, usually addressed to axions, can also apply to

Majorons. In the range of masses in Eq. 5.1, the strongest constraints on the effective coupling

to photons are set by CAST [184], which establishes the upper bound

λωγγ . 10−10 GeV−1 , (5.36)

where λωγγ is defined as

L
low-energy
ω ⊃ 1

4
λωγγ ω F

µνF̃µν (5.37)

with F̃µν ≡ 1
2εµνρσF

ρσ.

As the Majoron does not couple at tree-level to charged particles, then the process ω →

γγ occurs only at two loops. Ref. [253] provides an estimate for its decay width: under the

assumption mω � me,

Γω→γγ =
α2

15362π7

m7
ω

v2m4
e

(
Tr

(
mDm

†
D

vvχ

))2

(5.38)

where α ≡ e2/4π and with mD the Dirac neutrino mass matrix.

Computing the same process by means of the effective couplings in Eq. 5.37,

Γω→γγ =
λ2
ωγγm

3
ω

32π
(5.39)

it is then possible to match the two expressions for the ω → γγ decay width providing the

expression for the λωγγ coupling:

λωγγ =
αm2

ω

384
√

2π3m2
evχ

ε
2+2LN
Lχ

χ Tr
(
YνY†ν

)
. (5.40)
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Tab. 5.3 shows the numerical estimations for the predicted values of the Majoron cou-

pling to photons, assuming that the trace gives an O(1) number, as already discussed: the

experimental bound is still far from the theoretical prediction.

λωγγ λωee λωνν

CASE NR1 [10−39, 10−36] GeV−1 [10−25, 10−24]
[10−14, 10−12]

CASE NR2 [10−34, 10−32] GeV−1 10−20

Exp. Upper bounds 10−10 GeV−1 10−13 10−5

TABLE 5.3: Predictions for the Majoron effective couplings to electrons, photons and neutrinos,
for the window of the parameter space where Hubble tension is alleviated. In the last line, the

corresponding experimental upper bounds.

Coupling to electrons.

Astrophysical measurements can also constrain Majoron couplings. Ref. [170] provides

an upper bound on the Majoron effective coupling to electrons

L
low-energy
ω ⊃ i λωee ω ē e , (5.41)

based on observations on Red Giants:

λωee < 4.3× 10−13 . (5.42)

The decay width of the Majoron to two electrons reads [253]

Γωee '
1

8π
|λωee|2mω , (5.43)

where

λωee '
1

8π2

me

v

((
mDm

†
D

vvχ

)
11

− 1

2
Tr

(
mDm

†
D

vvχ

))
, (5.44)

with (. . .)11 standing for the (1, 1) entry of the matrix in the brackets. Substituting explicitly

the expression for mD, the coupling becomes

λωee =
1

16π2

me

vχ
ε

2+2LN
Lχ

χ

((
YνY†ν

)
11
− Tr

(
YνY†ν

))
. (5.45)
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Assuming as before that the elements of the product YνY†ν areO(1) numbers, also the Majoron-

electron coupling is predicted to be much smaller than the corresponding experimental bound,

as shown in Tab. 5.3.

Coupling to neutrinos. Majoron emission in 0νββ decays.

The tree level coupling of the Majoron to neutrinos does not have an impact only on

cosmology, but may be relevant for low-energy terrestrial experiments. In particular, searches

for neutrinoless-double-beta decay could also be sensitive to processes in which Majorons are

produced, such as in KamLAND-Zen [254] and NEMO-3 [255] experiments.

Current measurements set a lower bound on the half-life of the neutrinoless-double-beta

decay of the order of 1024 years. In the particular case discussed here, where the Majoron

could only be produced by the annihilation of two neutrinos (see Fig. 5.2), this bound can be

translated into a constraint on the Majoron-neutrino coupling [256], such that

λωνν < 10−5 , (5.46)

where λωνν is defined in Eq. 5.15.

d u

e

ω

e

d u

W−

W−

ν

ν

FIGURE 5.2: Feynman Diagram for the neutrinoless-double-beta decay with the emission of a
Majoron.

The predicted value of the Majoron-neutrino coupling can be read out in Tab. 5.3 and it

is much smaller than the corresponding experimental value and the bound from Planck [226]

(λωνν < O(10−12)).
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Coupling with the SM Higgs. Higgs invisible decay.

The Majoron-Higgs coupling follows due to the mixing between the radial component of

χ and the physical Higgs, as described at the end of Sect. 5.1. Indeed, expanding the kinetic

term of the field χ, a σωω coupling arises that induces an effective coupling hωω, via the mixing

ϑ. This coupling opens up a new decay channel for the Higgs that contributes to the Higgs

invisible decay observable. The width of this process is given by

Γh→ωω =
s2
ϑM

3
h

32πv2
χ

. 0.8 MeV , (5.47)

where the last inequality has been obtained considering that the invisible Higgs decay width

may constitute at most the 19% of its total width [257].

This result can be translated into a strong bound on vχ, that reads

vχ
|sϑ|

& 5 TeV . (5.48)

For a light σ, the mixing would be close to its current upper bound, Eq. 5.30, and vχ should

be larger than ∼ 1.5 TeV, which would exclude CASE NR2 and part of the parameter space

of CASE NR1, see the dashed line in Fig. 5.1. However, as stated at the end of Sect. 5.1, the

assumption made here is that σ is sufficiently heavy to be integrated out and this corresponds

to much smaller values of the mixing angle ϑ, relaxing in this way the bound on vχ.

Heavy Neutrinos

In both cases discussed in Sect. 5.1, the heavy neutrino masses lie in ranges that may lead

to detection in various experimental facilities. Neutrinos with masses ranging from tens to

hundreds of MeV can be probed and potentially detected at beam dump or even near detec-

tors of neutrino oscillation experiments [258–265], such as DUNE or SHiP, whereas those with

masses in the range of tens to hundreds of GeV have interesting prospects of being produced

at the LHC or future colliders [259, 266–272].

On the other hand, given their extremely small couplings, the heavy neutrinos produced

in the early Universe would not be Boltzmann suppressed when decoupled from the thermal

bath, leading to an unacceptably large contribution to the relativistic degrees of freedom of the

Universe after their subsequent decay [273–277]. If their decay takes place before the onset
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of BBN, the decay products would quickly thermalise and BBN would then proceed as in the

standard ΛCDM scenario. However, if the decay of the heavy neutrinos happens after BBN

and neutrino decoupling, their contribution to the effective number of neutrinos would be too

high and ruled out. If the decay takes place during BBN, the decay products could also alter

the production of primordial helium and strong constraints also apply [278–281]. This would

be the situation of CASE NR1, for which the neutrino masses and mixings predict decay rates

comparable to or larger than the onset of BBN. Conversely, the larger masses that characterize

CASE NR2 lead to decays faster than BBN, eluding these cosmological constraints. Hence,

BBN and CMB observations disfavor CASE NR1 unless the heavy neutrino decay is faster than

BBN in some part of the parameter space or some other modification of the standard ΛCDM

scenario is considered. Indeed, if the heavy neutrinos decay after BBN, for heavy neutrino

masses in the range [3.5, 200] MeV, then the bound on the mixing is [277]:

sin2 θs ≡
〈mν〉
〈MN 〉

. 10−15 − 10−17 , (5.49)

much smaller than the expected value that can be read in Tab. 5.4.

〈MN 〉 sin2 θs ΓZN→3ν ΓωN→3ν

CASE NR1 [3.5, 200] MeV [2.5× 10−10, 1.4× 10−8] O(10−38) O(10−68)

CASE NR2 [35.4, 707] GeV [7.1× 10−14, 1.4× 10−12] O(10−27) O(10−66)

TABLE 5.4: Expectation for the heavy neutrino mass and mixing between heavy and active
neutrinos.

In this chapter we have presented a model where a Majoron, the NGB of LN, can help al-

leviate the Hubble tension, from 4.4σ to 2.5σ, while explaining the smallness of active neutrino

masses at the same time. This Majoron mechanism is very generic, and can be embedded in

several flavour models.

In this thesis in particular we have shown that this Majoron can be found within the MFV

framework, and cohexist in fact with the Minimal Flavour Violating axion, the NGB of a PQ

symmetry that also deals with the mass ratios of top and bottom quark and the tau charged

lepton. In addition to the phenomenology of the MFVA, the existence of this Majoron carries

its own phenomenological features.

Though the Majoron couples to neutrinos at tree level, and to electrons and photons at one

and two loops respectively, its couplings happen to be so small that it is well below current lim-

its coming from neutrinoless double-beta decay, Red Giant observations and CAST. However,
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the extra scalar and the (not so) heavy neutrinos that come together with the Majoron present

interesting phenomenology. In particular, the scalar could have masses at the order of tens of

TeVs, escaping the bounds from Higgs invisible decay and scalar mixing but light enough to

expect it in future colliders, while the heavy neutrinos can be found in the MeV or GeV range,

depending the case. Those masses could imply a possible detection in DUNE or SHiP, but also

imply cosmological constraints.

These constraint comes from the effective number of neutrinos in the Universe, which is

relevant also for the partial solution of the Hubble tension. Though we have discussed the

impact on this observable by heavy neutrino decays and the Majoron, we have not discussed

the possibility of thermal axions contributing to it. The next chapter will be dedicated to this

analysis: we will study the possibility of axions being produced thermally and obtain its im-

pact on the number of relativistic species, as well as its compatibility with the recent anomaly

observed by the XENON1T experiment.



Chapter 6

Axion Dark Radiation and ∆Neff

To close this thesis, we will change gears a little bit and study the synergy between parti-

cle phenomenology and cosmology through the relativistic degrees of freedom, parametrized

by the effective number of neutrinos Neff . We will consider in the first part, based on the

publication of Ref. [282], the possibility of axions produced thermaly and its impact on Neff ,

performing a model independent analysis as well as providing predictions from several phe-

nomenologically interesting axion models. Then, the second half, whose content was pub-

lished in Ref. [241], will be devoted to the compatibility between this same observable and the

anomaly compatible with solar axions observed by the XENON1T collaboration [283]. Finally,

we will close the chapter with a reflection on what can be learnt through this observable and

the results obtained here.

6.1 Production of thermal Axions across the ElectroWeak Phase Tran-

sition

As we have extensively through this thesis, the axion is a very well motivated extension to

the SM as it can handle the Strong CP Problem and, at the same time, can become a candidate

for the cold DM in our Universe.

The focus of this chapter, however, is on a different and distinct cosmological imprint:

scattering and/or decay of particles in the primordial plasma produce relativistic axions [238,

284]. Current bounds on fa implies that ma must be roughly below the eV scale. Axions pro-

duced at early times are still relativistic at matter-radiation equality and, forma � O(0.1) eV as

97
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we consider by neglecting the axion mass, also around recombination. In this case, they would

manifest themselves as an additional contribution to the amount of radiation at the time of

CMB formation. Upcoming CMB-S4 surveys [236, 285] will improve bounds on this quantity,

historically parameterized as an effective number of neutrino speciesNeff , and can potentially

discover a deviation from the SM. The forecasted sensitivity allows to detect the effects of a

relativistic species which decoupled at high temperatures, as high as the ElectroWeak Phase

Transition (EWPT), making this a new probe of high-energy physics. Motivated by forthcom-

ing data, recent works revisited axion production through various channels and the resulting

prediction for Neff [220, 239, 240, 286, 287].

There are, broadly speaking, two classes of axion interactions with visible matter

Laxion−int ⊃
1

fa

[
a cX

αX
8π

XaµνX̃a
µν + ∂µa cψψγ

µψ
]
. (6.1)

Operators with gauge bosonsX = {G, W, B}, present if the PQ symmetry is anomalous under

the associated gauge group, are suppressed by a loop factor. We need a coupling to gluons in

order to solve the strong CP problem, and we set cG = 1 consistently with Eq. 3.30. Anomalies

under the electroweak group are possible but not mandatory. We consider the high-energy

theory where SM fermions, ψ = {qL, uR, dR, lL, eR}, have well defined gauge quantum num-

bers and their interactions with the axion preserve the shift symmetry a → a + const. Other

dimension 5 interactions can be redefined away as explained later in the chapter.

Axion production is efficient when the interaction rate exceeds the Hubble rate H . The

latter, assuming an early universe dominated by radiation with temperature T , scales as H ∝

T 2/MPl. Hot axions can be produced either via scatterings or decays. Interactions with gauge

bosons, the first kind in Eq. 6.1, cannot mediate decays. Coupling to SM fermions, the second

kind in Eq. 6.1, could in principle be responsible for production via decays if the fermion bilin-

ear couples fields belonging to different generations. In other words, we need flavour violation

in order to have production via unsuppressed tree-level bath particles decays to axions.

Regardless of the production details, the highest value for Neff is reached when axions

achieve thermalization with the thermal bath. The resulting abundance in this case depends

only on the plasma temperature when they lose thermal contact, and its value is suppressed by

the total number of the entropic degrees of freedom g∗s at decoupling. If this happens above

the EWPT then the resulting Neff is barely within the reach of future surveys [286].
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Rates for scattering mediated by interactions with SM gauge bosons scale at high temper-

atures as ΓX ' α3
XT

3/f2
a , and these processes are never in thermal equilibrium at the EWPT

for fa & O(108) GeV [238, 239]. If axions never thermalize, the prediction for Neff is sensitive

to the initial abundance that is presumably set at the stage of reheating after inflation; an accu-

rate calculation requires a treatment of thermal effects at high temperature [239]. Either way,

the associated Neff is at the edge of what we can test.

Once considering interactions with fermions, for flavour conserving couplings, the only

way to produce hot axions is via scattering. We consider 2→ 2 collisions, and these processes

always involve two SM fermions and one SM boson besides the axion itself.

At temperatures above the EWPT, we have two options for the SM boson involved. On

the one hand, it can be any of the four real component of the Higgs doublet H 12 and the

scattering rate in this case scales as Γψ/H ' c2
ψy

2
ψT

3/f2
a [239] with yψ the SM fermion Yukawa

coupling. For heavy SM fermions, this is larger by a factor c2
ψy

2
ψ/α

3
X compared to scattering

mediated by the axion-gauge boson vertex. On the other hand, it can be a transverse gauge

boson. The scattering rate in this case is proportional to the mass of the fermion, since there is

a chirality flip needed in the process, and this contribution is vanishing because all fermions

are massless above the EWPT.

The SM boson involved in the scattering with fermions can be a gauge field only below the

EWPT. The associated rate scales as Γψ/X ' αXc2
ψm

2
ψT/f

2
a for temperatures above the fermion

mass, where m2
ψ reflects the fermion chirality flip mentioned in the paragraph above, and it

is exponentially suppressed at lower temperatures. In this case, at temperatures above the

fermion mass, the scattering rate grows with the temperature slower than the Hubble rate and

thus axion production is saturated when the ratio between interaction and expansion rates is

maximal. This happens at temperatures around the fermion mass, and such a ratio is approx-

imately Γψ/X/H|T=mψ ≈ αXcψmψMPl/f
2
a . If this quantity is larger than O(1) thermalization

is achieved, and the final abundance is not affected by our ignorance about the thermal his-

tory (assuming reheating above the weak scale) and possible new degrees of freedom and/or

interactions at high energy.

Decays of SM fermions provide an additional axion production channel, often the dom-

inant one, if we have flavour violating couplings. The interaction rate is given by the rest

12Namely the Higgs boson and what would become the longitudinal components of the weak gauge bosons
below the EWPT scale.
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frame width of the decaying fermion times a Lorentz dilation factor accounting for the bath

kinetic energy, and it scales as Γψ ' c2
ψm

4
ψ/(f

2
aT ). Axion production is saturated at tempera-

tures around the fermion mass also in this case, and we achieve thermalization if the condition

Γψ/H|T=mψ ≈ c2
ψmψMPl/f

2
a is satisfied.

After this comparison among different production channels, we decide to focus on axion

production mediated by its interactions with SM fermions. We analyze processes with third

generation quarks. Production via leptons has been studied in Ref. [220], and such an axion

abundance can alleviate the current tension in the measurement of the Hubble parameter [288].

A full calculation via the first two quark generations would require a careful treatment of the

QCD phase transition (QCDPT) and it is beyond the scope of this thesis. Previous studies have

considered production well above [239] and well below [240] the EWPT. We improve earlier

treatments by providing a continuous and smooth prediction for Neff across the EWPT.

We introduce the theoretical framework in Sect. 6.1.1, and we describe axion effective

interactions considering both flavour conserving and violating couplings. We collect there

too all the processes contributing to axion production, and we provide explicit expressions

for cross sections and decay widths. In particular, we compute cross section both above and

below the EWPT and we match them at this threshold. We feed Boltzmann equations with

these quantities and we solve them numerically, presenting predictions for Neff as a function

of the fermion couplings in Sect. 6.1.2. We consider both effective interactions as well as explicit

UV constructions leading to flavour conserving couplings. Remarkably, our predictions are

within the reach of future CMB surveys inside the low-fa part of the experimentally allowed

region. It is to be noted that, in the absence of no big hierarchy in the dimensionless coefficient

describing the coupling to photons, we find that the same parameter space will be probed by

future terrestrial searches.

6.1.1 Effective Interactions and Production Processes

Axion interactions with SM fields can be written compactly as follows

L (a) = L
(a)

gauge + L
(a)

matter , (6.2)

where L
(a)

gauge and L
(a)

matter describe couplings with SM gauge bosons and matter fields, respec-

tively. The entire focus of our work is on axion couplings with SM quarks. However, there
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are usually relations among different axion interactions once one considers UV complete mod-

els. For this reason, we provided an overview of all axion couplings and we summarize their

bounds in Sect. 4.3 where one could visualize which parameter space region is not excluded

experimentally.

The axion has anomalous couplings to gauge bosons

L
(a)

gauge = − a

fa

(αs
8π
GaµνG̃

aµν + cW
αW
8π

W a
µνW̃

aµν + cB
αY
8π

BµνB̃
µν
)
, (6.3)

where W̃ , B̃ and G̃ are defined as below Eq. 3.1. These operators should be interpreted as the

effects of the presence of any fermion that couples to the axion and are associated to quantum

level contributions. As already mentioned in the beginning of Sect. 6.1, the gluon term does

not present any free coefficient, in contrast with the EW terms, in order to match with the

traditional definition of fa. Once we integrate-out weak scale states and heavy quarks, the

Lagrangian contains axion couplings only to gluons and photons

L
(a)

gauge ⊃ −
a

fa

(αs
8π
GaµνG̃

aµν + caγγ
αem

8π
FµνF̃

µν
)
, (6.4)

where caγγ = cB cos θ2
W + cW sin θ2

W , being θW the Weinberg angle. This expression is valid

above the scale where strong interactions confine and therefore before the axion mixes with

the η and π0 mesons. However, experimental searches probe the axion-photon coupling at

much lower energy scales and therefore this mixing is to be taken into account. We define this

coupling as follows:

gaγγ ≡
αem

2π

1

fa

(
caγγ − 1.92(4)

)
, (6.5)

where the second term in the parenthesis is the model-independent contribution arising from

the above mentioned axion mixing with the η′ and π0 mesons [88, 156–159].

We present matter couplings for the case of quarks, but the discussion is analogous if

we consider leptons. Axion couplings to quarks can be expressed in different field bases and

physical results cannot depend on such a choice. However, the statement that the axion couples

without flavour violation is not true in an arbitrary basis. We specify axion couplings to quarks

in the “primed basis” defined in App. A where the fields appearing in the Lagrangian are the

SU(2)L quark doublets q′L, and the SU(2)L singlets u′R and d′R, and where Yukawa interactions

take the form of Eq. A.4.
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We distinguish between two cases, and we begin from flavour conserving axion-quark

interactions

L
(a)

matter ⊃ L
(a)
∂−F.C. =

∂µa

fa

3∑
i=1

(
cq q′Liγ

µq′Li + cu u′Riγ
µu′Ri + cd d

′
Riγ

µd′Ri

)
, (6.6)

where the free coefficients {cq, cu, cd} are typically of the same order of magnitude. The uni-

versality of quark-axion couplings guarantees that no flavour-changing interactions arise when

moving to the quark mass basis. We can see it explicitly after performing the rotation to get

mass eigenstates given in Eq. A.5, the unitarity of the CKM matrix ensures that in the mass

eigenbasis the fermion couplings are still flavour conserving.

The most general flavour violating part of the Lagrangian above the EWPT can be written

in an analogous way to the flavour conserving one as follows

L
(a)

matter ⊃ L
(a)
∂−F.V. =

∂µa

fa

∑
i,j

(
c(ij)
q q′Liγ

µq′Lj + c(ij)
u u′Riγ

µu′Rj + c
(ij)
d d′Riγ

µd′Rj

)
, (6.7)

where the matrices of coefficients
{
c

(ij)
q , c

(ij)
u , c

(ij)
d

}
have a generic structure in flavour space.

Unless we tune the entries of these matrices consistently with CKM factors, couplings are still

flavour off-diagonal once we go to the mass eigenstate basis.

We complete this overview on axion couplings by discussing the remaining options. The

case of coupling to leptons is analogous, and Ref. [220] exploited their cosmological conse-

quences. Besides interactions with leptons, no other matter couplings can be present in the

Lagrangian as an independent operator. The Higgs-axion interaction

i
∂µ a

fa
H†

↔
DµH , (6.8)

where H†
↔
DµH ≡ H†(DµH)− (DµH)†H is redundant at lowest order in 1/fa as can be shown

via a field redefinition. Moreover, axion couplings to pseudo-scalar fermion currents such as

i
a

fa
q′LH d′R , (6.9)

can be proved to be also redundant.

Multiple processes contribute to the production of hot axions in the early universe, and we

list all of them in this section. Binary scatterings control production for the flavour conserving
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case since decays are loop and CKM suppressed. We provide the associated scattering cross

sections above and below the weak scale, and we match our results across the EWPT. If axion

couplings are flavour violating then tree-level decays dominate the production rate, with their

associated decay widths shown here as well .

Axion couplings to quarks are a crucial ingredient for our calculations, and we remark

how we define them in the “primed basis” where the SM Yukawa interactions take the form

in Eq. A.4. One of our main goals is to provide a smooth treatment of production through the

EWPT, hence it is convenient to work in the mass eigenbasis.

Cross sections

We start from flavour conserving axion couplings defined in Eq. 6.6 and quantified by

the scale fa and the three dimensionless coefficients {cq, cu, cd}. As it turns out, scattering cross

sections depend only on two linear combinations of them. This can be checked through explicit

calculations or via a change of basis. We perform the following rotations where we redefine

quark fields by an axion-dependent phase

q′Li → e
icq

a
fa q′Li , u′Rj → e

icu
a
fa u′Rj , d′Rj → e

icd
a
fa d′Rj . (6.10)

These chiral rotations modify several couplings in the Lagrangian. First, they are anomalous

and the dimensionless coefficients of axion couplings to gauge bosons in Eq. 6.4 are affected;

as already stated above we do not consider these interactions for our processes and we do not

need to worry about this effect. Second, we generate new axion derivative couplings equal and

opposite to the ones in Eq. 6.6 once we plug the new quark fields defined above in the kinetic

terms. Thus axion derivative couplings are not present anymore in the Lagrangian. Third, and

crucially for us, the axion field appears in the Yukawa interactions after we plug these field

redefinitions into the SM Yukawa Lagrangian, whose explicit expression is given in Eq. A.4,

and we find

−L
(a)
Y−F.C. = e

i(cu−cq) afa q′L H̃ Ŷ u u′R + e
i(cd−cq) afa q′LH VCKM Ŷ d d′R + h.c. . (6.11)
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As anticipated, although there are three different couplings in the theory only two linear com-

binations of them can appear in scattering amplitudes

ct ≡ −cq + cu , (6.12)

cb ≡ −cq + cd . (6.13)

We label them with the top and bottom quark because we only focus on the third quark gener-

ation as explained in the Introduction. The hatted matrices Ŷ u,d are diagonal in flavour space,

and axion interactions are flavour conserving once we switch to the mass eigenbasis via the

rotations given in Eq. A.5.

Scattering cross sections above EWPT

We focus on third generation quarks {tL, bL, tR, bR} = {uL3, dL3, uR3, dR3} where we as-

sign new names to left- and right-handed fields. In order to write explicitly their interactions,

we parameterize the complex components of the Higgs doublet as follows

H =

χ+

χ0

 , H̃ ≡ iσ2(H†)T =

 χc0

−χ−

 , (6.14)

where we define χ− ≡ χ†+ and χc0 ≡ χ†0. Once we focus on third generation quarks and we

consider the Lagrangian in Eq. 6.11 in the mass eigenbasis, namely without the CKM matrix,

we find the following axion interactions

−L
(a)
Y−F.C. = yt e

ict
a
fa

[
χc0 tLtR − χ− bLtR

]
+ yb e

icb
a
fa

[
χ+ tLbR + χ0 bLbR

]
+

+ yt e
−ict afa

[
χ0 tRtL − χ+ tRbL

]
+ yb e

−icb afa
[
χ− bRtL + χc0 bRbL

]
.

(6.15)

The processes we are interested in have only one axion field in the external legs, thus we can

Taylor expand the exponential functions appearing in the above Lagrangian and only keep

terms up to the first order.

In the unbroken electroweak phase, the Higgs VEV is vanishing and all particles are mass-

less. We want to consider processes producing one axion particle in the final state, so the most

general binary collisions involve two fermions fields. The other boson in the process can be

either a component of the Higgs doublet or a SM gauge boson. However, if we look at the



Chapter 6. Axion Dark Radiation and ∆Neff 105

axion interactions in Eq. 6.15 we see that only the former is possible. There is no 2→ 2 scatter-

ing with SM gauge bosons; this is manifest in the basis we choose to describe axion couplings.

Alternatively, if we insisted on working in the basis where axion is derivatively coupled to SM

fermions the amplitude for a 2→ 2 is vanishing as it requires a fermion chirality flip that is not

possible in the absence of a mass term for the fermion itself.

Axion Production Above EWSB

Process CP Conjugate σij→ka × 64πf2
a

tt̄→ χ0a tt̄→ χc0a c2
t y

2
t

bb̄→ χ0a bb̄→ χc0a c2
by

2
b

tb̄→ χ+a bt̄→ χ−a c2
t y

2
t + c2

by
2
b

tχ0 → ta t̄χc0 → t̄a c2
t y

2
t

tχc0 → ta t̄χ0 → t̄a c2
t y

2
t

bχ0 → ba b̄χc0 → b̄a c2
by

2
b

bχc0 → ba b̄χ0 → b̄a c2
by

2
b

tχ− → ba t̄χ+ → b̄a c2
t y

2
t + c2

by
2
b

bχ+ → ta b̄χ− → t̄a c2
t y

2
t + c2

by
2
b

TABLE 6.1: Scatterings producing axions above the EWPT. In the first two columns we list the
process and its CP conjugate. They have the same cross section, listed on the third column.

We only have processes with the components of the Higgs doublet in Eq. 6.14. The two

fermions in the scattering can be either both in the initial state or one in the initial state and the

other one in the final state. We classify all possible cases according to where fermions appear.

If we consider the first case, we have fermion/antifermion annihilations producing and axion

and any of the components of the complex Higgs doublet. The possible processes are listed

in the first block of Tab. 6.1; we show the associate CP conjugate on the same row, and we

correctly account for both in our numerical analysis. Another possibility is to have just one

fermion in the initial state, and the other particle would be a component of the Higgs doublet.

The associated processes are listed in the second block of Tab. 6.1. For each process we also

provide the scattering cross section. Our contribution proportional to y2
t agrees with what was

found in Ref. [239].
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Scattering cross sections below EWPT

Once the electroweak symmetry is broken, the Higgs field gets a VEV which gives mass

to SM particles. We work in unitarity gauge where the Higgs field is parameterized by the

following field coordinates

H =

 0

v+h√
2

 , H̃ ≡ iσ2(H†)T =

v+h√
2

0

 , (6.16)

where v and h are the VEV and the physical Higgs boson, respectively. In such a gauge, the

three remaining (Goldstone) components of the Higgs doublet are eaten up by the massive Z

and W bosons. The mass spectrum as a function of the Higgs VEV results in

{mW ,mZ ,mh,mf} =

{
g

2
,

√
g2 + g′2

2
,

√
λ

2
,
yf√

2

}
v . (6.17)

Here, g and g′ are the SU(2)L and U(1)Y gauge couplings, respectively. The Higgs quartic

coupling λ is normalized in such a way that the potential term is λ(H†H)2.

Axion Production Below EWSB

Process CP Conjugate σij→ka Process CP Conjugate σij→ka

tt̄→ ga Same
Eq. B.1

tg → ta t̄g → t̄a
Eq. B.6

bb̄→ ga Same bg → ba b̄g → b̄a

tt̄→ ha Same
Eq. B.2

th→ ta t̄h→ t̄a
Eq. B.7

bb̄→ ha Same bh→ ba b̄h→ b̄a

tt̄→ Za Same Eq. B.3 tZ → ta t̄Z → t̄a Eq. B.8

bb̄→ Za Same Eq. B.4 bZ → ba b̄Z → b̄a Eq. B.9

tb̄→W+a bt̄→W−a Eq. B.5
tW− → ba t̄W+ → b̄a Eq. B.10

bW+ → ta b̄W− → t̄a Eq. B.11

TABLE 6.2: Scatterings producing axions below the EWPT. We give the process (left column),
the CP conjugate (central column) and the reference to the equation with the explicit analytical

expression for the scattering cross section.

We list in Tab. 6.2 all processes contributing to axion production in the phase where the

electroweak symmetry is broken. As done already above, we provide also the CP conjugate
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process as well as the scattering cross section. The explicit expressions are too lengthy to be

displayed directly in the table and we give their explicit analytical expressions in App. B.

Matching at the EWPT

We complete our discussion of production via scattering by showing how processes in-

volving the four components of the Higgs doublet, three of which are the longitudinal com-

ponents of the Z and W bosons below the EWPT, match at the point of electroweak symmetry

breaking. For this reason, the Z and W components involved in the following processes are

the longitudinal ones and will be denoted with an index L in the rest of this subsection. In

the following, we will take the cross sections for the different processes, express all masses in

terms of the Higgs VEV and run towards v → 0. The processes that will match are shown in

Tab. 6.3.

Processes Above EWPT Processes Below EWPT

tt̄→ χ0a + tt̄→ χc0a tt̄→ ha + tt̄→ ZLa

tb̄→ χ+a tb̄→W+
L a

bt̄→ χ−a bt̄→W−L a

tχ0 → ta + tχc0 → ta th→ ta + tZL → ta

t̄χ0 → t̄a + t̄χc0 → t̄a t̄h→ t̄a + t̄ZL → t̄a

tχ− → ba tW−L → ba

t̄χ+ → b̄a t̄W+
L → b̄a

bχ+ → ta bW+
L → ta

b̄χ− → t̄a b̄W−L → t̄a

TABLE 6.3: Scatterings producing axions involving the Higgs doublet above and below the
EWPT. We consider the four components of the Higgs doublet above, and we work in unitary
gauge below with the Higgs boson h and the longitudinal components ZL andWL of the weak

bosons.

• Neutral annihilations: tt̄→ χ0a, tt̄→ χc0a ; tt̄→ ha, tt̄→ ZLa.

When considering the limit in which the Higgs VEV vanishes, the cross sections below

EWPT coincide exactly with those above, as expected:

σtt̄→χ0a + σtt̄→χc0a = σtt̄→ha + σtt̄→ZLa =
c2
t y

2
t

32πf2
a

. (6.18)
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• Neutral scatterings: tχ0 → ta, tχc0 → ta ; th→ ta, tZL → ta.

t̄χ0 → t̄a, t̄χc0 → t̄a ; t̄h→ t̄a, t̄ZL → t̄a.

In this case, the matching can be expressed as:

σtχ0→ta + σtχc0→ta = σth→ta + σtZL→ta =

=σt̄χc0→t̄a + σt̄χ0→t̄a = σt̄h→t̄a + σt̄ZL→t̄a =
c2
t y

2
t

32πf2
a

,
(6.19)

where the CP conjugates give indeed the same contribution.

• Charged annihilations: tb̄→ χ+a, bt̄→ χ−a ; tb̄→W+
L a, bt̄→W−L a.

Analogously to the neutral case, the charged annihilations can be matched as:

σtb̄→χ+a
+ σbt̄→χ−a = σtb̄→W+

L a
+ σbt̄→W−L a

=
c2
t y

2
t + c2

by
2
b

32πf2
a

. (6.20)

• Charged scatterings: tχ− → ba, bχ+ → ta ; tW−L → ba, bW+
L → ta .

t̄χ+ → b̄a, b̄χ− → t̄a ; t̄W+
L → b̄a, b̄W−L → t̄a.

Finally, these set of processes match their cross sections as follows:

σtχ−→ba + σbχ+→ta = σtW−L→ba
+ σbW+

L→ta
=

=σt̄χ+→b̄a + σb̄χ−→t̄a = σt̄W+
L→b̄a

+ σb̄W−L→t̄a
=
c2
t y

2
t + c2

by
2
b

32πf2
a

.
(6.21)

Decay widths

The crucial ingredient for axion production via quark decays is the Lagrangian with

flavour violating interactions whose explicit expression is given in Eq. 6.7. This channel is ac-

tive only below the EWPT because it is kinematically forbidden at higher temperatures where

all quarks are massless. For this reason, we find it convenient to rewrite it in terms of Dirac

quark fields u = (uL uR) and d = (dL dR) in the mass eigenstate basis

L
(a)
∂−F.V. =

∂µa

fa

∑
i,j

[
ūiγ

µ
(
c

(ij)
Vu

+ c
(ij)
Au
γ5

)
uj + d̄iγ

µ
(
c

(ij)
Vd

+ c
(ij)
Ad
γ5

)
dj ,
]
, (6.22)

where we identify the following combinations

{
c

(ij)
Vu
, c

(ij)
Au
, c

(ij)
Vd
, c

(ij)
Ad

}
=

1

2
×
{
c(ij)
u + c(ij)

q , c(ij)
u − c(ij)

q , c
(ij)
d + c(ij)

q , c
(ij)
d − c(ij)

q

}
. (6.23)
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The decay process qi → qja and its CP conjugate q̄i → q̄ja, which can happen for both up- and

down-type quarks, have the following decay width

Γqi→qja =
m3
i

16πf2
a

(
c

(ij)
Vq

2
+ c

(ij)
Aq

2
)(

1−
m2
j

m2
i

)3

. (6.24)

Here, the ratio mj
mi

can safely be neglected as it leads to non observable changes in ∆Neff . The

decays relevant to our analysis and their CP conjugates are displayed in Tab. 6.4 with their

corresponding decay widths.

Axion Production Above EWSB

Process CP Conjugate Γi→ja × 16πf2
a/m

3
i

t→ ca t̄→ c̄a c
(tc)
Vu

2
+ c

(tc)
Au

2

t→ ua t̄→ ūa c
(tu)
Vu

2
+ c

(tu)
Au

2

b→ sa b̄→ s̄a c
(bs)
Vd

2
+ c

(bs)
Ad

2

b→ da b̄→ d̄a c
(bd)
Vd

2
+ c

(bd)
Ad

2

TABLE 6.4: Quark decays producing axions. In the first two columns we list the process and
its CP conjugate, and they both have the same decay widths listed on the third column.

6.1.2 Impact of thermal axions on ∆Neff

The physical observable of interest in our work is the effective number of neutrinos Neff

induced by hot axions. Big bang nucleosynthesis [289] and CMB experiments [13, 236] probe

this quantity, and we focus on the latter case as it is the most sensitive. Here, we first review

briefly how to compute Neff from a given axion production source and then we quantify the

Neff generated from all processes analysed in the previous section.

The effective number of neutrinos is related to the radiation energy density ρrad as

ρrad = ργ

(
1 +

7

8

(
Tν
Tγ

)4

Neff

)
, (6.25)

where ργ is the photon energy density. Any relativistic particle with a non-negligible energy

density, like neutrinos or axions, will contribute to Neff . In particular, we are interested in
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deviations from the ΛCDM value caused by axions

∆Neff ≡ Neff −NΛCDM
eff =

8

7

(
11

4

)4/3 ρa
ργ

, (6.26)

with NΛCDM
eff = 3.046 and where ρa is the axion energy density.

In order to connect with the numerical solutions of Boltzmann equations, we find it con-

venient to rewrite ∆Neff in terms of the comoving axion abundance Ya ≡ na/s. Here, na is

the axion number density and s = 2π2g∗sT
3/45 is the entropy density with g∗s the number of

entropic degrees of freedom. The photon energy density can also be expressed as follows

ργ = 2× π2

30

(
45 s

2π2g∗s

)4/3

, (6.27)

whereas the axion energy density is related to the number density via

ρa =
π2

30

(
π2na
ζ(3)

)4/3

. (6.28)

We combine these two equations and find

∆Neff ' 74.85Y 4/3
a , (6.29)

where we used the value of g∗s at recombination g∗s = 43/11.

We determine the asymptotic value of the axion number density by solving the associated

Boltzmann equation13. The differential equation describing how the axion number density

evolves with time reads

d

dt
na + 3Hna =

[∑
S

Γ̄S +
∑
D

Γ̄D

] (
n

eq
a − na

)
. (6.30)

Here, H is the Hubble parameter quantifying the expansion rate of the universe and the su-

perscript “eq” for number density denotes expressions valid when particles are in thermal

equilibrium. The two terms on the right hand side denote, respectively, the sum over ther-

mally averaged scattering and decay rates involving the axion and their explicit expressions

13The lowest temperature considered when solving the Boltzmann equation can be dangerous if chosen too close
to the QCDPT. The effect on the final result due to this parameter is briefly discussed in App. C.
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read

Γ̄S =
gigj

32π4n
eq
a

T

∫ ∞
smin

ds
λ(s,mi,mj)√

s
σij→ka (s)K1

(√
s
T

)
, (6.31)

Γ̄D =
n

eq
i

n
eq
a

K1

(
mi
T

)
K2

(
mi
T

)Γi→ja . (6.32)

The function λ is defined as follows

λ (x, y, z) ≡
[
x− (y + z)2

] [
x− (y − z)2

]
, (6.33)

whereas the minimum center of mass energy is smin = Max
(

(mi +mj)
2 ,m2

k

)
. The general

expression for the equilibrium number density is

n
eq
i = gi

m2
i

2π2
TK2

(mi

T

)
, (6.34)

where gi stands for the degrees of freedom of the particle i and Kn(z) are the modified Bessel

function of the second kind.

We find it convenient to switch to dimensionless variables. We define x = m/T , where m

is taken to be the mass of the heaviest particle in the process, and the Boltzmann equation for

Ya reads

sHx
dYa
dx

=

(
1− 1

3

ln g∗s
lnx

)(∑
S

γS +
∑
D

γD

)(
1− Ya

Y
eq
a

)
, (6.35)

where γD,S ≡ n
eq
a Γ̄D,S . We solve now the equation numerically for the different axion produc-

tion processes. Analytical approximations can be found for the cases below thermal abundance

and at large fa, leading to ∆Neff ∝ f
−8/3
a [240].

Model Independent results

We first perform a model-independent operator analysis. For flavour conserving cou-

plings, we switch on separately the top-axion vertex ct and the bottom-axion vertex cb, whereas

we account for the decay of each quark for flavour violating interactions.

We begin with scatterings and we set ci = 1 throughout this section; this is equivalent

to interpreting fa as fa/ci for each specific coupling. One of our main results is a smooth

treatment of the EWPT, and this is relevant once one accounts for axion production controlled
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by processes with the top (anti-)quark on the external legs. We show in Fig. 6.1 the contribution

to ∆Neff from each one of these processes as a function of fa.

FIGURE 6.1: Contribution to ∆Neff from individual binary scatterings with the top quark
involved. The dimensionless coupling is set to ct = 1. Each line denotes all processes with the
external legs denoted in the legenda. The initial temperature here is set to TI = 104 GeV and

the initial axion abundance has been assumed to be zero.

Production via scatterings with gluons is not altered by this threshold. However, pro-

cesses with longitudinal weak gauge bosons feel this transition since they become massive

below the EWPT. Dashed lines correspond to calculations in the electroweak symmetric phase

whereas solid lines hold below the EWPT. Our lines for each individual process, with the rel-

evant degrees of freedom at the associated temperature, are indeed smooth across the two

phases.

The physical observable is actually the combined effects of these individual lines. We add

them up and we show our prediction for ∆Neff in Fig. 6.2 together with the associated quan-

tity from the bottom-axion vertex cb. Solid lines correspond to the extreme case in which the

initial temperature TI (i.e. the reheating temperature, if the Universe went through a stage of

Inflation) was very close to the EWPT, and assuming the initial abundance of axions to be zero

at T = TI . The opposite extreme case, dot-dashed lines, correspond to an initial thermal abun-

dance of axions at a given initial temperature above the EWPT. Finally, we show predictions

from one particular process which remains the same at all temperatures and whose strength

grows with the temperature, the purely gluonic gg → ga. In order to take it into account, we
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interpolated the result from Ref. [239] and assumed that it decreases always with the same

power of temperature, extrapolating the results to lower temperatures.

FIGURE 6.2: Impact on ∆Neff following an operator-by-operator analysis: for each line, we
consider the axion coupling only to one particle i, with coupling constant ci = 1. The initial
temperature here is set to TI = 104 GeV and the initial axion abundance has been assumed
to be zero (thermal) for the solid (dot-dashed) lines. The CAST limit and IAXO prospect are

shown as a shaded region and a vertical green line respectively, assuming caγγ = 1.

Fig. 6.2 shows that the axion can thermalize through the scatterings with the top, below or

around the EWPT, for fa . 1010 GeV even with zero initial axion abundance close to the EWPT.

This means that, independently of the initial conditions, it is possible to be above the 1σ region

of CMB-S4. If one assumes an initial thermal abundance, as shown in the same figure with

dot-dashed lines, such initial seed automatically gives a signal of about 1σ, as already stressed

in previous works [287].

For both choices of initial conditions, the signal increases as fa lowers, reflecting the fact

that the axion decouples at a lower temperature where the number of degrees of freedom

in thermal equilibrium g∗(Tdec) is smaller. For fa . 109 GeV the processes involving the

axion-bottom coupling become efficient and yields a larger ∆Neff which roughly saturates

at ∆Neff (g∗(mb)) for fa . 108 GeV. Finally, we note that the axion-gluon scattering channel is

always less efficient than the other scattering channels, except for fa . 5 × 107 GeV where it

becomes more efficient than the axion-top scatterings.

We also show the constraints from CAST [290] and the forecasted sensitivity of IAXO [291,

292]. Although these experiment probe the axion-photon coupling, we can still compare both
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forecasts assuming caγγ = 1. Interestingly, the parameter space probed by IAXO corresponds

to the region where ∆Neff is above the 1σ level. These multiple detection channels will be

very useful in case of a detection.

As discussed in the paragraphs above, the initial conditions for our Boltzmann equation

evolution depend on whether axions thermalize or not above the EWPT. For example, for fa ∼

109 GeV the axion thermalizes already at T ∼ TeV due to the interactions with the Higgs [239].

In general, this depends on the value of the reheating temperature. This interplay between the

axion scale fa and the initial (reheating) temperature, when zero initial abundance is assumed

for the axion, can be seen more clearly in Fig. 6.3. Here, we show the dependence of ∆Neff

on the reheating temperature and fa by considering purely gluonic processes, which must be

present in any QCD axion model, following the procedure from before. The figure shows that

the axion always thermalizes, independently of fa, as long as the reheating temperature is set

high enough.

FIGURE 6.3: ∆Neff as a function of fa and the reheating temperature with initial axion abun-
dance set to zero. In this figure only purely gluonic processes have been included.

Turning now to the possibility of having flavour violating couplings, the interactions in

Eq. 6.22 lead to the following possible decays below the EWPT

t→ c a , t→ u a ,

b→ s a , b→ d a.
(6.36)
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The decays c→ u a and s→ d a are not taken into consideration, although they should be sig-

nificant, because the relevant temperatures here should be around the QCD phase transition,

where we do not have control on the complicated strongly coupled physics.

The couplings in Eq. 6.22 also lead to quark annihilation into a W and an axion with

non-diagonal flavour transitions: the flavour change may be present in the coupling with the

W and/or with the axion. These processes, however, are subdominant with respect to those

with only flavour conserving couplings and for these reasons they are not discussed here. The

only potentially interesting processes would be t c̄ → Z a and t s̄ → W a, but the contribution

from these processes is of the same order of magnitude as that coming from the processes that

involve flavour-conserving couplings, namely t t̄ → Z a and t b̄ → W a, which were already

discussed above. Since the results would be essentially the same, we will not include the

analysis of such processes in this work.

FIGURE 6.4: Effect of quark decays on Neff . The figure on the left (right) assume only vector
(axial) couplings, assumed to be equal to one. In these figures solid lines escape all bounds,
whereas dotted lines are ruled out. Dashed lines correspond to the situation where one of the

two possible decays channels is still allowed.

We show predictions for ∆Neff generated from the different quark decays in Fig. 6.4.

As already done before, we switch on only one coupling at a time. Both top decay channels

yield the same ∆Neff but they are subject to different bounds, and the same holds for bottom

decays. In spite of the strong bounds on flavour violating couplings, given in Ref. [203] and

reviewed in Sect. 4.3, the signal is above 1σ in most of the cases.

Finally, we appreciate how the range of PQ breaking scales that could be detected through

these hot axions in some frameworks overlap with that of cold axion dark matter. This is true

for both scatterings and decays. In particular, if the PQ symmetry is broken after inflation there

is an additional contribution to axion dark matter from topological defects. Axions produced
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non-thermally through the decays of such defects are cold, and they are a viable dark matter

candidate. Although there is a large theoretical uncertainty of this contribution, we claim for

the benchmark value fa & O(109) GeV [293, 294] it could be possible to measure both hot and

cold axions at the same time.

UV Complete Models

This section is devoted to the analysis of three specific models already discussed in this

thesis: the so-called DFSZ model [89, 90], KSVZ model [91, 92] and the Minimal Flavor Violat-

ing Axion (MFVA) model [103].

In the DFSZ case, the axion couplings are flavour-blind and, using the notation of Eqs. 6.12

and 6.13, non-vanishing couplings with the top and bottom quarks are present, satisfying the

following relation,

ct + cb =
1

3
. (6.37)

In the limit where all the scalar components are heavy, except for what would become the

longitudinal components of the gauge bosons, the physical h and the axion, this model matches

the general analyses performed in the previous sections. Notice that, dealing with a well-

defined model, the caγγ coupling can be predicted in terms of the axion-fermion couplings:

caγγ = 2(4ct + cb + 3cτ ), where cτ is the coupling with leptons and its defined in a similar way

as ct and cb in Eqs. 6.12 and 6.13. Leptons can couple to the axion as the up-type quarks do

or as the down-quarks do, and in general this leads to different values for the axion-photon

coupling.
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FIGURE 6.5: Total impact on ∆Neff for a classic DFSZ axion. Three benchmarks couplings of
the DFSZ axion to top and bottom quarks have been considered. The initial temperature here
is set to TI = 104GeV and the initial axion abundance has been assumed to be zero. The CAST
limit and IAXO prospect are shown: solid (dot-dashed) lines correspond to caγγ = 8/3 (2/3),
when charged leptons couple to the same higgs doublet as the down-quarks (up-quarks) do.

The contributions to ∆Neff for the DSFZ model can be seen in Fig. 6.5. Three representa-

tive cases are considered, in order to cover the entire range of values for cb and ct: with ct = 1/3

and cb = 0 (in blue in the plot), with ct = 0 and cb = 1/3 (in red), and with ct = cb = 1/6 (in

black). For the CAST limit and IAXO prospect, the continuous line corresponds to the case

with the smallest value for caγγ − 1.92, while the dot-dashed corresponds to the one with the

most restrictive value of caγγ − 1.92.

In the KSVZ model, the axion does not couple to the SM fermions at tree-level, but only to

exotic quarks that enrich the SM fermionic spectrum. In this case, the only sizeable contribution

to ∆Neff arises from the axion coupling to gluons, as axion couplings to SM fermions are

induced only at 2-loops and therefore are strongly suppressed. Fig. 6.6 shows the predictions

for ∆Neff for this model. The range of axion-photon coupling considered here is caγγ − 1.92 ∈

[−0.25, 12.75], motivated by several possible UV completions of a KSVZ axion [295].
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FIGURE 6.6: Total impact on ∆Neff for a classic KSVZ axion. We set the initial temperature
TI = 104GeV and the initial axion abundance to zero. The CAST limit is shown as a shaded
region, with solid lines corresponding to caγγ − 1.92 = −0.25 and dot-dashed for caγγ − 1.92 =

12.75.

The MFVA model [103], instead, provides an effective description of the axion couplings

with SM fields, once the flavour symmetry of the Minimal Flavor Violation framework [41, 42]

is implemented in the Lagrangian. The axion couplings to fermions are universal within the

same type of quarks and therefore are flavour conserving. Moreover, the axion coupling to

up-type quarks is vanishing at leading order, and therefore the largest interactions are with the

down-type quarks, and in particular with the bottom, due to Yukawa suppressions. This fact

sensibly affects the results presented in the model independent analysis, where the axion-top

coupling was dominating all the contributions. In particular, the processes b + b̄ → g + a and

t + b̄ → W+ + a (proportional to the abb̄ coupling), that are proportional to the bottom quark

Yukawa, were irrelevant when the axion coupled to the top, but now become crucial, as they

are the only important contributions apart from the purely gluonic ones.

The coefficients describing axion couplings with bottoms cb and with photons gaγγ acquire

the following values in the MFVA model,

cb =
1

3
, gaγγ =

αem

2π

1

fa

(
8

3
− 1.92

)
, (6.38)

and the final result for ∆Neff is shown in Fig. 6.7.
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FIGURE 6.7: Total impact on ∆Neff for the MFVA model. The initial temperature here is set
to TI = 104 GeV and the initial axion abundance is set to zero. The CAST limit and IAXO

prospect are shown as a shaded region and a vertical green line, respectively.

As it can be seen, all models give the same contribution at low fa. At high fa, instead,

the DFSZ model gives the largest abundances since it couples to all SM fermions already at

tree level. For such a model one can reach a detectable axion abundance even in the range

fa ≈ 109 − 1010 GeV. If the PQ symmetry is broken after inflation and not restored afterwards,

the abundance of cold axion dark matter receives a significant contribution from topological

defects [296–299]. The detailed amount from this source suffers a significant theoretical un-

certainty [293, 294], but it is worth keeping in mind that in such a low fa region axion cold

dark matter may coexist with detectable hot axions. Within the DFSZ framework, PQ symme-

try in the post inflationary scenario has to be broken also explicitly to avoid the domain wall

problem [300–303].

Moreover, there is a window for fa between 107 GeV and 2×108 GeV that can be explored

by IAXO and is also above the 1σ level for the CMB-S4 experiments, where the models can be

differentiated. This could imply an exciting opportunity to not only detect an effect of the

axion, but also tell apart different invisible axion models.

When considering specific models with flavour violating axion couplings, like the Axi-

flavon [106] or Flaxion [105], they give a sizeable contribution to ∆Neff & 0.01 only for axion

scales below fa . 109 GeV, a region which is largely excluded in those models due to the

bound coming from the K+ → π+a decay, being therefore irrelevant in this analysis.
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6.2 Cosmic Imprints of XENON1T Axions

In this second section of the chapter we will study the compatibility between the observ-

able previously discussed, ∆Neff , and the anomaly observed by the XENON1T experiment.

We have already discussed the possibility of looking for axions through its coupling to pho-

tons, in colliders and flavour searches and, lastly, through its impact on the thermal history of

the Universe, but these are not the only ways to search for axions.

Another promising strategy to discover these particles is by searching for electron re-

coils induced by the absorptions of axions produced in the Sun. Recently, the XENON1T ex-

periment has reported an excess in the number of electron recoil events in the energy range

1−7 keV [283]. Among several plausible explanations, solar axions stood up with a 3.5σ statis-

tical significance. However, one should take the solar axion interpretation with the necessary

caution. Other signal interpretations that do not require new physics, such as a higher con-

centration of tritium [283, 304, 305], remain viable. Moreover, the value of the axion-electron

coupling favored by XENON1T is in sharp tension with stellar cooling bounds [283, 306] (See

also Refs. [307, 308]), though some models appear to be able to escape them [309].

In this section, with the above caveats in mind, we correlate the solar axion interpreta-

tion of the XENON1T excess with a distinct cosmological signal, the impact of axions on the

effective number of neutrinos, ∆Neff . The observed events inform us that axions couple to

electrons, and this leads to the natural expectation that it could couple to other SM fermions

as well. We consider a few plausible examples where the axion: (i) couples to all SM fermions

with the same strength; (ii) couples at tree level only to one SM fermion and this induces a

nonzero coupling to electrons at one loop; (iii) is part of a well defined framework that indeed

has couplings to all SM fermions, the DFSZ case [89, 90]. In the following, we will show how

thermal axions produced and their effect on ∆Neff in these scenarios may be linked to the

XENON1T excess.

We discuss axion production via fermion scattering in Sec. 6.2.1, providing cross sections

for the processes contributing to the signal in ∆Neff and the related Boltzmann equations.

We consider two main classes of explicit realizations: a non-anomalous ALP coupled to SM

fermions in Sec. 6.2.2, and the QCD axion in Sec. 6.2.3. Measuring a non-vanishing contribu-

tion to ∆Neff would provide the additional information discussed in Sec. 6.3, while deferring

radiatively induced axion couplings to App. D.
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6.2.1 Thermal axions production via fermion scattering

We consider axion production via fermion scattering below the electroweak phase transi-

tion (EWPT). These processes are mediated by the following dimension 5 contact interactions14

Laψψ =
∂µa

2fa

∑
ψ

cψψ̄γ
µγ5ψ , (6.39)

with a and ψ the axion and SM fermions, respectively. The quantity fa is the axion decay con-

stant, and we implicitly consider microscopic models where the only new degree of freedom

accessible below the scale fa is the axion. The dimensionless coefficients cψ encode unknown

UV dynamics and can be thought as the result of integrating out heavy physics at energy scales

above fa. They are energy dependent and we provide details of their renormalization group

evolution (RGE) in App. D.

There are two leading production channels as we discussed previously in this chapter:

fermion/antifermion annihilation (ψ̄ψ → Xa) and Compton-like scattering (ψX → ψa, and

the same with the antifermion ψ̄). The particle X can be either a gluon or a photon depending

on whether the SM fermion ψ carries colour charge15. For colored fermions, namely SM quarks

q, axion production is driven by processes with gluons, whose cross sections read [240]

σq̄q→ga =
c2
qg

2
sxq

9πf2
a

tanh−1
(√

1− 4xq
)

1− 4xq
, (6.40)

σqg → qa =
c2
qg

2
sxq

192πf2
a

4xq − 2 ln (xq)− x2
q − 3

1− xq
. (6.41)

Here, xψ = m2
ψ/E

2
CM and ECM is the energy in the center of mass frame. If the SM fermion

responsible for axion production is a lepton, processes with photons would dominate and they

have cross sections [220]

σ`+`−→γa =
c2
`e

2x`
4πf2

a

tanh−1
(√

1− 4xl
)

1− 4xl
, (6.42)

σ`±γ→`±a =
c2
`e

2x`
32πf2

a

4x` − 2 ln(x`)− x2
` − 3

1− x`
. (6.43)

14This Lagrangian can be shown to be equivalent to that of Eq. 6.6 after going to the mass basis below the EWPT
and using the conservation of the vectorial fermionic current, with cψ = −cq + cu,d.

15Processes with a Higgs, W or Z boson are also possible but subleading below the EWPT, so they are not con-
sidered in this part.
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As it is manifest from these expressions and we have discussed previously, cross sections

are proportional tom2
ψ and therefore lighter fermions need a smaller fa/cψ to thermalize. Since

∆Neff ∝ g∗s(TD)−4/3, the later the axion decouples the larger the signal would be; processes

with light fermions, if efficient, would give the leading contribution.

We compute the resulting ∆Neff by solving the Boltzmann equation as we did before,

stopping the evolution described by the Boltzmann equation at 1 GeV. For production driven

by the top quark as well as for the one driven by leptons this is not an issue. However, for

the bottom and for the charm this is a potential serious problem, as discussed in App. C. In

particular for the charm, axion production is likely to be efficient also below the GeV scale,

and since g∗s is rapidly changing around that temperature this translates into a significant

theoretical uncertainty on the amount of axions. Production via pion scattering [310–313] could

give some additional contribution for the values of fa we are interested in 16. For these reasons,

we should interpret the output of our calculations for bottom and charm as a lower bound on

the resulting ∆Neff . Moreover, we assume zero axion abundance at temperatures slightly

above the EWPT. An initial abundance could also be present but that would depend on other

aspects such the reheating temperature and on the value of g∗s at higher temperatures 17.

In the next two sections, we study these processes in various setups corresponding to

different choices for UV fermion couplings as well as different relations between them and the

ones to SM gauge bosons.

6.2.2 Non-anomalous ALPs

We consider ALPs arising from the spontaneous breaking of a non-anomalous symmetry.

For this reason, at the symmetry breaking scale fa we have only the couplings to fermions

in Eq. 6.39 and no couplings to gauge bosons. Nevertheless, dimension 5 couplings to gauge

bosons can be generated as a consequence of threshold corrections, proportional to (ma/fa)
2,

once we integrate out SM fermions [187]. ALPs contributing to dark radiation must be rela-

tivistic between the epoch of matter-radiation equality and recombination. This results into

16Note however that for fa & 5×107 GeV, which is the case for the parameter space region analysed in this paper,
Eq. 6.44, the rates given in [311] would give decoupling temperatures above 200 MeV. For these temperatures we
enter the QCD phase transition where we cannot assume the existence of thermal pions.

17Assuming an initial axion abundance due to scatterings that decouple at TD � O(100) GeV [238, 239] would
simply flatten the curves of the ∆Neff predictions at large fa to the equilibrium value, which is at most the value
obtained assuming the SM with no extra degrees of freedom at such TD , ∆Neff ' 0.027, see [220, 240].
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the upper boundma . O(0.1)eV, and threshold corrections are negligible for these masses. We

account for coupling to photons in the next section when we study the QCD axion case.

We define each case studied in this section by a choice of Wilson coefficients cψ(fa) at the

UV scale fa. The resulting couplings at low energy, cψ, can be found according to the RGE

prescription provided in App. D. The low-energy axion-electron interaction that we need in

order to address the XENON1T excess lies in the range

fa
ce
≡ me

gae

∣∣∣∣
XENON1T

' (1.46− 1.96)× 108 GeV . (6.44)

This could turn out to be the case both because the axion couples to electrons at the high scale

fa (ce(fa) 6= 0), or because the low-energy coupling ce is induced by radiative corrections. In

the latter case, we need the fermion couplings at the UV scale illustrated in Fig. 6.8.

FIGURE 6.8: Relation between the axion-fermion coupling cψ(f) at the UV scale and the scale
fa itself that we need in order to generate a radiative coupling to the electron consistent with

the XENON1T excess.

Democratic ALP

The first case we consider is the democratic ALP where the axion has democratic (cψ ∼ 1)

and flavor conserving couplings to all fermions; constraints on flavor violating couplings [203]

are too stringent and they do not allow a feasible explanation of the XENON1T excess. This
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scenario can be motivated in two different ways: one can assume that all fermions have cou-

plings of order one in the UV, or one can consider an axion-top coupling of order unity in the

UV (ct(fa) ∼ 1) and RGE would generate axion couplings cψ ∼ 1 at low energy to all fermions.

We set cψ = 1 and the signal in ∆Neff is dominated by axion-heavy quark scatterings.

We solve the Boltzmann equation with the cross-sections given in Eqs. B.1 and B.6 assuming

zero axion abundance at temperatures above the EWPT. The results are shown in Fig. 6.9. For

fa in the XENON1T window the scatterings with the charm and bottom dominate the signal

and yield ∆Neff slightly above 0.04.

FIGURE 6.9: ∆Neff in the democratic case where the relevant channels are scatterings with
heavy quarks c, b, t. We assumed no initial axion abundance above the EWPT and integrated
the Boltzmann equation down to 1 GeV to avoid getting too close to strongly coupled regimes.
Green bands represent the forecasted sensitivity of CMB-S4 experiments [236]. Notice that
the XENON1T window is in tension with the bound fa & 1.9 × 109 GeV coming from stellar

cooling [314].

Loop-induced electron coupling

The second scenario we study is the one where the axion-electron coupling at low ener-

gies is radiatively induced from an axion-fermion coupling (ψ = τ, c, b or t) at the UV scale.

The values of cψ(fa) needed to explain the XENON1T excess are given in Fig. 6.8 for each

fermion 18. For each case, we assume a single cψ(fa) to be nonzero at the UV scale and we

solve the Boltzmann equation including all the radiatively induced couplings at low energy.

18We do not consider the muon because the coupling needed to generate the correct gae is of order cµ(fa)/fa ∼
10−4GeV−1, which is disfavored by about a few orders of magnitude by supernova constraints [220, 315–317].
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FIGURE 6.10: ∆Neff as a function of fa for a few values of cψ(fa) in the scenario where the
axion-electron coupling is generated at loop-level. We assumed no initial abundance of axions
above the EWPT. For quarks we stopped the Boltzmann equation at 1 GeV to avoid getting
too close to strongly coupled regimes. The upper horizontal axis indicates the value of cψ(fa)
needed for any given fa to explain the XENON1T excess. Green bands are the forecasted
sensitivity of CMB-S4 experiments [236]. Notice that the XENON1T window is in tension with

the bound fa/ce & 1.9× 109 GeV coming from stellar cooling [314].

Our predictions for ∆Neff as a function of fa for different values of cψ(fa) are shown

in Fig. 6.10. In the upper horizontal axis we show the value of cψ(fa) needed to explain the

XENON1T excess for the associated value of fa. The predicted ∆Neff for each fermion is

quite sharp in this loop-induced scenario because cψ(fa)/fa is mostly fixed by the RGE (up to

logarithmic corrections and the experimental uncertainty in gae).

In the case of the top, upper left plot, the XENON1T region corresponds to ∆Neff ∼

0.04 and fa = (6 × 106, 109) GeV for ct(fa) in the window 0.1 − 10. Note that in this case

the radiatively induced couplings to others fermions (µ, τ, c and b) are relevant and so we

accounted for several channels to produce the axion.

For bottom and charm, respectively upper right and lower left plot, the axion is in thermal

equilibrium at 1 GeV for couplings in the XENON1T region. This is the temperature at which
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we stop the Boltzmann equation for quarks, and the relic abundance saturates at ∆Neff =

13.8 g
−4/3
∗s |T=1GeV for lower values of fa. Thus the prediction of ∆Neff ' 0.044 should be

understood for these cases as a lower bound on the signal. The range of fa needed to get the

right loop-induced ce is, for the bottom, fa =
(
2× 103, 5× 105

)
GeV for cb(fa) = (0.1, 10) and,

for the charm, fa =
(
2× 103, 4× 104

)
GeV in the window cc(fa) = (1, 10).

Finally, we look at the τ , lower right plot. This case is quite interesting because the axion

thermalizes at a much lower temperature and the calculation is still under control since it

does not involve QCD. The relative signal is boosted to values of ∆Neff ' 0.3 and fa =(
103, 3× 104

)
GeV for cτ (fa) = (1, 10). Such a large value of ∆Neff is already now within

the 2σ sensitivity region of the latest CMB experiments. In particular, although CMB and

LSS data alone do not hint at a non-zero value of ∆Neff [13], when including SH0ES 2019

local Hubble constant measurement of H0 [216] there is a shift of the central value towards

∆Neff = 0.26+0.16
−0.15 [318] (or ∆Neff = 0.28+0.16

−0.17 [319] adding also the Pantheon Supernova

dataset) which is in remarkable agreement with the above prediction. Such values will be

tested also by forthcoming CMB experiments, such as LiteBIRD [? ], Simons Observatory [320]

and CMB-S4 [236].

6.2.3 QCD axion

In the QCD axion case the non-perturbative axion potential leads to the general relation

for its mass, shown in Eq. 3.66, that implies that, for fa ∼ 108 GeV, the axion is relativistic at

the time of CMB decoupling and thus will again contribute to ∆Neff .

There are two benchmark classes of QCD axion models: KSVZ [92] and DFSZ [89, 90]. The

former does not have tree-level couplings to SM fermions so it does not seem able to explain

the XENON1T excess and satisfy the CAST bound at the same time [283, 290]. Therefore we

focus on the DFSZ models whose couplings to quarks satisfy

cU + cD =
1

3
, (6.45)

where cU is the universal coupling to the up-type quarks and cD the universal coupling to the

down-type ones. The axion may couple to charged leptons as to the up-type quarks or as to

the down-type quarks: in what follows, we take the second option for concreteness, as in [283],

i.e. cE = cD, being cE the universal coupling to the charged leptons.
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The DFSZ model also features two Higgs doublets, but the extra Higgs and also the rest of

the SM couplings (i.e. with gauge bosons and the physical Higgs) are neglected here, since they

would affect axion production only at very high T and would give a subdominant contribution,

compared to the production via fermions, which are relevant at lower temperatures, TD ≈

1−10 GeV. The photon-axion coupling in DFSZ model takes the value caγγ = 8/3 (caγγ = 2/3) if

the charged leptons couple to the axion as the down-type (up-type) quarks do; such a coupling

is important for experiments that search for axions, but it gives a subdominant contribution to

∆Neff . Finally, there are no RGE effects in this case since we can always choose a basis where

the axion appears only inside the quark mass matrix [159].

The contributions to ∆Neff are dominated by scatterings with heavy quarks and can be

seen in Fig. 6.11, where three cases are considered: cU = 1/3 and cD = 0 in blue in the plot,

cU = 0 and cD = 1/3 in red, and cU = 1/6 = cD in black. While the vertical axis represents

∆Neff , the horizontal one stands for fa or equivalently for gae/ cos2 βDFSZ, being cos2 βDFSZ =

x2/(x2 + 1) the parameterisation of x = v1/v2, which is the ratio of the Higgs VEVs.

FIGURE 6.11: Prediction for ∆Neff for the DFSZ axion model. Here we show the top, bottom
and charm contributions for three different choices of the PQ charges: cU = 1/3 and cD = 0
in blue, cU = 0 and cD = 1/3 in red, and cU = 1/6 = cD in purple. We assumed no initial
abundance of axions at low temperatures and integrated the Boltzmann equation down to
1 GeV to avoid getting too close to strongly coupled regimes. Green bands are the forecasted
sensitivity of CMB-S4 experiments [236]. The XENON1T window is in tension with the bound
fa/cE & 1.9 × 109 GeV coming from stellar cooling [314], but escapes the limit fa & 1.2 ×
107 GeV set by CAST [290]. The XENON1T window for this model could however be just
perhaps reached by BabyIAXO (reaching fa ∼ 5.7× 107 GeV) and fully explored by the IAXO

experiment [321], that could reach fa ∼ 2× 108 GeV.
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6.3 What ∆Neff > 0 can teach us

Having studied the possible contribution to ∆Neff in a model independent approach, fol-

lowed by the prediction from several axion models and, finally, the correlation of the signal in

XENON1T with a potential non-vanishing ∆Neff , let us close this chapter by asking ourselves

what we can learn from a non-zero detection of ∆Neff :

No detection, ∆Neff . 0.03: The axion does not couple to heavy quarks or the coupling is

small.

∆Neff ∼ 0.03 − 0.05: A detection of ∆Neff in this window would give a strong hint that

the axion couples to at least one of the heavy quarks. In particular, assuming that we know

g∗s(TD) with enough precision from latest lattice simulations [322] then in a given model where

all the PQ charges are fixed, e.g. DFSZ, the detection in XENON1T would tell us the value of

fa and, consequently, there would be a sharp prediction for ∆Neff . Therefore, in principle one

would be able to test if the ratio of PQ charges cψ/ce is indeed the predicted one.

∆Neff & 0.05: In this case axion production could come from different sources: either from

the τ with a small fa or from axion coupling to charm or bottom at temperatures below 1 GeV.

In the latter case a reliable calculation of axion production close to the QCD phase transition

would be needed.

Through this chapter we have indeed checked that the axion, outstanding candidate for

BSM physics, can be looked for through a complementary probe to the usual experiments

seeking its detection. Indeed, hot axions can be produced from scatterings or decays of thermal

bath particles in the early Universe, and they remain relativistic subsequently until the time of

matter/radiation equality and recombination; this is true as long as ma � O (0.1) eV, as we

consider in this chapter by neglecting the axion mass. They would manifest themselves in the

CMB anisotropy spectrum as an additional radiation component, parameterized as the number

of additional effective neutrinos ∆Neff .

In the previous pages, we studied axions couplings to heavy quarks and we provided rig-

orous predictions for ∆Neff . We considered flavour conserving couplings, in which case pro-

duction is controlled by binary collisions, and we also considered flavour violating couplings
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leading to axion production via two-body decays. We computed scattering cross sections and

decay widths, and we obtained predictions for ∆Neff after solving numerically the Boltzmann

equation tracking the axion number density, with smooth predictions across the EWPT.

We studied both the model-independent contribution based on switching on an effective

operator at a time as well as specific UV complete models. We found parameter space regions

for all cases, typically with PQ breaking scale in the range fa ∼ (109 − 1010) GeV for order one

couplings to fermions, where the predicted signal is comparable to the forecasted 1σ sensitivity

of CMB S4 experiments, and it could be detectable by more futuristic experiments.

Additionally, we point out two complementary signals. The values of the PQ breaking

scale leading to an observable effect on ∆Neff is consistent with axion cold dark matter. Fur-

thermore, if there is no substantial hierarchy between the dimensionless axion couplings con-

sidered in this work and the associated one to photons then future helioscopes are also able to

probe this parameter space region. The complementarity of these possible signals makes for a

quite fascinating probe into the nature of the axion itself.

Finally, we explored correlated signals of the XENON1T excess in cosmological data, by

studying the sizeable contribution to ∆Neff from quarks and leptons. We presented three

different motivated setups where such couplings would exist: i) if the axion couples demo-

cratically to all fermions in the UV (Fig. 6.9); ii) if the axion-electron coupling compatible with

XENON1T is radiatively induced from an axion-(τ, c, b, t) coupling (Fig. 6.10); iii) the DFSZ

model of the QCD axion (Fig. 6.11). The largest signal comes from case ii) when the axion

couples only to the τ in the UV. In such a case we find in the XENON1T region f/cτ ∼ 103

GeV and ∆Neff ' 0.3, which interestingly coincides with the recent CMB analyses including

supernova data [318, 319]. In the remaining cases the values of f/cψ in the XENON1T region

are considerably higher, up to f/cψ ∼ 108 GeV, and the signal is predicted to be ∆Neff & 0.04,

which can still be detected at the 2σ level with future CMB-S4 experiments [236].

In all such cases the XENON1T range leads to the possibility of testing axion physics

through cosmological data in the coming years, and would allow us to experimentally test

the Universe at temperatures of T ≈ 1 − 10 GeV. This would be a remarkable improvement

over our current ability to look at the earliest stage of the universe, going by 3 or 4 orders of

magnitude above the present highest experimentally accessible temperature, T ≈MeV, given

by nucleosynthesis.
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Next-generation detectors such as XENONnT and others [323, 324] will be able to discrim-

inate with high significance between the different interpretations for the excess in the number

of electron recoil events at XENON1T. The solar axion interpretation still has to overcome the

challenge of being compatible with stellar cooling results but, if it remains firm, it will open a

whole new axion window to the universe.



Conclusions

In this thesis we have explored some of the phenomenological and cosmological implica-

tions of axions and majorons in the context of two open problems of the SM, namely the Strong

CP Problem and the flavour puzzle. Both of the original models presented here, in Chapters 4

and 5 respectively, are connected to the Minimal Flavour Violation scenario that protects them

from the danger that flavour models usually suffer: the BSM flavour problem. In Chapter 6,

on the other hand, we do not present a particular model, but focus our attention on the cosmo-

logical observable ∆Neff , the change in the effective number of neutrinos with respect to the

prediction by the SM, and how it can be affected by a population of hot axions produced in the

early Universe.

The Strong CP Problem and Quark and Charged Lepton Flavour: The first model here dis-

played, the Minimal Flavour Violating axion, is a proposal that considers the possibility of

finding a natural origin to the PQ symmetry within the MFV symmetry group GF , without the

need to add it ad-hoc. Indeed, it can be seen that within the Abelian subgroup of GF , a PQ

symmetry can be identified, together with BN, LN, hypercharge and an arbitrary rotation of

the RH charged leptons, with all these symmetries being linearly independent.

After checking that a PQ symmetry appears naturally in MFV, we introduced a new scalar,

the flavon, that breaks it spontaneously. This field is introduced in certain powers within the

Yukawa Lagrangian, following the philosophy of Froggatt-Nielsen models, depending on the

fermion charges under U(1)PQ, which are the same for the three generations but different for

up quarks, down quarks and charged leptons. This automatically implies that the axion, NGB

of the PQ symmetry and pseudo-scalar part of the flavon, develops flavour conserving non-

universal couplings to the SM fermions, suppressed by its decay constant fa as usual.

131
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The flavon VEV not only gives rise to the axion but, thanks to the choice of charges made

in the model, also explain the mass ratio between the third-generation fermions: top, bottom

and tau. The inter-generational hierarchies are reproduced by the background values of the

Yukawas, spurions under the non-Abelian parts of GF , as done usually in MFV.

After providing an overview of the current bounds set on the different couplings of the

axion to fermions and gauge bosons, we found that, when treated as a light QCD axion, our

Minimal Flavour Violating Axion behaves as the well-known invisible KSVZ and DFSZ axions:

the strongest bounds on our axion come from its couplings to electrons and photons, pushing

its decay constant fa to be roughly above 109 GeV.

On the other side if, instead, we consider we are dealing with an ALP, the relation between

its characteristic scale fa and its mass is broken, a heavier MFVA(LP) is possible, together with

low fa. When this scenario is confronted with existing bounds, we find that now the most

interesting phenomenology is expected at colliders and flavour searches, with possible decays

of this ALP happening within detectors for masses around the GeV.

Despite this model presenting an axion with flavour properties, it is clearly distinct from

its siblings, the Flaxion or Axiflavon models: in that scenario, the axion produced has couplings

to fermions that are flavour-violating, thus existing FCNCs at tree level. As a consequence,

these models must satisfy the very stringent bounds set on meson decays, mainly K and B

decays, which push the scale to be order 1010 GeV even if a heavy mass is considered.

All in all, the MFVA appears as a protected, invisible, flavoured QCD axion, or a heavy

flavoured ALP, that not only solves the Strong CP Problem but also explains the top, bottom

and tau masses. However, this model disregards completely neutrino masses, which ties in

with the next model here presented.

More flavour with a touch of cosmology; neutrino masses and the Hubble tension: An

unsatisfied reader may find some solace in the second model contained in this thesis. Whereas

the MFVA dealt with quark and charged leptons, in Chapter 5 we presented a Majoron model

that, not only explains the smallness of neutrino masses, but also alleviates the Hubble tension

while being compatible with the MFVA.

In this new model, spurred by the proposal that light pseudoscalars can help reduce the

existing tension between early and late measurements of the Hubble parameter, we studied the
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possibility of a Majoron, ω that explains the small scale of neutrino masses with the appropriate

mass mω and coupling to neutrinos λωνν to help with the cosmological discrepancy. Extending

the SM particle spectrum with 3 RH neutrinos and a new complex scalar χ, with LN −LN

and Lχ respectively, a Dirac and Majorana mass term can be written for neutrinos and made

invariant under LN with the appropriate insertions of χ over a cut-off scale Λχ.

After considering the constraints set by the see-saw approximation, locality, the masses

of light neutrinos and the required λωνν , we could identify three interesting scenarios. One of

them, renormalizable, is however disregarded as it would imply a huge fine tuning in the neu-

trino Yukawas, against the naturalness followed in this thesis for dimensionless parameters.

The two remaining scenarios, NR1 and NR2, are able to accommodate small neutrino

masses without tuning the Yukawas, thanks to powers of the VEV of χ over Λχ appearing in

the expression for neutrino masses. These two scenarios lead to a Majoron that easily escapes

the bounds coming from its coupling to electrons (at one loop), photons (at two loops) and

from neutrinoless double-beta decay, while providing interesting phenomenology through the

heavy neutrinos and the radial part of χ, σ.

The new scalar σ mixes with the Higgs boson, which implies first that it must satisfy

the current limits on a scalar mixing. Additionally, through the kinetic term for χ, it also has

a coupling to two Majorons, which can therefore lead to a Higgs invisible decay h → ωω,

meaning that limits on the Higgs invisible decay width also must be respected. While one

could expect that these constraints would push the new scalar to be super heavy, it is found

instead that, without tuning its coupling to the Higgs to zero, it can have masses as low as tens

of TeV, being a very exciting candidate to be discovered at future colliders.

On the other hand, the heavy neutrinos present in this model actually are not that heavy:

in the case NR1 they are in the MeV to hundreds of MeV range, whereas in scenario NR2 go

from tens to almost a several hundreds of GeV. These relatively light masses imply that NR1

heavy neutrinos could be produce at beam dump experiments or detected in near detectors,

like DUNE or SHiP, while NR2 heavy neutrinos have masses accessible at LHC or future col-

liders.

On the contrary, these heavy neutrinos may be too long-lived, so that their decay can

lead to a exceedingly high number of relativistic degrees of freedom. In particular, if they

decay after BBN, they must satisfy a bound on the light-heavy neutrino mixing angle, which
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is strong enough to rule out some scenarios. Indeed, for the parameters of case NR1, heavy

neutrino decay happens close or later than BBN, being disfavoured unless in some part of the

parameter space the decay is found to happen before BBN or we consider modifications to the

cosmological model. NR2 neutrinos, however, decay before BBN so they stay safe from this

bound.

Finally, one must note that this Majoron mechanism, to address light neutrino masses

and the Hubble tension, is fairly general and, in particular, is perfectly compatible with MFV.

Apart from a PQ symmetry, LN also arises as an Abelian part of the whole flavour symmetry

group, which can be imposed on the Lagrangian and then broken spontaneously to generate

light neutrino masses. Consequently, both the MFVA and the Majoron models can coexist in

our Universe, with very rich phenomenology associated to each of them.

Another possible hot relic: thermal axions: As we saw in Chapter 5, extra degrees of free-

dom can be helpful, as the Majoron for the Hubble tension, or dangerous, as the too long-lived

NR1 scenario heavy neutrinos. In the last part of this thesis, Chapter 6, we harnessed the power

of this observable, ∆Neff , and checked the possibility for it to be an additional probe for axion

searches.

In this chapter we performed a smooth treatment across the EWPT of the effect hot axions

produced in the early Universe can have on ∆Neff . Considering both flavour-conserving scat-

terings and flavour-violating quark decays, and focussing on the third generation of quarks,

we listed all processes that are relevant for axion production both above and below EWSB and

matched them, as a consistency check.

With the recipe for axion production in hand, we solved the Boltzmann equation in order

to find the asymptotic axion abundance, that can be translated into ∆Neff , as a function of

its scale fa. We performed this analysis first in a model-independent way, considering only

one axion coupling at a time, and then three specific models: the DFSZ, KSVZ and MFVA

frameworks.

We found that, for axions coupling to the top quark as can be the case of the DFSZ model,

a signal detectable at the 1σ level by the CMB-S4 experiment is expected for axion scales up to

around 109 GeV. In the case where the axion does not couple to the top, but it does to bottom

quark or at least to gluons, a signal close to the 2σ level is expected around fa ∼ 108 GeV. This

region is still not excluded by CAST, by is within the range expected to be probed by IAXO
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in the three models discussed. Interestingly enough, in the window fa ∼ 109 − 1010 GeV the

1σ signal of hot axions could also coexist with cold DM axions produced through the decay of

topological defects, while perhaps being also detectable by future helioscopes, allowing maybe

to unravel the nature of the axion if it were to be measured.

Finally, in the last part of this chapter we studied the complementarity of this cosmo-

logical probe which is ∆Neff and the recent excess observed by the XENON1T collaboration,

compatible with solar axions. In this final part we computed the expected ∆Neff from hot

axions in three scenarios: one where the axion couples democratically, with the same strength,

to all fermions in the UV; another where it couples only to one fermion in the UV while the

axion-electron coupling required by the excess is generated radiatively; and finally, the DFSZ

model as example of a QCD axion.

In all cases, the window preferred by the XENON1T excess for fa corresponds to at least

∆Neff ∼ 0.04, close to the 2σ level detection from CMB-S4. But in the case where the axion

couples only to tau leptons at tree level the result is much larger: ∆Neff ' 0.3 is obtained in

this case, a value that interestingly coincides with the recent CMB analyses including super-

nova data.

What now? The puzzle is far from complete: In this thesis we have focused our attention

in one possible new piece for the HEP puzzle, axions and Majorons as example of NGBs, very

well motivated for many reasons. With them, we have been able to address a good part of the

flavour puzzle, the Strong CP problem and even some cosmological anomalies, finding in the

way very interesting phenomenological signatures.

However, this does not mean by far that everything is finished: axion models still present

issues, like the quality problem and domain walls; the masses for these NGBs must have spe-

cific values in some cases, where gravity can perhaps ruin or save everything. Additionally,

there are still other problems we have not addressed, like the hierarchy problem, that are ex-

tremely intriguing and satisfying to work on.

There are indeed many other pieces beyond NGBs that one could explore to solve these

riddles, trying to get a full and perfect image with the HEP puzzle. However, one may wonder

if we are not too restricted by our usual view of things: though toying with this puzzle is deeply

fascinating, perhaps we are losing something and we should stop looking for new pieces and,

instead, try to look at the picture from a different perspective. Maybe the puzzle was not a flat
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static image as we always supposed, maybe it spans directions yet to explore. Let us continue

striving and keep playing with the puzzle, always with an open mind!



Conclusiones

En esta tesis hemos explorado algunas de las implicaciones cosmológicas y fenomenológicas

de axiones y majorones en el contexto de dos problemas abiertos del Modelo Estándar, a saber,

el Problema de CP Fuerte y el puzle del sabor. Los dos modelos presentados, en los Capı́tulos 4

y 5 respectivamente, están conectados con el argumento de la Violación Mı́nima de Sabor (MFV

por sus siglas en inglés) que los protege del peligro al que están sujetos tı́picamente los modelos

de sabor: el problema del sabor más allá del Modelo Estándar. En el Capı́tulo 6, por otro lado,

no presentamos un modelo en particular, sino que centramos nuestra atención en el observ-

able cosmológico ∆Neff , el incremento en el número efectivo de neutrinos con respecto a lo

predicho por el Modelo Estándar, y cómo puede verse afectado por una población de axiones

calientes producidos en el Universo primigenio.

El Problema de CP Fuerte y el Sabor de Quarks y Leptones Cargados: El primer modelo

aquı́ dispuesto, el Axión con Violación Mı́nima de Sabor (MFVA), es una propuesta que con-

sidera la posibilidad de encontrar un origen natural a la simetrı́a de Peccei-Quinn (PQ) en el in-

terior del grupo de simetrı́as de MFV GF , sin la necesidad de añadirla a mano. En efecto, puede

comprobarse que dentro del subgrupo Abeliano de GF , una simetrı́a PQ puede ser definida,

junto con Número Bariónico (BN), Número Leptónico (LN), hipercarga y una rotación arbi-

traria de los leptones cargados dextrógiros, siendo todas estas simetrı́as linealmente indepen-

dientes.

Tras comprobar que una simetrı́a PQ aparece naturalmente en MFV, introdujimos un

nuevo escalar, el flavón, que la rompe espontáneamente. Este campo se introduce en ciertas po-

tencias en la Lagrangiana de Yukawa, siguiendo la filosofı́a de los modelos Froggatt-Nielsen,

con una dependencia de las cargas bajo U(1)PQ de los fermiones, las cuales son iguales para

las tres generaciones pero distintas para quarks arriba, quarks abajo y leptones cargados. Esto

137
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implica automáticamente que el axion, Bosón de Nambu-Goldstone (NGB) de la simetrı́a PQ y

parte pseudo-escalar del flavón, desarrolla acoplamientos a los fermiones del Modelo Estándar

que conservan el sabor pero son no-universales, suprimidos como es usual por su constante

de decaimiento fa.

El valor esperado de vacı́o (VEV) del flavón no sólo da lugar al axión sino que, gracias a

la elección de cargas realizada en el modelo, también explica el cociente entre las masas de los

fermiones de la tercera generación: cima, fondo y tau. Las jerarquı́as inter-generacionales son

reproducidas por los background values de los Yukawas, espuriones bajo las partes no-Abelianas

de GF , como es usual en MFV.

Tras proporcionar un repaso de los lı́mites actuales existentes para los distintos acoplo del

axión a fermiones y bosones de gauge, encontramos que, cuando es tratado como un axión

de QCD, nuestro MFVA se comporta como los conocidos KSVZ y DFSZ axiones invisibles: los

lı́mites más fuertes sobre nuestro axión provienen de sus acoplamientos a electrones y fotones,

llevando su constante de decaimiento fa a estar por encima de 109 GeV.

Por otra parte si, en su lugar, consideramos que estamos tratando con una partı́cula-

tipo-axión (ALP), la relación entre su escala caracterı́stica fa y su masa se rompe, siendo un

MFVA(LP) posible junto con una baja fa. Cuando esta perspectiva es enfrentada a los lı́mites

existentes, encontramos que la fenomenologı́a más interesante se espera en colisionadores y

experimentos de sabor, con la posibilidad de un decaimiento de este ALP sucediendo dentro

de los detectores para masas alrededor del GeV.

A pesar de que este modelo presenta un axión con propiedades de sabor, es claramente

diferente de sus congéneres, los modelos de Flaxion o Axiflavon: en estos casos, el axión pro-

ducido tiene acoplamientos a los fermiones que violan sabor, existiendo por tanto corrientes

neutras que cambian sabor (FCNC) a nivel de árbol. Consecuentemente, estos modelos deben

satisfacer los severos lı́mites puestos en decaimiento de mesones, principalmente decaimientos

de K y B, que llevan la escala a valores por encima de 1010 GeV incluso considerando masas

pesadas.

Considerándolo todo, el MFVA aparece como un axión de QCD protegido, invisible y

sápido, o bien como un ALP pesado con sabor, que no sólo resuelve el problema de CP fuerte

sino también explica las masas del quark cima y fondo y del leptón tau. Sin embargo, este
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modelo ignora por completo las masas de los neutrinos, algo que nos lleva al siguiente modelo

presentado aquı́.

Más sabor con un toque de cosmologı́a; masas de neutrinos y la tensión de Hubble: Al-

guien insatisfecho leyendo esta tesis puede quizá encontrar algo de solaz en el segundo modelo

contenido en esta tesis. Mientras que el MFVA lidiaba con quarks y leptones, en el Capı́tulo 5

presentamos un modelo de Majoron que, no sólo explica la pequeñez de las masas de los neu-

trinos, sino que también alivia la tensión de Hubble siendo compatible con el MFVA al mismo

tiempo.

En este nuevo modelo, motivados por la propuesta de que pseudo-escalares ligeros pueden

ayudar a reducir la tensión existente entre medidas del parámetro de Hubble en el Universo

reciente y el primigenio, estudiamos la posibilidad de que un Majoron, ω, explique la baja es-

cala de la masa de los neutrinos con una masa mω y acoplamiento a neutrinos λωνν apropiados

para ayudar con la discrepancia cosmológica. Extendiendo el espectro de partı́culas del Mod-

elo Estándar con 3 neutrinos dextrógiros y un nuevo escalar complejo χ, con LN −LN y Lχ

respectivamente, podemos escribir términos de masa de Majorana y Dirac para los neutrinos,

además de hacerlos invariantes bajo LN con las inserciones apropiadas de χ dividido por la

escala de corte Λχ.

Tras considerar la restricción que supone la aproximación del “mecanismo de balancı́n”,

localidad, las masas de los neutrinos ligeros y el valor requerido de λωνν , pudimos identificar

tres casos interesantes. Uno de ellos, renormalizable, es ignorado puesto que implicarı́a un

valor extremadamente pequeño para los Yukawas de los neutrinos, en contra de la naturalidad

perseguida en esta tesis para los parámetros adimensionales.

Los dos casos restantes, NR1 y NR2, pueden explicar las pequeñas masas de los neutrinos

sin Yukawas ı́nfimos, gracias a potencias del VEV de χ dividido por Λχ que aparecen en la

expresión de las masas de los neutrinos. Estos dos escenarios conllevan un Majoron que escapa

fácilmente de los lı́mites existentes en su acoplamiento a electrones (a un lazo), fotones (a dos

lazos) y en el decaimiento doble-beta sin neutrinos, ofreciendo además una fenomenologı́a

interesante a través de los neutrinos pesados y la parte radial de χ, σ.

El nuevo escalar σ se mezcla con el bosón de Higgs, lo que implica primero que debe

respetar los lı́mites establecidos para la mezcla de escalares. Adicionalmente, a través del
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término cinético de χ, también presenta un acoplamiento a dos Majorones, que puede por con-

siguiente llevar a un decaimiento invisible del Higgs h→ ωω, implicando que debe satisfacerse

también el lı́mite de la anchura de desintegración invisible del Higgs. Aunque uno podrı́a es-

perar que estas restricciones lleven la masa del escalar a ser muy pesada, encontramos que en

su lugar, sin fijar su acoplamiento con el Higgs a cero, puede tener masas bajas hasta incluso

decenas de TeVs, suponiendo un candidato muy emocionante para descubrimiento en futuros

aceleradores.

Por otro lado, los neutrinos pesados presentes en este modelo no son de hecho tan pesa-

dos: en el caso NR1 están entre los MeV y las centenas de MeV, mientras que los del escenario

NR2 van desde las decenas hasta varias centenas de GeV. Estas masas relativamente ligeras

implican que los neutrinos de NR1 podrı́an producirse en experimentos de beam dump o obser-

vados en detectores cercanos, como DUNE o SHiP, mientras que los neutrinos de NR2 tienen

masas accesibles en el LHC o futuros colisionadores.

Opuestamente, estos neutrinos pueden ser demasiado longevos, de modo que su de-

caimiento pueda dar lugar a un número inaceptablemente alto de grados de libertad relativis-

tas. En particular, si decaen después de la nucleosı́ntesis del Big Bang (BBN), deben respetar

un lı́mite en la mezcla de neutrinos ligeros y pesados, lo suficientemente restrictiva como para

excluir algunos casos. En efecto, para los parámetros del caso NR1, los neutrinos pesados de-

caen alrededor o después de BBN, estando desfavorecido este caso a no ser que en alguna parte

del espacio de parámetros el decaimiento suceda antes de BBN o consideremos modificaciones

al modelo cosmológico. Los neutrinos de NR2, sin embargo, decaen antes de BBN por lo que

están a salvo de este lı́mite.

Finalmente, uno debe ser consciente de que este mecanismo de Majoron, que explica las

masas de los neutrinos ligeros y mejora la tensión de Hubble, es bastante general y, en particu-

lar, perfectamente compatible con MFV. Además de la simetrı́a de PQ, LN también aparece en

la parte Abeliana del grupo de simetrı́a, de modo que puede ser considerada una simetrı́a de la

Lagrangiana y, posteriormente, rota espontáneamente para generar las masas de los neutrinos.

Como consecuencia, tanto el MFVA como este modelo de Majoron pueden coexistir en nuestro

Universo, con una rica fenomenologı́a asociada a cada uno de ellos.

Otra posible reliquia caliente: axiones térmicos: Tal y como vimos en el Capı́tulo 5, grados

de libertad relativista extra pueden ser de ayuda, como el Majoron para la tensión de Hubble,



Conclusiones 141

o peligrosos, como los longevos neutrinos pesados de NR1. En la última parte de esta tesis,

Capı́tulo 6, aprovechamos el potencial de este observable, ∆Neff , y comprobamos la posibili-

dad de que suponga una sonda adicional con la que buscar axiones.

En este capı́tulo realizamos un tratamiento continuo y fluido a través de la transición de

fase electrodébil (EWPT) del efecto que axiones calientes producidos en el Universo primige-

nio pueden tener en ∆Neff . Considerando acoplamientos que conservan sabor en colisiones

de quarks, ası́ como otros que lo violan en sus decaimientos, y centrándonos en la tercera gen-

eración de quarks, listamos todos los procesos relevantes para la producción de axiones, tanto

por encima como por debajo de la EWPT, igualándolos en el punto de EWSB como prueba de

consistencia.

Con la receta para la producción de axiones en mano, resolvimos la ecuación de Boltz-

mann para encontrar la abundancia asintótica de axiones, que puede traducirse en ∆Neff ,

como función de su escala fa. Realizamos primero un análisis independiente de modelos, con-

siderando sólo un acoplamiento cada vez, seguido de un estudio del impacto de tres modelos

concretos: los marcos DFSZ, KSVZ y MFVA.

Encontramos que, para axiones que se acoplan al quark cima como puede ser el caso del

modelo DFSZ, se espera una señal detectable al nivel de 1σ por el experimento CMB-S4 para

escalas hasta aproximadamente 109 GeV. En el caso de que no se acople al quark cima, pero

sı́ al fondo o al menos a gluones, una señal cerca de 2σ se espera en torno a fa ∼ 108 GeV. En

los tres modelos discutidos, esta región, aún no excluida por CAST, está dentro del rango que

se espera explorar con IAXO. Es además llamativo que, en la ventana fa ∼ 109 − 1010 GeV

the 1σ la señal a 1σ de axiones calientes puede coexistir también con axiones frı́os que sean

Materia Oscura producidos por la desintegración de defectos topológicos, siendo detectables

quizás por futuros helioscopios, permitiendo tal vez desentrañar la naturaleza del axión de ser

medido.

Finalmente, en la última parte de este capı́tulo, estudiamos la complementariedad de

esta sonda cosmológica que es ∆Neff y el exceso recientemente observado por la colaboración

XENON1T, compatible con axiones solares. En esta parte final obtuvimos el ∆Neff esperado

de axiones calientes en tres escenarios: uno donde el axión se acopla democráticamente, con

la misma intensidad, a todos los fermiones a altas energı́as; otro donde sólo se acopla a un

fermión a altas escalas mientras que se induce radiativamente el acoplamiento al electrón re-

querido por el exceso; y finalmente, el modelo DFSZ como ejemplo de axión de QCD.
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En todos los casos, la ventana preferida por el exceso de XENON1T para fa corresponde

con al menos ∆Neff ∼ 0.04, cerca de una detección por CMB-S4 a 2σ. Pero, en el caso en que

el axión sólo se acopla al leptón tau a nivel de árbol el resultado es mucho mayor: obtenemos

∆Neff ' 0.3 en este caso, un valor que curiosamente coincide con los análisis recientes del

CMB que incluyen datos de supernova.

¿Ahora qué? El puzle está lejos de ser completo: En esta tesis hemos focalizado nuestra

atención en una posible nueva pieza para el puzle de la Fı́sica de Altas Energı́as, axiones y

Majorones como ejemplos de bosones de Nambu-Goldstone, altamente motivados por muchos

motivos. Con ellos, hemos conseguido además lidiar con buena parte del puzle del sabor, el

Problema de CP Fuerte e incluso algunas anomalı́as cosmológicas, encontrando por el camino

señales fenomenológicas muy interesantes.

Sin embargo, esto no significa ni mucho menos que todo haya terminado: los modelos

de axiones presentan problemas, como le problema de la cualidad y los muros de dominios;

las masas requeridas para estos NGBs deben tener valores muy concretos en algunos casos,

donde gravedad puede quizá arruinarlo o resolverlo todo. Además, hay otros problemas que

no hemos considerado, como el problema de la jerarquı́a, que suponen temas de investigación

muy intrigantes.

Hay, sin lugar a dudas, muchas otras piezas además de los NGBs que uno podrı́a con-

siderar para resolver estos enigmas, intentando obtener una imagen completa y perfecta del

puzzle de la Fı́sica de Altas Energı́as. Sin embargo, uno puede preguntarse si no estamos tal

vez muy limitados por nuestra visión usual de las cosas: aunque jugar con este puzle es pro-

fundamente fascinante, quizá estamos perdiéndonos algo y deberı́amos dejar de buscar piezas

y, tal vez, mirar la imagen desde una perspectiva diferente. Tal vez el puzle no es la ima-

gen plana y estática que siempre supusimos, quizá se extienda en direcciones aún incógnitas.

Continuemos esforzándonos y jugando con el puzle, ¡siempre con una mente abierta!



Appendix A

Operator basis for axion couplings to

quarks

In this appendix, we define the field basis for SM quarks that we employ in our analysis

in Chapter 6. The part of the SM Lagrangian needed for this discussion is the one containing

Yukawa interactions. Focusing on quarks, the most generic set of Yukawa terms reads

−LY = q′′L H̃ Y u u′′R + q′′LH Y d d′′R + h.c. . (A.1)

The fields appearing in the operators above are: SU(2)L quark doublets q′′L, SU(2)L quark

singlets u′′R and d′′R and the SU(2)L Higgs doublet field H . Moreover, we define H̃ ≡ iσ2(H†)T

and Y u,d are generic 3 × 3 diagonalizable matrices in flavor space. We save the symbol of

unprimed fields for quark mass eigenstates defined later.

We diagonalize the Yukawa matrices by performing bi-unitary transformations

Y u = UuL
† Ŷ u UuR , Y d = UdL

†
Ŷ d UdR , (A.2)

where the U matrices are unitary and the hatted quantities are diagonal in flavor space. We

introduce a new set of prime fields defined as follows

q′′L = UuL
† q′L , u′′R = UuR

† u′R , d′′R = UdR
†
d′R , (A.3)
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The Yukawa Lagrangian in the new basis reads

−LY = q′L H̃ Ŷ u u′R + q′LH VCKM Ŷ d d′R + h.c. , (A.4)

with VCKM ≡ UuL U
d
L
† the CKM matrix. In our study, we always specify axion couplings in the

primed field basis for quarks with Yukawa interactions as in Eq. (A.4).

Finally, we identify the quark mass eigenstates, which we denote with unprimed fields,

and their relation to the primed fields. First, we identify the components of the quark dou-

blet q′L = (u′L d′L). Once the Higgs gets a vacuum expectation value (vev), we identify mass

eigenstates by redefining the left-handed down quarks

u′L = uL , d′L = VCKM dL , u′R = uR , d′R = dR , (A.5)

Flavor eigenstates u′i coincide with the mass eigenstates ui, and the b′ quark, the only down-

quark we are interested in, almost coincides with the b quark up to CKM corrections of order

O(0.05). In contrast to gauge interactions in the primed basis, which are still flavor diagonal,

the CKM matrix appears in the fermion charged current once we switch to mass eigenstates

J−µ = uL γµ VCKM dL . (A.6)



Appendix B

Cross sections below the EWPT

We provide analytical cross sections for the processes listed in Tab. 6.2, and we begin with

the first block where the two particles in the initial state are fermions. A quark can find its own

antiparticle and annihilate to final states containing one axion particle. If the final state is the

gluon we have quark-antiquark annihilations to gluon and axion with a cross section

σqq̄→ga =
c2
qg

2
sm

2
q

9πf2
a

(
s− 4m2
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) tanh−1
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where gs is the strong coupling constant and s is the usual Mandelstam variable denoting the

(squared of the) energy in the center of mass frame. Here and below, we denote with the letter

q = {t, b} a generic third generation quark when it is possible to provide a single expression

valid for both cases. If the other SM particle in the final state is the Higgs boson we have

σ↓qq̄→ha =
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2
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where the symbol “↓” indicates that cross sections are calculated below the EWPT. Likewise,

quarks can annihilate with their own antiquarks leading to an axion final state together with

the Z boson with cross sections

σtt̄→Za =
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σbb̄→Za =
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Finally, to complete the first block of the table, we can have a top quark and a bottom antiquark

as well as the CP conjugate system annihilating to a final state with an axion and a W boson

with cross section

σtb̄→W+a =
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We switch to the second block of Tab. 6.2 and we consider when there is just one fermion

in the initial and final states. For a gluon in the initial state we find

σqg→qa =
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For quark/Higgs boson scattering we have
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whereas for the case of a Z boson we find
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Finally, if the initial state quark annihilate with a W boson we have the cross sections
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Appendix C

Approaching the QCDPT

Ideally, we should integrate the Boltzmann equation tracking the axion number density

all the way down to very low temperatures in order to predict ∆Neff . We have seen why this

is not necessary because the axion comoving density reaches an asymptotic value once SM

quarks participating in the production start feeling the Maxwell-Boltzmann suppression. So it

is enough to stop our Boltzmann equation integration at some IR temperature cutoff that we

denote TSTOP.

The value of the needed TSTOP could be dangerous if it is too low. Our analysis is based on

perturbative calculations for scattering cross sections and on treating the primordial bath as a

gas of weakly-coupled quarks and gluons in thermal equilibrium. This setup is certainly valid

at high temperatures around the EWPT, and it loses its validity as we approach the QCDPT. In

this appendix, we investigate how robust is our predictions for ∆Neff considering this poten-

tial issue.

FIGURE C.1: Sensitivity of the ∆Neff prediction on the lowest temperature TSTOP reached by
our Boltzmann equation integration. We choose values of TSTOP close to the QCDPT, and we

show results for production via top (left panel) and bottom (right panel) scattering.
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We show in Fig. C.1 the prediction for ∆Neff as a function of fa for axion production

via top quark (left panel) and bottom quark (right panel) scatterings. In each panel, we report

our prediction for the different values TSTOP = {1, 2, 3} GeV close to the QCDPT. The result

for the top is absolutely stable, and this is not surprising since the top mass is much larger

than the typical temperatures around the QCDPT. On the contrary, production via bottom

scattering presents some dependence on this temperature and decreasing it leads to slightly

higher ∆Neff . However, such a dependence on TSTOP is noticeable mostly in the region of

very low PQ breaking scales ruled out by experiments. Thus, our results are robust. And, in

any case, they could be interpreted as a lower bound on the expected effect on ∆Neff that still

ensures perturbativity in the computations.



Appendix D

RGE of axion couplings

As already emphasized in Sec. (6.2.1), the effective axion couplings to SM fermions in

Eq. (6.39) are originated at the PQ breaking scale f and at lower energies there are only SM

fields and the axion itself. This working assumption allows us to evolve the dimensionless

Wilson coefficients cψ at lower energy scales by only using known SM interactions. We neglect

flavor violating effects and neutrino masses, and the detailed RGE can be found in Refs. [325,

326] where anomalous dimension matrices are derived both above and below the EWPT. We

do not consider the RGE of SM couplings and we limit ourselves to the results of a fixed-order

calculation. The expressions for the low-energy couplings can be written in terms of simple

analytical expressions [197, 327, 328], and at a generic renormalization scale µ < f they read

cψ(µ) = cψ(f)− T (3)
ψ × ∑

mψ′<µ

c′ψ(f)
N
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ψ′ T

(3)
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2
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2
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2π2
ln
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f

mψ′
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(D.1)

Here, T (3)
ψ = (+1/2,−1/2) is the value of the third component of the weak-isospin for the

fermion ψ, that also has a Yukawa coupling λψ and number of colors N (c)
ψ . The first sum

runs over SM fermions with mass below the renormalization scale µ, and thus over degrees of

freedom still accessible, whereas the second sum runs over SM fermions heavier than µ that

have been integrated out.
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In order to address the XENON1T excess, we need a significant low-energy coupling to

electrons and its explicit expression in terms of UV couplings results in

ce = ce(f) +
∑
ψ′

c′ψ(f)
N

(c)
ψ′ T

(3)
ψ′ λ

2
ψ′

4π2
ln

(
f

mψ′

)
, (D.2)

with the sum over all SM fermions coupled to the axion.
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gusta. El que avisa no es traidor, ası́ que permitidme vaciarme emocionalmente, va a aparecer

aquı́ hasta el apuntador.
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Agradecimientos 154

Rebeca, Marga y todos los demás. Gracias por no quedaros de brazos cruzados ante las injus-
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de máster que simplemente estuviesen allı́. Andrea, Héctor, Ana, Fabio, Íker, Manu, John y,
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sólo para sumar, dar cariño y apoyo. Gracias a ambos por ser tan maravillosos y por hacer

tan felices a mis seres queridos. Pero necesito dedicar unas palabras especiales a vosotros tres,
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